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xiflem; tempore tali, quando Auftria, 
vindemia copiofa,necminus generoifa 
collecta, plurimis onerarijs adverfo 
Danubio niiffis, opes fuas Norico no- 
ftro dividebat, Jitusq; omne Lincia- 
num vafis vinarijs tolerabili precio ve- 
nalibus obftrudum vifebatur : conve- 
niens erat officio mariti, boniq; patris 
familias,' ut domui mea^ de neceflario 
potu profpicerem. Dolijs igitur ali- 
quot domum illatis &c conditis, poft 
dies quatuor venit venditor cum vir- 
ga menforia, qua vna & eadeirl cados 
promifcue omnes exploravit fme diC 
crimine, fme refpectu figur^e;, fine ra- 
tiocinatione velcalculo. Demiflaenim 
acie virgse aenea in orificium infufo- 
rium pleni cadi tranfverfmi ad caicem 
vtriusque orbis lignei, quos fundos 
vernacjLilo vfu diditamus, poftquam 
vtrinq; sequalis apparuit hxc longitu- 
do a ventris fummo ad vtriusq; circu- 
laris Tabul^e imum : de nota numeri , 
quse erat imprefla virgse eo loco, quo 
definebat hsec longitudo, pronuncia vit 



nume- 
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numeriim anipliorarum, quoscaperet 
cadus : fecundum quem numerum ratid 
fuitinitaprecij. 

Mirariego, fi tranfverlajlinea per 
corpus dimidij cadi ducta argumen- 
'tum efle poilet capacitatis; dubitare 
etiamde fide huius dimenfionis; cum 
cadus inter binos orbes brevifsimus, 
tantummodoorbibus paulo latioribus, 
eoq; perexiguae capacitatis , pofsit ha- 
bere eandem longitudinem ab infufo^ 
rio, adorbis alterutrius imum. Subijt 
memoriam laboriofadimenfioad Rhe- 
num vfitata: vbi aut cados implent, & 
per fmgulas Uquoris amphoras nume- 
jrando tranfeunt, cum faftidiofa tempo- 
ris occupatione,notasq; capacitatis inu- 
runt vafis exploratis : aut etfi virgis 
menforijs vtuntur,vt plurimum tamen 
diametros orbium &: Idngitudinem ta- 
bularum curvatarum metiuntur:easqi 
inter fe multipficant, variasq; cautio- 
nes adhibent, de Orbium inter fe ina^^ 
quahtate, ventris amphtudine, curva-, 
tura tabular um : neq; fibi in vicem latis^ 

A 3 fa- 



faciunt; quin alij alios erroris arguunc 
Cuni igiturdidiciffem , u(iun liunc 
virgx tranfvcrfalis publicahie authori- 
tateftabiUtum, juratam illi menforu 
fidem : vifum eft non inconveniens no- 
vo marito, novum Mathematicorum 
laborum principium , certitudinemhu- 
ius compendiofce, l< ad rem familia- 
rem perneceffari^dimenfionis adleges 
Geometricas explorat e/undamentaq;, 
fi qux effent , in lucem pr oferrc;. 

Cum autem fpeculatio hxc fupe- 
riori triduo jucunda quadam varietate 
fucceffiffet , adeo V t certi qu id p-onun- 
ciari poffet : jamq; ad perfcribendam 6c 
excolendam haric demonftrationem , 
quippe quod jam erat mentecompre- 
henfa, calamum ftringerem : non diu 
mihi qua^rendi erant , quos dedicatio- 
ne,quod priflcipium erat libelli, allo- 
querer; qui ingenij rectitudine demon- 
ftrationum dK^'^^a^ xquarent, pulchritu- 
dinemq; earum fingulari cupiditate 
profequcrentur: talem eniniTe, Illu- 
ftriffime Domine de Liechtenftein,mi- 

hi 
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hi pra:dicavit Medicus tuus D. loannes 
VVodderbornius Scotus, vir Mathe- 
maticis artibus exercitatiflimus , eoq; 
mihi amiciflimus, qui commodum in- 
terveniens, Tuimemoriam mihi prx- 
fentia fua renovavit : Talem etiam te 
Illuftris ScGenerofe L. B. Iorgere, 
longoufu cognituni habebam : quain 
laude itapares eftis; vtinjuriam alteru- 
tri focer e videri poflim,quippe vtriufq; 
cliens ,fi alterum folum nominarem. 

Etquid impediat, quo minus colie- 
gashic vos defignem! quippe in nego- 
cio , ubi non jam nobilitatis , non digni- 
tatis , non virtutum politicarum , non 
ullius rei, quam Mathematicus cerne- 
refoleat; {ed ingenij tantiim, & fl licet 
addere, patrocinij mei aemulatio locuni 
habet. 

NuUa igitur haefitationeufus, ftre- 
nam GG. V V. in fubeuntes lanuarij Ca- 
lendas exfpeculationemea concinnare 
ftatui : qua & de gratitudine in Deum, 
pro acceptis his ali j sq; tranfacti anni be- 
ncficijs,vtrinq; admoneremur, juxtaq; 

Scvos 



5c V05 Patroni ex dedicatione rei gra- 
tx, &: ego author ex lecboribiis 
matoribus inteliigentibus, mutua vo- 
luptate frueremur : utq; hoc Auftrix 
noftra^ decus , Auftriacx potiffimuni 
Nobilitatis Proceres, vinique menfii- 
randi ratio, vinearum latiffimarum 
poiTeHores, quibus vinum ad muni- 
ficentiam ufq; fuppeteret, patronps 
haberet. 

Valete Gen : Proceres , &: fpeculatio- 
nepulcherrima, delicijs veftris confiie- 
tis^animos veftros obledate, Annumq; 
fubeuntem hilares &mad:i bonis omni- 
genistranfigite : meq;utconfueftis,ve- 
ftra gratia porro quoq; profequimini. 
Lincij , X V I. Cal. lan. Anno Chriftia^ 
norum Occidentalium m. d c. x 1 1 1. 

IIP & III'^ GG. VV. . 

Dc^otiJJtmm 

Imp. Caef M A:t t h i ^ 

Eiufq; fidd. Ordd Auftrix f. A. 

MatlieiQaticus 

Joanne» Kepplenis. 
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Stereometria Doliorvm. 

Prxambulum 
DE RATIONE FIGVR^ DOLII VINARII. 



^iiSS^^MNis artiticioia &; c^mpcndiofa dimenfio 
^ rpacij, figuram ctinm ordinaram rcquiiit; nam Vafa nullius 

^ ccrt3E,nullius ordinatiefiffura:, ingciiium refpuunt, foIaiTiqi 



^IS?^^ manum&numerationcs (ucccflivasinfufiliquoriscxpedanc. 
. Vafavinaria, materiae, ftrudLiriE, ufusqj neceiruare figuram circula- 
rem fortita funt , conica: &: cylindficx affincm. H umor enim in vafis triCtal- 
licisdiutiuscontcntus corrumpitur aErugmej^Vitrca 6c tcftacca, nec fup- 
pctunt , ncc tuta (unn Lapidea funt ufu incpta ob pondu!: fupereft igitur , vc 
vinaligneiscxcipiamuscondamiisq}. At rurfumex vnica trabe valanecfa- 
cile, necampia,necinncccflariacopiaparari poflUnr, &fipo{Tcnt, rima^ 
agunt. niultis igiturlignisintcrlccoaflatisdoliaconftruiopcrccr. Ac 
comfflifiurx Iigiiorum nulla roateria, nulb arte muniri contra cffluxu m hu- 
moris pollunt , nifi fola vinculorum conftriftionc. Viticula vero cum fint cx 
xnateriaflcxiii,cxBeta, Qucrcu,aut fimilibus,vrgentc molc folubili re- 
rum, quas cum vioIen,tia quadam conftringunt, fcfe diduntin ambitum 
ommum capaciflimum.Summaigiturrationc Vic^ores redigunturadcir- 
culos ; nc, fi ventcr Cadi vt didum, circularcm aft'e£iac amplitudi- 
nem, ipfi flguram a^iam in oris cxtimis inftitucntes, diftortum &'imbe*' 
cillc Vas cfficiant. Vidcre eft in Lagenij, quibus Italica vina trans Alpes im- 
f onantin Germaniam-,qu2Ecum , vfucxigcnte, comprcflxfigur^ iint, vc 
ad Mulorum latcra appcndi, &:pcranguftias viarum tranfportariinoffcnle 
^poflint: &: nc longius procurrentcs a latcribus Mulorum , cx rationc ftatcra: 
plus gravcntjamcnta,& quaflationcm rcddant vioIentiorem:qua partc func 
complanatioresjilla&imbecilliusimpctumfuftincnt, facileq; dchiicunt» 
Acccdit&: commodirasfigurxcircularis feuCylindraccie,vt quiavina 
plauftris tranlportandaluncpcrtcrramj plurimum vini^ minimumligniha- 
bcant moks.Quo nominc fi Globus cx tabulis ligneis coaflari poflct.globo- 
ia potiflimu vafa futura fuiilcnt. At quia Globus vinculis conftringi nequic, 
pro Globo Cylinder fucccflic, Ncqj tamen is purus putus Cylindcr cfle po- 
tuit:namvinculalaxataftatim fierentinutilia, nccpofl^cntadigi vioientius, 
'nifidolium figura conica amcdio vcntrisvtrinqinonnihilcoardtarctun Eft 
&aptahxct1guraad volvendum indircdum(vndeCylindronomcn) adqj 
'vchenduminplauftris;&gcminata bafi, in quandam fui ipfius fimilitudi- 
ncm,hbrationicommodiirimam,vifufpcciofam, compofita. 

Cum igitut dolia vinaria Girculo Gono & Gyhndro , figuris rcgulari- 
busparticipcnt, aptafunthaftenus ad Gcomctricas dimcnfioncs: quarum 
principiaopcr^ precium cft invcftibulo huius fpcculationis collocare; vc 
illaab Archimedcfuncinvcftigata; quantumquidem huius adoblcaatio- 
ncmanimiGeomctriamamantis iuflScict : ablolutx cnim& omnibusnu- 
mcris pcrfc6lae dcmonftrationes pctendx funt cx ipfis hbcllis Archimc* 
dcis ; fi quis a fpinofa leftionc eorum non abhorrucrit. 

Liccat tamcn in quibuldam locis , qua: non attigit Archimcdcs, non- 
^ihilimtnorari; Vt invcniant & doaiorcs,quibusiuvcatur,fcfcqi oblcacnc. 

»1. Par* 
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Stereometria 



L Pars. 



CVRVORVM REGVLARIVM 
ftcreometria. 

Theorema L 

Principii rcquircbatur cognitio proportionis Circumfcrcnti^c ad 
Diamccrum. Ecdocuit Archimcdcs, 

Rationem circumfcrenti^ addiametrum, cfsepro- 
xime eam^ c\ux eft Numeri zz, ad 7, 



Schema 




Adhoc dcmonftrandum vfuscft 
figuriscirculo infcriptis& circumfcri- 
piisj quascumfint infinita:; nosfacili- 
tatis caufa vrcmur fcxangula. Sit cnim 
in circulo CB D, rcgularc fcxangul um, 
cui" anguh C,D, B, latui DB , & tanganc 
circulum dux tcQix in D & B , cocantqj 
ad communcm fedioncm F: 6c cen- 
trum AcuniF connedatur linca AF, 
quae fccct rcdam DB in G ,arcu m DB in 
E. CumigiturDGBfitreda,i c.dudus 
aDinB brcviffimuSjDEBvcroarcuy, 
id cftduflus a D in B nonbrcviflimus, longiorigiturcft DEB, quam DGB* 

Econtracumrc^taBFtangatcirculum, omncsigitur partcsarcus Eo 
funt intra FB vcr(us GB : qu6d fi EB cffct rcda , omnino brcvior cflct , qu ara 
FB, Nam AEB , FEB anguh funt acquipoUcntcs Rcfto , cum EFB fit acutus. 
Er<T*o EB fubtcnfa mmori angulo EFB, minorcft, quamFB, quippc quac 
maioricftiubtcnfa. Liccc autcmargumcnraridc EB utdcrc6ta,quiavisdc- 
monftrationis fccat circulum in arcus minimos,qui azquiparantur rcdis. 

Quanquam intcr ca quac communi lcnfu funt nota , rccipi potcft , arcum 
DEB , intra triangulum DBF , romorcm cflc lincis DF, FB , quippc qui cufQ 
fledtatur vcrfus angulum DFB , nullam tamcn particulam habct cxtra lincas 
DF,FB:comprehcndensautcm, fcnfucommuni majuscft coroprchenfo* 
Sccus haberet,fiarcusDEBc(rct Hncaflexuofa &inordinata. 

Cura igitur DB fit latusinfcripti (cxanguH , & DF,FB fint du^c mcdieta- 
tescircumicriptifexanguliiarcus DEB crit circuH pars fcxta : majorvcro 
cratquamDB,minorquamDF,FB.ScxigiturlincxDB,minorcsfuntquam 

circumfcrcntiacircuU , &duodccimIincae.DF,vclFB, funt maiorcsquata 

circumfcrcntia ... 

EftautemDB latus fcxanguli rcgularis, ^qualcipfi AB fcmjdiamc- 
tro. SexigiturdiamctriAB, hoccfttreidiamctriCB, vcl(diametroinfep- 
tcm2equaliadivila)Viginti&vnafcptima:,fuatbrcviorcscircurofcrcntia. 



Archimedea. 

Viciffim cumDG . GB finta!qualcs,cric GB dimidium ipfiusAB» 
Quadratura vcro AB xqualc cftjundlis AG , GB quadratis, & cil quadru* 
plum quadrati GB , crgo AG cft triplum quadrati GB. Proporno igiiur 
quadratorum aB & AG eft fefquitcrtia lincarum ig'tur AB & AG propor- 
tiocftfcmi-icfquitcrtia, lcilicctcaqu^ numcrorum loc^cco &>'66o^. Vc 
verocftAGadAB,ficcft GBaiBF. Ergoctiam intcr GB fic BFcftpro- 
portio lcmi-fcfquitertiajvt quia GB cft dimidium ipdus AB,{cilicct <roooc > 
BF talium particularum habeat 5^77^7 proximc. Duodccics igitur fumptus 
numcrus ifte, maior erit quam circumtercntia circuii. Colligi t ur n umcr us 
4.77974 5 qualium diamctcr hahcc 200000* Et qualmm dramctcr habet 7, 
talium (unt in BD duodecics fumpta 2J, minus vnadccima. Maior igitur 
cft hic numcrus ipfa circumfcrcntiai Minorautcm cadcm crat numerus z) • 
Et paictad oculum,arcuraBE propiorcm cflc ipfi BG,quamBf hncae. 
Circumfcrentiaigiturpropioreftnumero 2j, quamnumcro 24,roinusvna 
decima. Ponicurigiturab 2;reccfriffcpcr !,ab akero vcr6per2«minusvna 
decima, vtfit nimirum22- Ha:c autcm longeaccuratius dcmonftrat Ar- 
chimcdcsin figuris multilatcris. vt funt figurx j2, 24> 48 latcrum ; vbi ctiam 
apparet, paulumquiddecflc cir^umfercntix, quo minus fit22. Adrianus 
Romanus cadem Methodo dcmonftravit, fi diamctcr circulifccccur ia 
partes — — — 20000000000000000 

tunctahumparcium 6:^85^ IS^ 507^7^5(5 zfcrccffcincircumfcrcntia* 

Epifagma. 

Extr+bus lincis fedionum CoRicarum,qu<e Parabolc, Hypcrbolc, 
Ellipfi$dicuntur,Ellipfiscftcircuh «mula,&dcmonftraviinCom.dcMo- 
tibus Martis , longitudincm EUipticaf lincx fc(c habcre ad mcdmm arith- 
meticumintcr duas cjus diamctrQS,qu2C axis rc6tuS;& tranfvcrfusdicun- 
tur , fimilucr vc 22. ad 7. fcrc. 

Theorema 1 1. 

Circuliarcaadaream quadratam diametri compa-' 

rata^rationemhabeteamquam n. ad i^^ fere. 

Archimedcs vcicur dcmonftrationc indircdta, quaeadimpoflTibilc du. 
€it : dc qua multi mulca ; MiKi fcnfus hic cflc vidctur. 




Circuli BG circumfcrcntia partcs habct totidcm, qtiod punaa,puta 
{nfimtas',quarumqua:libct confidcraturvt bafisalicuiustrian^uliaequicru- 
ri , cruribus AB : vti ita Tnangula in arca circuii mfint infinita, omnm 



S T E R E O M E T R I A 

vcrticibusinccntro Acocuntia. Extcndaturigitur circumfcrcntia circuli 
BG in redlum , & Ct BC ^equalis illi , & AB ad illam perpendicularis. Enint 
jguurinfinitorumillorum Triangulorum , feu Scdtorum , bafcsimaginata: 
omncsm vnarcda BG jjuxtainviccmordinata: : Cit vnatalium ba^ium BF 
quantulacunqMciqjasqualisCEjCoiiedanturautempunctaF, E, G,cum A. 
Qiiia igitur triangula ABF , AEG totidcm funt fupcr rcdba BC , quot fcdo- 
rebmarca circuh,& balesBF, EG^equalcsillis, & omniumcommunisaU 
titudo B A,quxetiamcftfc<5borum; TrianguIaigiturEAC, BAFeruntx- 
qualia,& quodlibctarquabitvnum fcdorem cjrcuiij& omnia iimul in linca 
BGbafcs habentia, idcftTriangulum BAG,cxomnibusiIIis conftans, a?- 
quabit fedorcs circuh omncs,id cft aream circuli ex omnibus conftantcm. 
Hoc libi vulc lila Archimedeaad impoflfibile dedudtio. 

DivifaigiturBC bibriaminH, fiat ABHD parallclogrammum, vt 
DHfecctACm I. Erit hocparallelogrammum Redangulum^qualeareas 
circuh» NamvtGB totaad GH dimidiam, ita& AB» idcftl^h tota,ad 
IH dimidiam. IgiturHI xquatlD,&HCa:quat DA , ideft HB : &:anguli 
ad lasqualc5,Dvcra6(: H rcdi. Triangulumigitur IGH,quod eftextrapa- 
rallelogrammum, arqualccft trianguloIAD, quoparallelcgrammumex- 
ccdittrapezium AIHB. 

Gum igitur diamctcr GB ponatur cfTc panium 7, quadratum diamc- 
tri crit 4^. Et cum harumpartium 22 fint in circumfcrentia , fc ; in BG,di- 
niidiaBHhabcbitcarum ii,pauIominus, vtfupra. Duc 11 infemidiamc* 
trum j femis,fc:in AB; fietRedangulum AH jg fcmis. 



Qualiumcrgo Quadratum 
diamctri 
ht. 49- - 
bis ^8. - 

Divifipcr^. faciunt 14. - 



Talium Arca circuliin- 

fcripti 
ht. ]^^femis, 

— ii.Quodcratdcmon- 
Arandum. 



CoroUarium. i. 

Scitoris in circulo ( conftituitur reftis ex ccntro , & cx arcu intcrcc- 
-pro ) arca cft xqualis redangulo fub fcmidiametro & dimidio arcu. 

Corollarium. ii. 

Segmcnti circuli minoris (portio eftpcr vnamreaam recifa^ arca 
minor cft (edoris are * ,triangulo fub fcfloris & fegmcnti rc6tis comprehcn- 
fo : Segmentimaiorisareatantomaiorcftfcftorefuo. 

Dcmonftratur autcm in Gcomctricis , rcaangulum fub pcrpcndicu- 
lo trianguli & dimidia (caionis hnca scquale ciTe areac trianguh. Ablato 
igitur plano huius trianguliabarcafcaoris, rcftac arcafegmcntiminoris, 
fcdaddtto,maioris fcgmcnti area conftituicur. 

InSchcmate I. DABEcft fcdor mmor,DABCD maior-, DGBEfcg- 
mentummmus, DGBCmaiusi DBAtriangulum, quofcctorafcgmcnto 

difierc. 
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Archimedea. 

diffcrt. Id habct duas partcs a:qiialcs & congruas , A GB , AGD. A ppofiro 
igituranguloDAGadGBA, fic ADGadGAB ,fitrc6tangulumaltiruciine 
AGJatitudine GB. Et diciturinTriangulorumdodnna, GB finusarcui 
£B dirnidij , G A linus cius complcmenti. 



Epifagma i. 



Circulocommune hoccftcumParabola-.quodin vtraqs, ponioncs 
quomodocunq; pcr vnam rcdam abfciflse.fi sequalcs habuerinc diametros„ 
&iplaeintcrfeinquahbct figura fint a:qualcs. Arch.dcConoid,I V. 



Epifagma 



Parabolcf area eft fcrquitertia are« Trianguh, habcntis candcm 
cum Parabola bafin rcdam ,&candcmaltitudincm» Arch. dc Quadx. 
Paraboli Prop. X V 1 1. & X X 1 V. 



ma 1 1 1. 



Epifagi 

Ellipfis area , ad areano circjijieft , vt minor Ellipfis Diamcter ad rtiaior 
rcm : Et vtcirculua adquadratumdiametri,ficEllipfisadRc<aangulum 
dianietrorum>ldlicccctiamvt jj.adj4.fcre. ArGh:Spha:roid. 

Theorema. 111. 

Cylindri veroad Parallelcpipedum cokimnarcre- 
dtangulmn ^qjaltum:, quod Cylindri corpus flrmgit 
quadratis fuis bafibus &: parallelis lateribus^ ratioeftea- 
dem , qu'.e circuli ad quadratum circumfcriptum , hoc 
cft cadem qux iu ad i+f 



Schem^ I I T. 



Vt cm'm CD Cylindrica bafis cir- 
cularis ad AB quadratum circumfcri- 
pturo , ita CF corpus Gylindri , ad AE 
corpus paralldcpipcdircdanguh , fcu 
columna?. 

Arch: deSpba^ra&r Cylindra. 
Cyhndcr cnim & columna asquc- 
altafunthic vcluti.qudedam planacor- 
porata: acciduntigiturilhs cadcm qu;s 
planis^ 



THEO- 
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Stereometria 



Theorema IV. 

Si Columnaredaparallelariim Bafium cum Pyra- 
mide^ fi Cylinder cum Cono eandem bafin habucrit ean- 
dem^ altitudinem > Triplum erit illius. 

$cbm*t l K 




Nam omnisCoIumna ,vtliic quinquangularis BI, bafcs ABCDE &: 
FGHIK parallclas habens, &c B AF, AEK cartcrosqj angulof rcdos, folvitur 
infoa Pcntaedrafcu Prifmaca, vthicquinqiiangularisin triaGHF,FHK, 
KHI^TrinisparallcIogrammis &: binis triahgulis oppoiicis claufa« 





Primi 


1 Secundi 


Tcrtij. 


TrianguU 


GHF 


FH K 


KH { 




BCA 


A CE 


ECD 


ParaHclo- 


GHCB 


HCAF 


KECH 


gramma. 


HCAF 


FAEK 


HCDI 


FAfiG 


KECH 


IDEK 



Pcntacdron vero intria Tctracdra folvitur, quorum bina fcmpcr, qu« 
vnnmPIanura Parallclogramroum cxajquodividunt, xqucaltafunt 

SitvcrbigratiaPrifmaprimumfubGHF,BGA tcianguhs. Ducantur 
in Parallclogrammis BGFA & AFHC diagonij BF, GF, ex trianguh BC A, 
angulis B, C. lis rcfccatur Tccracdron , cuius hasc quacuor criangula BC A, 
BFC,BFA, AFC. ReftacPyramis quadrangula,ba(iBriHC, vcrticcF. 
Dui9:aigicur diagonios GCfecatcam in duo Tccraedra.-vnius triangula qua- 
tuorfuntiftaBGC,GFB,GFC,CFB;rehquifuncifta,GHC,GFH,HFC, 
CFG 

CumigicurParallcIogrammiim GHCBlinca GCfit(cd:um bifariam, 
& triangula GCH , GCB aequalia , & GFalcicudo cadcm. ( nam B GF rcftus 
cft)aequaIiaeruncTetraedra GCBF, GCHF. Similiccr Parallclogram- 
mum GFAB linca BF fcftum cft bifariam & in ^qualia FBG , FB A. pla- 
num BCA reauro cft ad planura G A , igicur pcrpendicularis ex G in B A cft: 
alricudoTctracdorumGBFC, & ABFCifuntigicurarquaha. Eidem vcro 
GBFG fuic arqualc GCFH. Oainiaigicur cria func ^equalia , & Prifma HG A 
babci triaxqualia^Tcrracdra, 

. • Suma- 



Archimedea. 

Sumatiir jaminbafi fupcra FGHIK, pundumL, quodconncdatuf 
cumangulisbafisinfcra! ABGDEjVCcrcctur Pyramis quinquangula: Dico 
illam cflc tcrciam parrcm columnx GAD. Nam bafis aBCOE, lincis ACj 
EGin triangulatria cftdivifa vtpnus, fuper quse ftant& tria Pcntacdra, & 
trcspartcs Pyramidis, fc. ABGL, ACEL, ECDL,&pcrpcndicuIariscx L.dc- 
miflainplanumBDjjequatreftalatcraKE, FA&caetcra. Eftigitur cadcm 
altitudoTctracdrorum ABCF, ABGLjfuntigitur sequalia. ScdABCFcft 
tcrtiaparsPrifmatis ABG FGH:Ergo& ABCLcjufdcm tcrtiaparscft. Si- 
militcr vcro lccunda Pyramidis pars ACEL^ fccundiPn(matis -,ac tcrti^ 
ECDL^tcrtij pnfroatis tcrd^ funtParrcs ; Tota igitur Pyramis totius Co- 
lumn« tcrtia pars cft ; & ha?cillius crgo Triplum. 

Eodcm ver6modo& MNOP Cylindcr, cuiui bafcsMN & OP pii- 
rallcl2e,a:quat trcsconos MNQvvcrticc Qad fupcriorisbafisplanum pcr- 
nngcntcs, &:eandem bafinMN iiiabcntcs. Dcmonftracio cnim analogicc^ 
applicari cadcmpoccft^fi pcrpcndaSjCirculum, quibafiscftCylindri&Go- 
ni, m infinita triangula cx ccntro dividi,quibus totidcm Prifmata, totidcmqj 
partcs Coni fuperftcnt , illa in axc Cylindri , hx in axc Coni convcnicntcs. 

Theorema V* 

SiiperficiescurvaConi Re£tanguli infcripti Hemi- 
fphasrio , eft felnidupla Bafeos, feu circuli maximi in fphas- 
ra, dimidia Bafeos Coni rectanguli circa Hemifphxrmm. 

Schema V, 



Sph«ra BDC fecetur plano pcrcentrum A , & feaio BC continuctuf 
fiantqj duo Coni Rcaanguli, altcrtotusintra Heinifph^xrium BDC. cujus 
axis rcfta AD, cx ccntro A , diamctro pcrpcndicularis ;litq; BDL , balm 
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S T E R E O M E T R I A 



&: verticcm D cundcm habcns cun^ Hemifpha^rio altcr totus extra Hemi- 
fpha:rium> ftringens illudmediasfuxfuperficieilaccribus, quarfint EG,FG, 
parallela ipfisBD, CD,habens vcrcicem G, inaxcprioris AD CGUtinuato, 
balin veroEFniplanofph^ramfecante. Gum igitur BA & ADfintasqua- 
lcsicrunt ctiamEA femidiamctcrbafismaioris, fi^ AD alticudo Conicxtc» 
rioris xqualcs : 1 1 quia EG F redus , crit igi tur EG quadrati circulo circ u m- 
lcnpti lacus , coq; cqualis diamctro G Sed EFquadracum^xquale eft duo- 
busquadratis EG8<: GF^xquahbu^ diamctroBC ; Ergoquadratura EFdu- 
plum cfcquadratiBC; circulusigitur EFduplus eftcircuhBC. Dicoctiam 
luperftcierum conicarum intcr c prcportioncm efTeduplam, & minons 
coincx curvaz fuperficiei proporti*onem ad arcam bafis BC eflc femiduplam. 

Namperea qua:di(3:arunt Theor. 1, Jj, reftangulum fub fcmidiame- 
tro AB, & cjrcumtcrentia tota BCduplum cft arca: circuli BC. Eodcm ve- 
r6modo,cademq;dcmonftrationis vi,rc6ta9gulum lub totaBD& totacir- 
cumferentiaBC, cft duplum conicx curva: fupcrhciei BDC. Quarevc 
ABadBD JiciuperficicspIanacircuIiBC>ac^curvam ConiBDC, Scd pro- 
portioAB adBDcftfcmidupla, quia quadratorum propcrtio eftduplajcr- 
go &fuperricicrumdi6]:arumproportio eftfemidupla. Etquia (unt Coni 
llmficsj vt igitur bafis BGpIana adCurvam BDCrfic planaEF adcurvara 
tGC &permutatim, vc bafi»adbafin,itaconicaadconicamcurvam; du- 
pla vcr6cftproportiointcrbafcs;,dup]aigitur & intcr conicascurvas. 

Theorema V 1. 

Convcxum Spha^ricum eft quadruplum, arca^ circuU 
maximi ^ qui Spha:ram per centrumfecat. 

Dcmonftrationcs Archiracdi$& Pappi funtingeniofiflimap, nccad- 
raodumfaci^ies captu:verita$ver6 propofitionis, &prima dcmoutlracionis 
clemcnta clucenc ex prarmiflis. 

Eftcnim fupcrficiesconvcxaConi,maiori$EGF,roaiorfupcrficic Hcmi« 
fphatnj BDC, minons BDC minor illa cnim tcgit Hcmilphasrium hxc 
fub Hcmdphaerio tota latec. Verifimile cft igitur, Hcmifph<trij fupcrfi- 
cicmeiremcdiumproporcionale inicr vrriufq} Conifuperficics. Scdmi- 
nor conica cft fcmidupla area? planx bafis, maior (cfquidupla ejufdeni-, &C 
mcdium (cmidupla: (cfquiduplx , eft dupla proporiio, Ita ven fimilc fir, 
Hcmilpha^rij lupcrficiem cfTe duplam, & Sphxrac totius fuperficicm cffc 
quadruplumarcEcircuhmaximi BC, Dcmonftracvcr6id Archimcdcsnc 
ccdanocx confimihbus principijs. 

Theorema VII. 

Convexum cuiuslibet fcgmenti fph^rx eft ^cqualc 
' planocirculi^cujus femidiameter fubtendit fcgmenri la- 
. titudinem a Polo ad bafin, 

Segmcnta 



Archiaiedea. 

Scgmcnta fpharra? bic rcputantur non quaiilibctportioncs, fedill*e 
tantum , cum Sphxraab vno plano tota fecatur in partes duas , fic vt qux- 
l^bct pars habcatfuum polum i Taliscnim (cftio cfficit, vt bafis fegmcnto- 
rum lit circulus planus. 

CcntroA lu fiiperficies SphxraiBDCL, &:hicfitcius circulusma- 
ximu?, 6C afiumantur cxtrema diametri DAL pro polis fcgmentorum 
tuturorum , fintqj D. L. & pcr punftum I,pcrq; AE centrum,tranfcant duac 
pcrpcndicularcs HIK, a< BAD, repr^Efeatantcs fc- 
dioncs^fcucirculosadplanumDBLrciSos. Sicuc 
igitur tota DL fubtenfa dimidio circuli LC DB a polo 
DadL imum,(quod pundlum jamin comparationc 
todusSpha:ra2 cum fuis fcgmentis fuftinct vicem ba- 

► toti curva: 
iDCfubtenfa 



( fis) fitfemidiamctcr circuli plani,a:quahs 
Ty- fupcrficici fph^rar,perVI; Sicetiam D' 



pfi DKG dimidio arcui fcgmcnti BCDapolo Dad 
ad bafin C, fit fcmidiamctcr circuh plani, xquahs cur- 

f^V r-T^ — /'^ vxfupcrficieifcgmentifcuhemifphasrijBDC, pcr Vs 

Sicctiamin genere quocunq; fcgmcntofumpto, vc 
HKD.hncaUK fubtcnfa latitudini fcgmcnti aDpo- 
lo ad bafin K , fit femidiamctcr circuUplani, sequantis 
lupcrficicm curvam fegmcoti KDH : Et fumpto (eg- 
mcnto HKL, cuiuspolusL, bafis circularisHK,fub- 
tcnfaKLjfitfcinidiamctcr circuh plani , qui asquaUs 
fit faptrficici curvar fcgmcnriKLH. 

Dcmonftrationcm vidc apud Archimcdcm.' 
Primam vcrofidcmnbifacict analogia. Namcumfic 
fitcomparatum cum totafupcrficic &cumdimidia: 
f robabile eft, eandem rationcm ob- 
tinere ctiam in fegmcntis caetcris. 

Corollarium, 

Scgmcnta {cgmcntorum , qu« 
j f / \ \ i ^^^^^^ vtrinqj circularibus bafibus 

— f — T — ccrminantur,ijfdcm principijs facilc in 

planum cxplicantur. Nam fit RHKC 
'fcgmcntum fcgmcntiBDC , cuius ba- 
fcs circuh HK,BC. primo fitcirculuf 
xqualis fegmento fphxr^maiori BCD 
Deindeahuscirculus fit asquahscom- 
plcmcnto cjus quod proponituf fcg- 
racntum (cgmenti, Nam complm 
lioccftfcgTt^cntum fpha?r«minuiHKD, fivcpolusejusidcm fitcumprio^- . 
rifivcalius. ErgocirculorumplaaorumDK, DGdifferentia «quabitZo» 
nam^HKC 

: Alia vcro fcgmcnta fcgmcntorum , qux non intcgris circulis planis, fei , 
corumpartibu>terminantur;nifipolusD &axisDI totius fcgmcntiHKI.. 
fucritconftitutus inconcurfu fcdionum, nondum habcnt notum «qua«, 
tionis vclcomputationislu«emcchodum. 

Q TH£0- 
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Stereometria 
Theorema VI 1L 

Sphxrictira Convexum & ejus axis fecantur a plano 
ada^xm redoin eademproportione. 

ScptimumThcorcmafcrvit Gcomctricaedclincationi,hocodavum 
arithmcticis efl: vtilius & compcndium jucundiflimum. Illud planum pro- 
dit^qualc curvaefupcrficiciihoclincas oftcndit icquivalcntcsfegmcntis. 

InSch.prsECcdcnti, fiaxis totus DL valctfupcrficicmtoiam r KLH, 
pars axis Dl valct partcm fupcrficici HDK , fiquidcm DI fucntaxis fc- 
dionis.idcft, fi fucrit rcftus ad planum BKfccans, idqj fccct inccntrol» 
Sic pars axis IL valct partcm (upcrficici HLK, 

Nam qma HDKcftadKLH,vtcirculuf DK adcirculum KL rca«,per 
V T L id cftquadratum KD ad quadratum KL : Ar vcroquadratum KD cft 
ad quadratumKL,vtrcaaDIadrcaamIL: ErgoctiamvtrcdtaDI adrc- 
aamIL,fic HDK iupcrficicsad KLHfupcrficicm* 

Analogia. (^cmadmodumigiturin lincis BA»HI,incftproportio 
circulariumcircumfcrcntiarum BC, HK, ccntris A. I. fcriptarum; ficinli- 
ncis traofvcrfisDAjDI incft proportio arcarum BDC, HDK,tcrminata- 
rum ad illos circulos ; Et ficut DI valct arcam HDK, & D A arcam BDC , fic 
JAvalctarcamZonae BHKC. 

Theorema IX. 

Gylindri rcdi fuperficies eft ^qualis Spha^ricx , quam 
ftringit. 

Crcaturcnim Cylindricaduftu totius eircumfcrcntix kL (in fcquifchc. 
inatc;intotamdiamctrumKN vclGB.-atdududimidisecirctimfcrentiapKL, 
^ I in dimidiam diametrum AB crcatur pars quarta priori8,cum fi- 

2, • _ ^J.gura:fimilcs,fintindupIapropQrtiQnclatcrum:crcaturvcr6co- 

— ^ dcm duauarcacircuhmaximi, pcrl L quafcftctiamfphxrica: 

4. jfupcrftcici parsquarta,pcr VI: Duo crgo cjufdcm quadrupla 
{untintcrfca5quaha,(upcrficicsfc. curvaCylindri KML,& fupcrficics cur- 
vVa globi fcu ipbxrxCux GB> vtraq; quadruplum arcz KL. 

•Theorema X- 

Supcrficies, globi3&; ej us cyHndri , qui globu ftringit, 
refedas ab eodem plano ad axernredo^liint a^quales. 

I n figura fcqucnti fit GB globus>LN cjus cyhndcr,ftrin^cns globum in 
incdio,&inGB.EtfitpIanumPSTfccansvtraHCiq;iuperficicm;dico Zona 
KtSTLcyhndricam,cffca:qua!cmcurvacfupcrficicifcgmcntigIobi GR. 

VidcturfaUumcfic.cumCylindricafittamlaxa, globi vcrofupcrficics 
furfuminanguftumcocat. Scdmcmincris,quantodlalaxior,tantohanc 
cffc latiorcm,cum5obliquuadcandcmtcndataltitudincm. Scdfaciliseft 
4cnponftratio.CumcnimKP &:GRfintajqualcs &crccturZona kRSTL 
duftuKPvclGR intotamcircumfcrcntiam KOL,&ficctiamZonaPSTMN 
crcctur duduPN vcl R B in candcm circurofcrcniiam totam:crgo vt rcdas 
GR ad RB,&Bd,ficfupcrficicscyHndricaKT,adTN &NL.Ai vt rcd^GR 



Archijviedea.^ 

RB & BG , Cic fuperficics fcgmenti globi GR ad RB rcgmentuin &r BG 
totam globi fupcrficicm.per VIII. Ergo& vc Cylindrica KTad TN & NL, 
licfphxricaGR adRB, &BQEftautem tota GyJmdrica NLa*qualis roii 
Sph^ric^GB.pcrlX. Ergo&pars Cylindric^ KQLPST parriSphsri- 
cx in fcgmcnco GR erit xquahi* 

Theorema X 1. 

Corpus Cylindri eftad corpusSpha^r^^ quamfcrin- 
gic , in proporcione fefquialtcra. 

CorpuscnimSphxrjsadAnalogiamcorum qusdictafuntThcor IJ^ 
potcftatc in lc continet infinitos veluti conos , verticibus in centro fpba^ra: 
cocuntes,bafibus,quarumviccm(4iftincntpun6la5 infuperficic ftantibus» 
Sit igitur in fchcmatc IL BG Sphasra, A ccntrum , coni AB , AG &c fimiks 
infimti, ijq^ minimi, id cft, quorum Bafes fint pundaB. G» vertex omni um 
communis A. Fiat novumSchema,in quo cxtendatur curva fuperficics 
fphasr^e in planum circularc,cuiusdiametcr fit BC>'duplaad diametrum 
Sphxr^ BG,quia Circulorum proportio cft quadrupla per V I, pr^emifiumr 
& fiat circuluscxBC,cx cuius medio pundlo H,furgat perpendicularis HD 
asqualisfemidiamctro AB. Sitautem ( onus BDC, bafiBC, verticcD: 
Conusiftc aequalccorpusbabcbitcorporiSphieraeBG. Omniumcnim co- 
norum AB , AG, infinitorum in fph2era,bafcs B . G. mininci*e, cum fphasrica 
fuperficicipfainquainfuntjinplanum circulumBC extenfa: & juxtain- 
vicrm ordinataefunt,&:procoquodcrantiBSpha:raGoni rcdhABB,AGG* 
fadilunt hicconi {caleniDCC, DBB, cxccptomcdioDHH, quimanct 
rcctus , habcntq; omncs candcm altitudincm DH , & bafes a^quales , quip- 
pc minimas , omaes igitur & inter fc & conis rc£tis in Sphiera ^equales funt; 
& totusconusBDC cxomnibuscompofitus,a2qualis^rit toti IphacrasBG 
cxomnibus compofira:. 

Dudaigitur arcacirculi BCinfcmidiamcirum HD, crcatur Cylin- 
derAICB,cuiu8corpuscftconiBCDtriplura,pcrlV : Eft vcro cylindri 
sche/ffa yiiL fphasram ftringentis du- 



plum, quiabafin BCha- 
bct, bafisKLquadruplS, 
altitudincm vero HD> al- 
titudinis BG dimidiam. 
DuocnimAICB cylindri 
inviccm impofiti , eflficc- 
rcnt altitudinem arqua- 

_ lcmipfiBGaltitudinicy. 

iindri KLB , cffentqj illius quadruplum, proptcr bafin BC quadruplam ba- 
feos XL: vnus igitur AICB eftcylindri KLB duplum: erat vcro triplum 
coni BDC , id cft corporis Sphxr^ BG , squalis cono BDC. Ergo divilo cy- 
iindro AlCBin^.-dimidium huius, icilicct , venitCylindro KLB;tertia 
verbparsdc 6, fcilicct^, venit fphserx GB. Cyhnder igiturKiB. ad 
fphaeramfuaraGBpCft vt j,ad-, quaseftproportio fcfquialtcra. p^^g^^ 



Early European Books, Copyright © 201 0 ProQuest LLC. 

Images reproduced by courtesy of the Royal Library, Copenhagen. 

2° KB. 9,191 




Stereometria 

PotcftidcmctiampcrlX. probari,fifingamusGylindrum fccariin 
infiniiaprifmata, inaxe cylmdri cocuntia;probafibu$ vcr6,quas habcnc 
prifmata , quadrangulis, habentia lineas redas xqualcs axi \ quae bafcs prif- 
rnatum omncs juxta inviccm ordincntur incurva Gyhndrifupcrficic, vt 
lupra Thcor. I L dccircumfcrcntia circuU fimiha fumus iraaginati. In 
tillocnimSchcraatc ILfitcirculusBGvtraqj bafisGyUndri : &circumfc. 
rcntiaBCrcpr^fcntctcurvamCyhndrifupcrficicm.punaumvcro A rc- 
pracfentct axcm Gyhndri, arqualcm ipG BG diamctro, & cxtcndatur curva 
fupcrficics Gyhndri in planum, fitqs BG, quac rcprdefcntctreaangulum, 
cuiuslongitudoBG, latitudo BGj &connc<^iatur axisCyhndn AA,cum 
rcdaGG jpfi parallcla, rcdangulo AAGG,- vt fit Prilroa A ABBGG,«qua. 
le corporiGyhndri. Erunt cnim omnitimGyhndri Prifmatum minimo- 
rumbafes rcaangulx roinimx(hoc efthne^ ) juxta invicem ordinataeiti 
fuperficic reftangula BC, &Pnlmata inCyhndro rcfta, ficnt hic fcalcna, 
oinniumtamcnacicspcrtingcnt adcommunis altitudinis B A tcrmmum 
AAxruntigiturxqucalta&inviccm&cumTcdisPnfmatibusipfius cyhn- 
dri. Dudoigiturrca^anguloBBCCinaltitudincm BA, creabiturParallci- 
cpipcdum, cujus corpus cft duplum corporiiprifmatis AABBCC, du- 
plumigitur corporis cyhndri. At (upra ctiam duccbaturcirculus xqualis 
rcdangulo BBGG fupcrficici curv? cylindri(fc. quadruplus circuhma- 
ximi, pcr VI ) in altitudincma:qualcm ipfi B A icmidiamctro , & crcabatur 
triplumconi,2qualis Sphxrse. Idemergoeft triplumfpha?r^& duplum 
cyhndri : Ergo vt fupra, Gyhndri ad fpbaeram proportio cft lclquialtcrat 



Theorema XIL 



Cubi corpm adcorpus Sphaeras quam ftringit,eft 

duplumpaulominus, nimirumvt zi. ad ii, proxime. 

Nam Cubui STVX,in figura fequenti.eft ad Cylindrum fuutn KLN 
flucmftringit, vt i4ad n proxirtie, per II I.pra:mifluin ,id eft vt 4iad:j» 
At GylindcrKLN cft adfphxramPGOB quamcomtnuniter cum cubo 
ftringit,ut?.adz.perXL pixmi(rum, idcftvt jj,ad22. Ergocubmad 
fphxram cft vt 42. ad 22 ,id€ft, vt 2)M)), 

Th. XIIL 

CorpusConijCujus alti- 
tudo cft asqualis diametro 
fpha:rac, bafis, Sphaer^ ma- 
ximus circulus , eft dimi- 
dium corporis fphxr«. 

Cylindcr cnim KLN cadem 
baf» & altitudinc, eft iriplum coni 
fui NGI , Ycl vt j. ad Wem veri 

Gylin- 
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Archimedea. 

Cylinder cft ad (phasram fuam , vt j ad 2 >pcr X I. pr«naiflum ; Ergo Conus 
ad Sph jeraai cil vc i. ad 1. 

Summapra^midorum* 

Conus Cylindri Sph-rra Cylindri Cylinder Cubus STVXCylindrcimftrin» 
NGY, KLYN PGOB KLYN KLYN gens in KN, CM,LY, & DE. 

Eltvt II. zz 4i Spharram veroin 

Veivt I 2 $ u 4minus G.O.B.P.Q^. 

Corollarium. 

Porr6 indidcm'Gtiam patct,Conum priorcm inHcmifpha^riO (vc 
Thcor. V.Conum BDC) cfTcad Cyhndrum qui fphieram ftnngit ^ vtO- 
dtaedron in iphxra ad Cubum circa fpha^ram/cxram fcihcct partcm Cyhn- 
dri , quartam (phafrap, & fic dimidmm Hemi(pha:rij fui , dimidiumqi coni 
Thcor. XI n. dcfcripti , quippc cujus ba(infaabec intcgram, alcitudinis 
ver6 ftltcm dimidium. 

lllc vcroconus majorEFG,in quocflHcraifphaerium (Thcor. V.) 
corpus habct irrationalc fcu ineffabilc. Similes enim Coni>vt E F G,&:B DG 
funcintripla proportioncalcicudinum AG, &AD# Eftauccmproportio 
AG ad A D fcmidupla : crgo proporcio conorum cft triplcx (emidupla,hoc 
cft, (cfquidupla. Acte(quiduplasccrmino vnopronunciaco (quodfciHccc 
conuiBDC dimidium Hcmifphxrij BGDdicicur)tcrminusalcer ficinc& 
fabilis , nifi dc propinquo. 

Epifagma i. 

Eadcm cft ctiam proportio corporis ab Ellipfi gcncrati,quod Sphat- 
roidcsdicitur, adconumasquealtum. Arch.Sphaeroid, prop. XXIX, XXX. 

Epifagma 1 1. 

Sicutfpharroidcscftconi fui duplum: fic Conoides ParaboHcum cft 
conifuifcfquialterum, Vidcincodcmhbroprop. XXni*XXlV. 

Gonoidcsvcro Hypcrbohcum Cqualiseft/crcfigura hulccris, mon* 
tis, aut accrvi frugum ordinati) icfquialtcram proportioncm magis ad 
acqualitatcm adducit. Nam ad hneas lefquialtcram proportioncmcon- 
tinentes (quaihabcnc duplum & triplum cius qua^intcr vcrciccm & cen* 
trum figura:) addic vcrinqj diamecrum^ 

Theorema XIV. 

Segmento fphsera^ a^qualis eft conus fuper eadcm ba- 
fi.habens altitudincmtantomajorem, vtfitejus exceflu^ 
ad femidiametrum Globi , flcut cft altitudo ipfa fegmen- 
ti ad refiduum diametri. 

C 5 Sit 



Stere ometr i a 

SitTphxra CLB , cjufqj fcgmenta duo HKD & HKL , corumqj axes 
l3l>IL,partesdiametri pcr Accntrum dudx, quxcontinuetura D verius 
O.P. Quscriturconusaequalisfegmcntominori HKD.cuiusaxis D5 , re- 
fiduumq; diamctri II . Fac crgo vt IL ad LA , fic IDad DO ; erit lO a tiiu- 
do,& HKbafis, coni,cujus corpus cfta:qualc corpori fegmenti HKD 
minoris. Sitdcindefegmcntum H KL,cju5axis LI,refiduumq; diame- 
tri ID. Fac irerum vt ID ad D A , fic IL ad LP : crit 1 P altitudo , &: H K bafis 
coni, qui xqualis cft fcgmcnto H KL maiori. ^ 

Demonftratio non cftpopularis, ideo pctat illam , qui vult^cxfc- 
cundafecundilibri Archimedisdcfphasra&cylindro : non cftcnimmihi 
confilium ,totum Archimedcmhic tran(criberc. Vcritas autem cjus cir- 
ca Hemilphserium fic patcf, fit Hcmifphrrium BCD , cujus axis AD ,re- 
fiduumDiametri AL. Quodfifaciovt refiduumdiamctri AL adfemidia- 
mctrura LA,ficAD axcm,adDQJacioigiturDQxqualcm ipfiDA,ac 
altitudo AQjeritdupIa adaltitudincm fcgmcnti AD. Conum igiturqui 
habct bafin B L , al titudinem diamctri DL,pono clTe a^qualem Hemi(ph«- 
no. Idautcm vcrum cffcjpriori Thcorcmatcvidifti,vbiconus iftccrac 
dimidiumfpharra:. 

Archimcdes etiamcomparat proportioncm fcgmcntorumloljdo- 
rum ,cum proportionc fcgmcntorum fupcrftcici , dem onftrans fol . dorum 
proportioncm cffe minorem dupla proportionc fupcrficierum , maiorc a 
icfquialtcra. ConftiiuiturautcmproportioduplainnumcriSjduftovtroqj 
proportionis tcrmino in fcipfum-, fcfquialtcra vcro^dufta eiusdcm tcrmini 
jradiccintcrminumipfum. Vtfifuperficics cflent interfc fcgmentorum» 
vt 4. ad quadrati numcri-,corporafub iilis fupcrficicbus tc£ta , cilent inter 
ic propiora quam )6. & Sj^dui^o viroqjquadratoin fcipfum; rcmotu»ra 
quam $^ a 27. ( duftis quadratorum radicibus 2. & in ipfos quadratos vcl 
j<5.'af4. lta(^fiminuslegmcntumpondcrarctj6: Majuscffetintcr j^fic 
^jpondo. 

Corollarium. 

Proportiobinorum globifcgmcntorum intcr {c, caufacorpulentia?,' 
in vna quahbct fcdionc , eft exprcfta in altitudinibus conorum , lcib cct m 
10 ,IP ,ficutprius proportiofupcrficicrum iegmentorumcratcxprcHaia 
ID.IL. Seddifcnmcnmagnumcftjquodglobitotiuscorpusinvnaqua- 
libet fedionc rcprefcntatur a pccularilincaOP ; atiupcrficicstotaglobi 
fcmperab cadcm diamctro DL reprxfcntatur. 



Epifag 



ma I- 



Mukahicfuntcommuniaglobo&fphaeroidiatqjconoidibus.K^^t 
vt feaio globi fafta plano fcmper cft circulus ; fic fcdio fphasroidis noa 
omnis , (ed qu^ fit plano axi parallclo , cft Ellipfis , fpha^roidi fimihs : Ell ip- 
Ics vcro di vcrfarum & diffimilium fpccicrum ,• aut circuli fiunt, quoties vcl 
fphxroidcs vc cumcp,vel conoides per vtrumq; oppofitorum latcru (ecatur. 

Arch.Sphxr.XILXULXIIII.XV, ^ ^ 

■ ' Epilagma 
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Archimedea. 
Epilagma 1 1. 

j Scgmcntorutn fphxroidis ratio cadcm eft. qux fcgmcntorum glo- 
bi,fircaafitfc<aioadaxcm:finobhqua,tuncvrurpaturnondimidiumaxis, 
fcd dimidium cius qua: vcrticcs porcionum fadarum ( id cft punda caru m 
fupcr fc(^ioncmakiirima)conjungir. NaminEllipfi qusEgignirfph^roi- 
dc^axisquidemcftintcrdiamctrosjdiamctrorum vcr6roulta?funt,divcr. 
Ise lon^itudinis , quihbet binos oppofitos vcrticcs conj ungcns . 

Th. XV. Problema. 

Qucmadmodum {upcrficicbus curvii fegmcntorum , theorcma 
VII. fccita:quales circulosplanos, Tbcorcmavero VII I,arquevalcntcs 
hncas rc<5tas oftcndit, comparabilcs intcr ledivcrfarum fedionum : fic 
ctiam foliditati fegmcntorum allignarcpolTumus non tantum 
Conos a:qualcs vt Th. XIV, fcdetiam plana ^quiualcntia, (cu 
proportionisejufdem, & comparabilia intcrfe divcrfa- 
rum fcctionum : quam dcmonftrationcm,hcet difficiUoris captuf, 
addo , quia a Geometris prioribus tentata non cft. 

Qua?runturtria plana quashabeant intcrfcproportioncm cam quam 
duofcgmcnu Globimtcr fc & adtotum. 

Sint fcgmcnta HKD, HLD. Ergo centro H 
vel K, termino fcgmcnti in plano circuli HDK,di- 
ftantia Hi vclKI, fcnbatur arcus circuh IS, fecans 
HDK in Sy & ab S, pcr A , ducatur diamctcr , cumq-, ad 
rcdos fecet rcfta ex K , quac fit KT , fcftio Hoc fa(^l:o 

/^' fiantre<5tangulatria, pnmumfub AD fcmidiamctro 

& DL altitudine fcudiaractro globi totius, quod rc- 
lcpraEfentet fohditatem totius globi : fccundum fub 
ADfcmidiamctro& DI altitudinc iegmcnti, quod 
^'^ rcpraifcntabit foliditatcm (e^aorif Iph^ra: HAKD; 
tertium ex AI (altitudinc conj hka ) in RS ,quod di, 
co repraffentare in eadem proportione conumniKA 
foUdum ; itaq; ficut conus hika ablatus a ftftore 
HAKD, relinq^it fegmcntum hikd; ficctiamtcr-, 
tiumrcdangulumablatumafccundo,rclinquetpIa- 
num xquevalcns in eadcm ptopoitione fcgmento 
fpbaerxHnaD, 

Quod fi fcgmcntum fit maiui Hcmifphaerio fc. 
•p! V" hkL; pro DI, fumenda cft IL , in fccundi rcdanguU 
forroationc, &adid eftaddendum rcdangulumfub 
Al , RS , conftitueturqj planum squevalens fcgmento htkl maiori, 

Demonftratio.Primiimintcrlineas DI, il,&dl, cft proportio fcg- 
mcntorum fupcrficiei 6c totius , pet Y 1 1 1, Ergo ctiam intcr rcdangula. 
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^uftis his lincisin candem femidiamctrum AD, critcadem proportio.fed 
lcdorumHAKO, hakL, &globi totius efteadem inter fcmiitub proportio, 
qux fupcrficicrum hd , klh , & totius. £rgo & inter fada redangula efl: 
proportio (cftorum hAkd, & hakl. Deindc AD altitudo dud^a in bafiii 
circu!arem,2qualemfuperficiciIcgmcntiHDK,cuiusfemidiamctcr kd pcr 
VII, )creatCylindrum,triplum coniasqualis fc(ftoriHDKC; ^ Alaltitudo 
<lu6l:ainbafinHKcircularcm,cuius femidiametcr Ki,creat itidem triplum 
cQniniKA. At vtcirculus radioKD, ad circulum radio ki vcI ks ; fic enam 
quadratumKD adquadratumKS : vt vcro quadratum kd ad quadratum K5> 
fic Dl redlaad SR ,pcr V 1 1» Ergo proportio bafium circulanum , per kl & 
RSdefcriptarum,cftctiamproportiolincarum DI, SR, Sedproporcio 
conorum cft compofita cx proportionc altitudinum & proportionc ba- 
{ium iVthabctArchimedcSjXJ. Sphaeroidcon. ErgoproportioHDKA,{c- 
ftoris&HiKA,coniinco,cftcompofitacx proportionc ADad AI, &DIad 
SRv Eftautcm ctiamredangulerumproportio compofitacxproportio- 
nclatcrumcorrcfpondcntium. QuareproportioHDKAfcdoris. &hikaco- 
niinco>cftcadcm, quKrc6langulorumfub ADjDl, &fubAI, SR. Ac* 
pcoindcipfafuntadmutuamcorumdiffcrcntiam, vt fe(aorHDKA& conus 
mcoHiKA,ad mutuam corum diffcrentiam, (cilicctadHiKA fcgmcntum. 
hixc methodus concernit potiflimum conum hika, qui eft communis dif- 
fcrentia , quafcgmenta diftcrunt a fuis fedoribus, qucm conum intcrdura 
opcrxprecmm eft notumhabcre. 

Epifagma comparativum- 

SicfcgmcntaGonoidisparabolicifunt intcrfeinproportionc^ qu« 
cft intcrquadrataaxium. Arch Jpha^roid. XX VI. 

Corollarium i. 

Scgmcntafegmcntorum Sphxrx cafdcm habcnt lcgcs quod carpo- 
ra attinct , quae fuprafucrunt cjufdem gcncris fegmentorum fuperficici, in 
corollarioad VII. 

CorpUarium 1 1- 

Zonafphxrae & fpharroidis, fcucorpus annularc , contcncum parte 
fupcrficici Iphxvx vcl Iphxroidis mcdia, qux Zona dicitur, & lupcrficic cy • 
lindricaintus ,haecinquamficinvcftigatur. Afphasravel fphsEroideaufc- 
xunturbinafcgtncntaa2qualia,&GylindcrZonxa:qucaItus, bafibus i jfdcm 
cum fcgmcntis ablatis j retnanetq; corpus Zona;. Quod fi Zona non fit 
mcdiaglobi vcl fphaeroidis,fed inchnata ad poluro ieu vcrticem , auferuri- 
tur fcgmcnta inajqualia , & truncus coni 5 vt remancat talis Zona. 

Intelligitur autem Zona,cuicircumcirca fita^quabilislatitudo & 

fub quafit tcdus Truncus conicus parallelarum bafium,cuju5 dimenfiones 

jam in proximo cheoremace fcquentur. 

: Theo- 
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Theorema X V I. 

Conusfecaturvarie;aureninipcrvcrtJccm& bafin,"&r idvelplano, 
VcIfupcrficiealiaconiminoriSjhabcnciscundem vcrciccm. 

In V troqj calu kgmenta Coni ^quealta^^funt vt eorum 

Balesintcrlb. 

NaaiConuscfthicveluticirculuscorporatus-, idcmigituri fcdio- 
fi.epatitur,quodcirculusfuajbarcos, 

Aucfecacur ConusplanoparallcIolatcriSjCuiuscircumduduContts 
^•ftcr^acus*, aut neqj parailclo, fcdfupra vcrciccm cxtrafiguram concur- 
furocumlaccrc:vtroq;carufiuncporciones indcfinica:,dcquarumfolidita- 
ic nulla dum difquiiicio fada fuic a Gcomctris , viu quippc non cxigcn tc. 

Aut fccatur<];ofltispiano pcr latus vcrumq; ; fiuntq; partcs dux,Vcr- 
ticalisfuperior,&Truncusmfcrior. Vcrticalcm, planoadaxcmobIiquo>- 
^rchimcdes porcioncmConi maluiitappcllarc; agnofccns ( onosnona- 
I^osquam arcjuicruros:: ApoHonius vcro Conosfaciensalios asquicruroj, 
alios (calcnos i cujus CKcmplum in Scbcmatc l V. ) talem portioncm,quan- 
tum vis axG pcr obliquum fcdo, dummodo (edtio fit circulus , pro Cono 6c 
ipfamagnoicit.^ 

Quodattinctfcgmcntum verticalc, cjusfedtio ficEllipfis, quxha- 
bct centrum fuumcxcraaxcm, vcrfaslatusGonilongius. InSclicraatc 
IX. ConiGYNaxiscftGAB,cujusfegmcntum vcrcicalcGNA , bafinfaa- 
bccElhpfin, quas rcprxfcncacurpcr hncamNZ, cujus ccntrunifcu mc- 
dium , vbi Iati(fima , cft infra A, lcttioncm cjus cum axc, vcr fus N. 

Acqs hoccft lcmper ma us fcgmenio redo illo, inquo planuroad 
bafin NYparallelum pcrtcrminum axis,ab EUipfi le^i traniit, fc.pcr A. 
Kam planum fccans , m A fixu m , & ad axcm G A incUnatum , plus dc cor. 
porc Coniacquiritpartc AN,quamamittitparte AZ. 

An autcm huic fcgmcnto GN A asqualis fit Conus ilk , cujus baCf, 
bafiNYparallcla, pcrcentrumElIipfis intra A iranfit; id confidcrationc 
dignumcft.-mihinondumhquec, nccjam vacat. Vidc dchoc infraTli. 
fequenriahqua. 

Interimin gcncrcdcomni (cgmcnto vcnicah vcrum cftTh» XL" 
Sphscroid.Archimcdisjfccundumquod Coni^ regmeiltive Ver- 
licalis, ad Conum proportio 3 componitur ex proportio- 
^ihus Bafium inter fe^ &: Altitudinum inter fe. 

Ergo arca Ellipfis N A , ad arcam circuh N Y cft proportionis folido- 
rum GN/^ y pars vna. Incft autcm harum arcarum proporiio 

(pcr Epir H.ad Th. 1 1.) inrcftangulo diamctrorum EUipfis &quadrata 
NY , tanquam notioribus. Pars altcra proportionis corporum cft intcr 
GZ altitudincm fcgmcnti GN A fupcr plano NAZ , & GB aUitudincm co- 
ni NGYfupcr plano NY. Mulciplicatis igitur m femutuo tcrminis pro- 
Portionum ZG in GB , & rcaangulo diamctrorum Ellipfis N A, m quadra- 
tum NY . vt poftcrior fadlus ad pnorcm.fic cft corpus coni NG Y ad corpus 
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icgtncntiGNA. Poteftetiam quodq>(corfim compurari;vtGNA,dafta 
alcitudinc GZ in planum EUipfis NA , prodittriplum corpons GNA. 

In fpecie fi planuni fecans parallelum fuerit bafi 
Ny : proportio corporum , fegmenti & totius , erit tri- 
plicata altitudmum vel radiorum in bafibus circulari- 
bus, velfefcuplicataplanorum. 

Nimirumquiahocpado fcgmcntumvcrticalc, &conui totus (lunt 
folida limilia. Mulciplicatis igitur cubicc fingulis icorfim vcl alritudinibus 
vci radijs bafium,crit vt numcrus cubicus majorad minorcm, fic Conus to- 
tusad fcgmentum. Aut fifolaplanabafconnotacflent,qua:runturilioruni 
radices,mukiplicanturqjinilla. 

Quod Truncosactinct, facilis cft cx di(ftis , illos inquircndi Mctho. 
dus. Exvnoeniromodorumprarmiflorumcomputatur&conusvcluti to- 
tus , &: fcgmentum vcrticale dcficicns, cx dara vcl altitudmc vcl bafis radio. 
Quodfinciciturcju5,vtdcficicnti5,altitudo,fiquidemcafucntopus,qux- 
riturcxcomparationcbafiumTruncicumakitudinci vtcnimdiffcrcntia 
Radioruminbafibu$,adaltitudincm ; fiTruncusfubplanispcrpcndicula- 
ribus fucrit) fic radius bafis minoris ad alitudincm fcgmcnti dcficic ntii; 
ablato igitur corpore fcgmcntidcficicntis a Cono toto» rclinquitur corpus 
Trunci quasfitum» 

Inhisvcro Truncif, qui fub parallclisbafibus contincntur, rurfuni 
eftbreviormcthodusvtprius. Namquiabafcs taliumTruncorum ignora- 
f i non pdflunt,carum diamctri(quaelibct infcipfam > multiphcantur cubicc, 
& ablato cubo minori a majori •, crit vt maximus ad difFcrcntiam,ita Conus 
totusadTruncuro. r j j /c • 

GL A VIVS alium docet modum , ingeniofiorcm quidem , fcd &difnci. 
liorcm. vtmihividctur, Nonminuscnimquam iupra, coa putandacfta- 
rea bafisvtriufqr>&jamhocinfupcracccdit, quod quxrcndacft arcaroc* 
dio loco proportionalis intcr planum vtriufq; bafis. Id au tcm tit vcl ir u'ti- 
plicatione divifionc numcrorum prohxorurni vclduabuscxtradioni- 
busradicumjcarumqjmultiplicationc : luncaddcndaomnia tria plana>5r 
fummainalt^tudincmTruncimultiplicanda. Atquicxradijs circulorum 
qui rcquiruntur adinveftigationcm arcarum, muitotacihorinegocio po- 
icft haberi quicquidquajritur. 

Cum autcm Truncorum Conicoruro , qui fiunt plano ad axcm rcdo^ 
multiplcxfit vfus,& prxfcntimatcria: curo primis ncccflarius,ob dohorum 
figuram j fubjungam hic pulcherriroum Theorcma,&: compcndium cxop- 
tatiflrimum; ctfi dcmonftrationcm cognationis caula diffcrodeorfumm 
SuppIcmentumArchimcdcarStcrcoroctri5B,&Th.XXII* Dividiturau- 
tcmTruncus in mcdium CyHndrum & circurojcaam ciconicam vcl"^^ 
T unicam, qui fcgmcntum cft Coni difllmile fupcriorum , fc, fupcrficic Gy. 
lindrica faftum : Ergo fi tres Diametri, du^ balis minoris, una 
maj oris, extendantur in vnam reclam : erit ut re^tangulu 
fuBtota&: fubdifferentia bafium, adtriplum quadrati 
barismajoris uel minoris, itacorpus Tunicx ad corpus 
Cylindri vel majoris uel minoris. F.rgo 



Archimedea. 



Ergo daplum mfnoris addcmaiori, fummam diic in diffcrcntiafn 
maiorisiS^ rainoris,proTunica:dcmdcm:noremquadra,qijadfati triplum 
tumcproCyhndroinfcriptoi fummam& huim&illiusproiotoTfunco. 

Vcfi lliu baliumdumccii^. f.diHercjituz, adbisj addc^ fiu;i;ii, quatduc 
in 2 , fiunt 22 pro tunica, Et quadratum de e A 9 » cujus rripluni 27 , clt pro Cylin- 
dro : Ergo4p proTfunco, inquacun(]^proporrionc altirud nis. Scd Lxc pcrft- 
^uciis Thcorcma , c j usij, Corollarium ficat idhuc compendiofiora- 

Theorema X VIL 

ScgmcntaCylindri red:a, parallelis axi fupcrficie- 
bus refcilla, funtinterfe, vtfe^mcnta bafis. 

Nam Cylindcrcft hic veluti circulusauc EllipCi corporata-, quarc 
hic idcm iiIiaccidic,quodfiguris hifccin bafi, in fedionc cadcm. In Schc- 
inatcVI n. pIanum£FQXclt parallclumaxiDH. Ergovt portiociTculi 
EMvelXQC, ad portioncmEFA vel XQB: Ik poriio Cylmdri IFJXV 
adporcionemEFABX. VideCorolI.Th.lI^ 

Scgmenta vero , plano per axcra uanfeunte^ dum- 
modonon fccet alterambafium^funt vt fegmentaaxis 
interfe. 

Nam Cylindcr rcdus, fcftus planoad axcm rc^o, cfl: vcluti Unca cor- 
porata, &quidcm cylindrico corporc prardita : quarcaccidic illi idcm 
quod lincx AUa vcro fcgmentapcr axcm , «qualia funtCylindriscadcm 
axis longitudinc. Nam quantumcx vno Jatcr^ CyliTidri dcficit (c^mcn- 
to , quo miniis fit rc6tum ; tantum ci acccdit ab altcra partc ; quod in lciftio- 
ncconi non fit,obina:qualcmciuscrafl5iticm* In SchcmaicV 11 1,plana 
rS 1 redum , LS Vobliquum adaxcm GB, lccantillum communirer in R: 
vt igitur GR ad RB , fic non tanrura poriioncs rcdar KT ad TN , fcd cciam 
ebliqua? LVK ad VNL. Quantum cnimipfi LVK deficira partibus L, 
fcilicccLRT;, tantum ci fupcrcft cxpariibusV, fcilicec VRP, fimilcipfi 
LRT, 

Scgmcntum fcgmcnti Cylindracei, qualc ccrnitur in 
SchcmatcX I V.fccuturo,hterisGST,contcntum (cilicctcribus fuperfi- 
cicbus, (emicirculo GT, fcmicUipfi GS planis, & curva Cylindrica VTS; 

, vt fcAionis planorum linca pcrpcndicularitcr incidat in G pundura a- 
3tis HFi hoc inquam fegmcntum habct fc ad totum Cylmdrum TY «quc- 
altutn;vt' 7. ad vcl 14, ad 66. fere , ad fcgmcntum vcro HGS refiduum ad 
lemicylindrura HGTS, (plano fcilicct pcr axcm HGdu£lorcfciflum vc 
>4vad|p. Nam infra in (uppkrocnco Archimcd;;eo dcmonftrabicur 
ihoc de vna fpccic Cylindri , quando fcihcius alticudo arquac circumfc- 
rcnciam bafis, Theor. X I X. . X X. X X f. Ac cum non tantuoi 
tocus globus fic acqualis coci femi-cylindro 5 6^ cocum ftri<^um cotifcg- 
mcncDCyhndri ,vbi vcrticcs cllipfis fcitricis cangunc bafcs : fcd cciam 

D z partcs 
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i|)artcsglobi &:ftn<3:i 2Equales,fecundum a1iquoramcircumfcrcntia?parrera 
quibusluncproporcionalcs , finta:qualcs partibus lcgracntoruni femicy- 
hndri & Cylindri didorum, fecundum candcm quorann alDtudinis, vi 
cjufdero cxplicationiscorporum rotundorum in redum; fcquttur vt & feg^ 
mcntaiftafcgmcntorum, quorum vniusbafi* cft circulus, ulterius (cmi- 
circulus, fint alcitudinibus fuis proporcionalia, & iic intcr lc in omni alti tu- 
dinc rctineant proportioncm eandcm quas ci\ totorum , lc. 7. ad z^., Qui- 
bus vcro bafes non funt circulus &: fcmicirculus , fcd alia circuli fcgmenta, 
illa mifcent proportionem bafium huic proportioni 7, ad Itaq^ ctiam 
dc his cylindraccorum fcgmcntorum fcgmcntis valctaxioma,non minus 
quam dc conis & pyramidibus> quod qu^ inllitant eidem bali, 
lintinter fe vtaltitudines. 

DcniqjGylindripcraliamfupcrficicm cylindricaro codcm axc fefti 
^limbus cxterior, dividitura fupcrficic conica, cuiusfuntbales, infera 
circulusamphor, fupcraanguftior, induonovasfpccicifegmentacircula* 
ria,quorum intcriusTh. pnorcTunicam appcllavimus,putacylindnaa- 
.guftioris. 

Horum igitur Limbi fegmentorum proporrio rnter 
feeft, quae duarum medietatum Arithmeticarum, quas 
:conftituunturinterdiametrumminorem &C diametrum 
niaiorem. 

Divifo cnim nuinero, putadiamctrimajoris, inpartcs dua$,iti 
^ diamctrum minorcm 6^ in cxccflum, factisqj quadratis, tama minore, 
quam a majorc, majus quidcm quadratum concincbit parces quatuor, 
J.quadratum minoris,II. quadratumdiffcrcntiaj> & IH. 1 V, redangula 
duofub minore& differencia. Triplicatis dcindcquadratis, exiftcntpro 
majoris triplo , tria minoris , tria diftcrcntiar, & fcx reftangula* Et hzt tria 
quadrata diffcrcntia^cum fexredanguhs funt diffcrcntia tota quadrato- 
rum triplicatorum. Quarc vt quadrata ad fuoscirculos , adqj cylindrof 
xquc altos , fic haec diffcrcntia adlimbum cylindricum totum. Atqui Th^ 
antccedenti differcntiam jufi^ fumuf multiplicarc in vnara majorem &: 
duas minorcs,id cft, in feipfam & in tres minores,pro parte limbi interiore, 
quscTunicafuit indigctata.Ablatoigiturquadratodiffcrenti^ vno& tribus 
rcftangulif , a quadratit tribus & fcx rc6languhs , rcftant quadraca diffcren- 
tix duo & tharcdangula ,^pro reliquo limbi* Eft autcm trium redtangu- 
lorum&vnius quadrati, ad tria rc£langula&duo quadrataproportioca- 
clcm,quaJtriumminorum cumvnadiffcrentia adcresminorcs cumdua- 
bus diffcrentijs , cademqj qux vnius minoris^um parte icrtia diffcrcntias 
advnamminorcmcumduabustcrtijsdiffcrencix, Atfiad minoreroaddis 
priraopartcm vnam, poft partcs duas diftcrentia:, conftituis duolme- 
diaarithmcticaintcrminorcm&majorcm. Atq; ideft quod propofuc- 
ramus^ 



Corolla 



Archimedea. 



Corollarium I &Praxis. 

Hinc facileliabctur proportioTrunci coniciadCylinJros, Trunco 
infcriptum & circunaicnptum. Inter diamccrosconftitue duo mcdia arith- 
mcticajtS^ muldplica differcntiam totamdiamctrorum in horura mintis 
f ro Tunica , quam induc CyUndro minoriahoccft addc quadraro ejusdia- 
.inctri, proTrunco. £ccecxcmplum. 



S ntdiam^rri f 
trgo fubltituc triplos p. 
£rgo diamctcr 
minor 

•5?. 
9 



8i. 

Pro Cyliiuiro 
.infcripto 



Differentia 2. qua?nancommuiiicar cufli ternario 
11 DifTc-cntia 6^ Qj^aeadem manecproportio. 
Duomedia Dumeter 1 Cyi. mi- 

Ariihmetica maior nor 8i 

II. 15» Tunica 66 

Dif. 6, 6 if 



66. 78. 
Pro Pro refi- 
tunica duoLimbi 



2zy 

Po Cylindro cir- 
cumrcripto. 



Truncus 147 
Rciiduum 
iimhi 78 



Ahud Excmplum 
Dia- merri 
f« 7- 9' 



Cyi. 2f,Tuu.4L — Truncus. ^7 



Dia- 

19 



Cyi. maiur 22/. 
Ahudcxcmplum 



21. 



metri 

22 



Cyl.^6i.Tuii.6o — TruacuS42i 
Vcl quod eodcm r^cidit , 

Muttiplicadiamctrosintcrfe. multiplica eciam didercntiam ififui 
|)artcm tcrtiam, &: addc faftos; provcnic Truncusincadimcnfionc, vc 
cujuflibet diamctn quadratum valct fuum Gylindrum, En iupcriora tria 
£xempla 

t ^ r 

II 2 f 



9 



6 

2 



I5f 
12 



9 

9 

%i Cyl. 
minor 



147 Truncus 



12 

6-^, Trun^us 



Cyl 
miacjr 



19 
22 



41$ 
421. Truncus^ 



19 
19 

56 J CyL 
jniaor< 



Corollarium I L 



Scgmcnta limbi cylindrimaioriscirca minorcm, fiipcrficic conicS 
^ada, ftantia fuper cadcm bafi, non minui quam cylindri ipfi, adcoqj^ 
^runci toti fubijfdem bafibus cirx:ularibus parallclis, fimt inpr-oporcionc 
fuarttpa altitudmum* 

Ecfi vero fupcrior bafis non fucric inferiori parallcla , ncc circulus , f.'d 
Ellipfisad axcm obliqua : niliilonainus bina limbi fegracnca, cxccrias & io- 
tcrius^funtin proporcioneillarumaltitudinum , quashabct Ellip^eoscen. 
trum&diamctcrminor,cadcmqidiaraetcrcylindric«bafcosrcda:. kaq; 
non dc nihilo cft, quod T h. pra:cedcnti , portionibus conicis , obliquo ad 
axcm plano refedis , quaefivi mcthodum dimcniionis i diamctro ElHpfis 
longiore.Etfifupcrficies calcm hmbuminasquabiiisalcicudinis difpcfccns, 
«iancftCgnirc<ai, cuificidcmaxiscum Cylindris, fcd conifcalcni^ 

D 5 ' ^P^" 
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Stereom. Archime- 

Apoftrophc ad Patronos. 

C V M L I B E L L V s ifte manu fcriptu s 
permenfesfedecim apudlibrarium au- 
guftanum delituiftet , commendatus il - 
liab eximio illo Germaniae noftrse de- 
core, meiq; dum viveret,amantiffimo 
Marco V Velfero; neq; tamen typis ex- 
cuderetur , vt erat mihi fada pr omiffio : 
vix tandem, V Velferojarebus huma- 
nis exempto, hbellum meu extorfi de- 
tentori, pofthminioq;recepi. 

Ex eo tempore confiiium ccpi , Hbel- 
lum, quamvis in magna operarumpe- 
nuria, excudendidomi: quaoccafione 
poteftasmihifadafuit, non cor^ edio- 
rem tantum, fed& audiorem^ quam 
erat initio confcriptus, extrudendi. 
Nec diffiteor , temporis aUquantu fub- 
tradum ftudijs caeteris, impenfumq; 
huic Ipeculationi ; nec poenitet jafturic . 
Nam fieri nequaquanl poteft, vt im- 
mortaUtatis frudum metat labor ,qui 
feni entem tem poris fecit nuUam . 

EtccnfuiftiTu quidem, &: G^^ 
L. B. loRGERE^ qusede figurisab Ar- 



chitnc* 
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DE^ SVPPLEMENTVM. 

chimede non tactis, adrationestamen 
doliorum propriiflime pertinentibus, 
affeda tantum audiebas, vtinequaqua 
omitterentur, quin potius operi fub- 
jungerentur, appendicis loco. 

Ego vero & perfeci potiflimam eo- 
rum partem ; vt quod demonftratio- 
nes attinet, parum, quod vfum , nihil 
ad perfeclionemfuperfit: & tradatuni 
in ipfum libellum hic inferui fuoloco# 
cumq; partibus cxteris ita connexui,vt 
nonappendixcauda, fed caput autcor 
fpeculationis totius, vt cft quidem,vi- 
deripoffit: quodScTe,L.B. Iorgere, 
&mult6maximeTe, Illvstrissime 

DoMINEDE LlECHTENSTEIN (cujuS 

in hac Philofophiee parte exercitatio- 
ties afliduas,facultatemq; comparatam 
egregiam judicandi,ex quo Te primum 
inprxfationelibri fum allocutus,mul- 
to nunc redius & copiofius habeo co- 
gnitam&: pfcrfpedam) vbi tempus ad 
ifthxc cognofcenda vacaverit, ipfos 
cenfituros exiftimo. Valete &cfruimini. 

Id. IulijsAnnoi6i5. 

- - -- - Sup. 



Stereom. Archime- 
Supplementum ad Archimedem, 

DE STEREOMETRIA FIGV- 

RARVM CONOIDIBVSET SpHtE- 
roidibusproxime fuccedentium. 

Huc ufqj Archimedes & Geometr^e veteres pro- 
grcfli funt , inquirentcs Nacuram & Dimcnfioncs figurarum ordinatarum 
rc^tilincarum 6c curvilinearum, quxq; ab ijs folida proximo gradu gi- 
gnuniur. 

Castcrum quia figuraDolii longius a Rcgularibus cxcurric, opera: 
prccium mcfadurum puravi, fi gcncfin illius & cognatarum,gradusq5 co- 
gnationis carum cum Rcgulatibus,cadcm quafi T abella comprchenfai ob 
oculoscxhibercm , cum vxdcmonftrationcs fccuturaeplus lucis habcrcnt: 
tum vcro ctiam, vt induftriam Geomctrarum hujus sctacis cxcitarcm , por- 
tifq; rpaciofifTimi agri Gcomctrici panfis,quxadhucincocxcolcnda,qu9 
indagandareftcnt,j)rsBConiomcopromulgarem. 

De Sectionibvs ConI:>. 
folidorum genitricibus. 

Sediones Conicje curuxfupe^rficiei, quas uaria fo-^ 
tidaprogignunt, hac vice confidcranda, quacuorfuntcurviHnc^-, quashic 

in Schcmatc cxhibco intcc 
ie comparatas, Nam omnif 
hujufinodi ic6tio aut Circulus 
cft CFE,auc Parabolc PCQ. 
aut Hypcrbolc MCN,aut EU 
lipfisCHI, 

Harum figurarumcaufa 
fimphcitatis hic cft ordo, vt 
primus fit circulus , fcquatur 
EUipfis, indc Parabolc. vlti- 
molocoficHypcrbolc* Intcr 
has duap primac infcipfas rc- 
<3cunt,Circulus&Ellipfi$ : dux vcrb poftcriorcsfigura5,Patabolc6^ Hy- 
pcrbolc fic funt comparat» , vt in infinicum , fi cont|nucs , cxcurranc , icm^ 
pcr quidcm ad rcditudinem magis atq; magis acccdcnicsi nunquam vcro 
cam pcnitus aflcqucnccs & id hoc difcriminc,quod brachia Parabolcs L l , 
CQ.vnircaxCI,adc6q5 intcr fcipfactiam,magisatq;magisfiuntparallc- 
la.quamvisintcriminfinicoinccrvallo abinviccmdifcedanc.braciiiavcro 
Hypcrbolc8GM,CNfcquancurduaum duarura Rcaarum K Y , K/,,con. 

currcnciummR,co9 vcrfus Y. Z. in infinicum ab inviccm difccdcncium; 

^ - ^ qUX 
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TfEJE SvPPLEMENTVM. 



qu2E brachijs Hypcrbolcs fcmperapproximant magii magisq; , nunquam 
ramencumijs concurrunc, a qua proprietacc, Rcd:^ RY, RZ dicuntuf 
Afymptoti. ^ 

R.urfumcx vtraqjbiga e{lvna,qu2Efola fuamimplet Ipeciem, cxfi- 
nitisquidemcirculus, cxinfiniiis Parabole : Ellipfium vcroillinc totfunc 
forma^, quot ppflunt effe forma; reftangulorum parallelogrammorum 
LK: Hyperborarumhinc formartot, quotangulorum yRZ,a binisre- 
aisRY,RZformatorum. Sanequia, vtcjrcuiusCE lchabecad circum- 
fcriptumquadratumvniformcDB, &vtParaboIe PCQ,ad Axemfeu rc- 
dam C[ vnicam, fic ElUpfes Cl , fe habent adRc6i:anguIorura L K , Hypcr* 
bolxMCNadConcurfentiumrca:arumyR» 2R;,ipccicsinfinitas, qua:- 
libctadfuam. 

Et nota proptcr dcfcriptionem figurarum , quod ficut in circulo 
omniaintcrvallaAC, AF, AE,interfcfunt:Equalia, ficin Ellipfibinafcm- 
pcr intcrvalla AC , OG , non a centro E> fed a duobu? Focis A^G, ^ftimata^ 
binis quibuscunqj A H , HG , vel AC , CG , vcl AI, IG , funt scqualia.InPa- 
rabola,cujus focusAjdudaquacunq) in codemplano, redlaad axem 
CI,rurfumbina:linea: AC,CI. bihisquibuscunq5alijsvtAO,OK^quaIc$ 
funt. In Hyperbola , cuius focus vnus A intus , alter T. extcrius , &c circa 
cum figura fimilis VSX , intcrvalla bina cuiusqj punftijUt N, &f ocorum A, 
T, fcmpcr vnam & candem habent difFercntiam CS ,lincam intcr verciccs 
^C, 6:S^&c. Vidcplurapauloinfradcfigurarumfolidarumnunicro* 

Demodis Genefeos. 



11 



I 



Porro ex circumdudtu circulari quatuor harum pla- 
-narumfigurarum (dc alijs cnim formishac vicc non loquimur) crcantut 

infinitaE folidorum formar» 
quarum fuperficies non,vtCo- 
ni & Cylindri, akrinfccus re- 
dilinca:, ied quaquaverfum 
.curvilineas funt, iccundum 
«nagis camen & minus. 

Gircumaaiisautcm fpc- 
-cics generalitcr funt quinq,-, 
fcd qu^ minutius poftea fubdi- 
^iduntur, cumad figuras ma- 
gis compofitas ventumfucrit^ 
f In adjcdoSchcmatccxprcfii 
^VlfunthcEfpcciesvtcunq;. Nam 
). Axis CB, circaquemf gura 
I cftcircumagcnda, vcllongias 
^ ftat a ccntro F figura: ED cir- 
cumduccnda:, quam vt con- 
curratcumfigura* Tuncfigu- 

ta DE dircae circumaaa in circulum FCG, cura latitudinc fua erc^aa, 

£ creac 




Stereom. Archime- 

crcat Annulum,inquofpaciumcftinteriticdium,cuius ccntrumA. II.Vcl 
tangicaxisiftegenclcos, vc AB, figuram FD circumagcndam; Tangacirt 
Aj&rtt^ancnccpundocircumfercntiae A, cocuscirculuscircaCB circuma- 
gacur : cunc figur^gignuncur, qu^ poflis Angulos ftridos apcHarc. III. Vcl 
fecac axis gcncfcos figuram circumagcndam cxcra mcdium 5 vr /i maiui 
circulifegmcncum MDNcircafcdionem MN, ficcircunnagcndum, itauc 
centrum F pcr G tranfcac , gignicur autcm figura in duob^s locis oppofitis 
cava Tcilicct circa M & N, qu^BMaUfruausarborei foTima cft. IV. Vcl 
traafit axif gcncfcos pcr ipfum centrum figuraj , vt fi fcmicirculus CDB cir- 
ca manentcm diamctrum C AB fic circumagendus j & tunc gignitur Sphar- 
ra fcuglobuspcrfeftus. V/Vcldcniqjfccacaxiigcnefcosfiguramcircum- 
agentiam intra mcdmm , vt fi rcfiduum fcu minus fcgmcntum CDE de cir- 
culoMDN, ficcircumagendum circa (caioncm fuam CAD : &tunc gi 
gnitur figura, in locis duobus oppofitisacuta, quam a Citrij mali figurapol- 
iis denominare. 

DEFIGVRARVMNVMERO 

&:differentijs. 

Quod fi tres figurac reliquae,fc(51:ione Coni orta:,tani ef-. 
(^nt fimpliccJ, quam circulus , dc quo haftcnus /figura: folidi his V. modis 
«rocrcatar cffent in vnivcrfum Vigmti , a quaUbctcarum , vt haacnus a cir, 
iulo , quinq; , pro quinq; modis Crcationis circularis. Scd propter m.xtani 
ieliquarum figurarum Naiuram , Viccnarius iftc fohdorum numerus ad 
Nonagintaextcnditur. j. r •• 

Cumcnimfigur^ trespropric didx Comca;,non fint vndiqj Gmi- 
lcs-fit vt aax rcfpcau circuH vnicaeftHnca,pro axc gcncfcos affumpta.rc 
fpeau bamm figurarum fiant diverfi. punaum inC.rculo vmcum ,divcr- 
fapunaafintincaeteris. IncirculoVertcx vno&codem mododicitur,& 
om ne circumferentis punftum pro vcrtice fumi potcft ; In cxtcrig Vcrtcx 
pnmariuscfi:,non nifiextrcmitasaHcuius ccrtaeHncac, fcihcctcius qua:a- 
iis dicitur , qua: eft in figuris daabus fcquen tibus. CI , cuius vcrticcs a G rc- 
©rxfcntantur: contra Vetticcs, latiorc fcnfu, totidcm funt,quotHne2m fa- 
Jura pro axc gcncfcot, vel ei.paralleHs, cliguntun quos lubct Vcrnccs pofi- 
tion.rappcllare, quia lineataUadpcrpcndiculum crcfta , pun<aum totiu* 
figut«altiffimum,fitvcitcxejus. VtfcqucntiSchcroatc XIII. clcaadu- 
mctraOS proaxegenefeos , A ht vcrtcx pofitionis : contra eleaacontin. 
Cente EF in axcrogcncfcoi, Vcrtexvel nuUuscft, inHypcrbolis fc.Hcct 
obtufangulis, & certa carum pofitionc. vel certc longc aHus.quam A, puta 
circaO. IncirculoCcntrumidemcftcumFoco, fcilicctAmbchemato 
X prr miffo : In Parabola Focus vnus A, ccntru m vcro nullum cltiniH con- 
cipias, ccntrum cius infinitointcrvallo, focum^jaltcrum ,mtervallo duplo 
4or.,inl.ncaCI,aVcrticcC.reccff.iTe:InEnipf.&CcntrumeftE,&foc, 

duo A.G.omniaintrafiguram : InHypcrbolaitidem CcntrumK duoto. 
ci •, fed ccntrum cxtra figuramin R ; focorumaltcr mtra, .n A,aUcr cxtra m 
T qui eft tefpcau VSX ieaionis oppofitx , intra illam. In crculo diamctri 
omBC- proaxefunt. inc«tcris fxpcaliud axis,aliud diamctcr, vtaHudcft 
lpecics,aliudgcnu». 
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Et in Parabola quidcm{ vc redeam us ad Schcma X 1 1 L fequcns ^ dia- 
metiiomncsarquididanc, vcCf,OS, HA. in Hypcrbola vcroacq; Ellipfi 
omncs pcrccntrumfigurxPv traducuntur,quodcftin Hypcrbolaexcra, in 
EUipfi incus in medio. In circulo arqualcs tunc omncs diatiiCtri infelli p (\ 
difFcruntlongitudmc , ut CI, OS j in Parabola &: Hypcrbolanoneft carum 
linitalong tudo, In circulo & Ellipfi omnis lineam tangens habct arqui- 
diftantem fibi diaroctrum . in Parabola U Hyperbob, quas tangenti cui- 
cunqjxquidiftat, vc PK ipliFE, diamcter figurxcfle non poceft. Sccun- 
dumhorum igiturpuncborum linearumqjdiftercntiam figura' planar cir- 
cumaftj!,variasctiam5&:requidcm(cmpcr, plcrunqj vcro eriam adocu- 
lutn differenrcs fpecics fohdorum procreanc : quas figillatim reccnfcrc 
non pigebit , non tamcn repititis quinq; fpcciebus cx circulari Coni (c6tio- 
ne ortis , qux fingula: familian fingulas ducunt jam fequcntium , quafdam 
inccrim communes habcnt clicntclas. 

Incipiamus ab i s inquibus defijt Archiracdcs, & fit inSchcmarc 
adjedo, axis figurx Gi j circa qucm tigura PCQ circumagatur, fic vt ma- 

nenteCIjpundlum 
NjperpunftumO 
iranfeat, Q^perP. 
Crcanturigiiur fo- 
lida duoConoidca, 
Parabolicum &Hy- 
pcrbolicu,5«: SphiE- 
roideslongunaj fcii 
figura Ovi : cuius 
vcrtices C, I; cir- 
culus ampliflin.us 
ERK-,dcquib"/r- 
chimcdcs hbro dc 
Conoidib^&Sphse- 
roidibus< Modus 
gcnefios cft e Nu- 
mcro IV, idcm 
qui globi. Spccics 
funt 5:, numcro li- 
ncarum. 

Sit jam axfs gcncfcosnon ipfc axis figura: Cl.fcd ciparallclus. Erir 
J?Hur vcl extra figuram , vt in DF, vcl contingcns cam, vt LH eontingcns 
5^^^ qusEduoinfolaEIIipfilocumhabcnt. NamincaJtcris, omnislinca 
parallcla axi in codcm plano, fccat figuram continuatam. In Ellipfiigitur* 
mancntcDF, &fota figura NOPQ indiftantiaccntri RG circumlata^gi- 
gniturannuhTpecics qucmarduumdixcris;fimiliscft fcrtopuellarumru- 
fticarura, qnippcfpacmm babctin medio.Sicmancnte LH & punaocon- ^ 
taftus E, tora icidem figura NOPQjrircumlata, fic folidum cjufdem no- 
roinis fcd finc fpacio m medio, hoc cftannulus ftridus Vtranq; imaginarc 
tibi in Schcmate XI. adNumcrosI. IL fcd pro circulis feaionum in- 
tcIligcEllipfcscrcaas, E2 Vcl 




20, 



Stereom. Archime- 

Velcrit intrafiguram axiscircumduiftionis; fitOK, &confiftatvel 
citraClaxemfigurx, ficvtaxisCIcumporcionefigurxmajore OCQcir- 
ca OK agatur , & mantntc O , vcrtex C per S tranfeat , & Q pcr V: t unc Pa- 
rabole & Hypcrbolc, roagis ifta , figuras faciunt QGOS V.moncis /Etnx ii- 
milcs, proptercavitatem cjus m vcrtice , quam Grzci vocabulo Craterum 
cclebrant • Ellipfis vcrofiguram hoc pafto crcac fimilem Mali C otonci, 
quam iroaginabevis in Schc. X I prxced. apud Numcrum 1 1 Irfcd pro con. 
fcitis circulis feaionis intelligc conlcrtas Ellipfes ercdras^vc w Schcm.XI l. 

ConfiftatctiamdidaOKvltraaxcmfiguriCIfibiparallclum.dcvtPO 
minor pars figurs.quse axem non habeccirca manentem OK circumagcn- 
da fit tunc a Parabola atq; Hyperbola fpecic» quxdam nafcuntur Cornuum 
rca:orumMNP,quoruaialiafuntacucaaliaobtufa,vt inpccudibusquan- 
do primum conifcantcornibus. Ellipfi» verodat OQfiguram Ohv* vel 
Pruni , fimilcmilli Numero V, Schctiiatis prx-miifi X I 

lamomifloaxe i. I,fuccedat eju»perpcndicularis mcodcm plano, 
&fic primum extrafiguramvt i X. Ergocircum TXaaa:figur3e,folida 
crcantannulariaordinata. Parabolc quidcm&Hypcrbole cxtrorfumm- 
finita,brachij»CP,CQexcrorlumvcrfis&hiantibus,incucuIumc.rcum- 
latis. Ellipfis verocircatalemaxisCR perpendicularcmTXcxtenorcm, 
intcrvalloccntriRY,manentcY, circumduaa, creatannulum fupmum 
fcu feflllcm, fimilcm fulmento prcffo bajulantiumficulaj, capicibuiluppo- 
ficis. B urfumhanc figuramimaginarcin SchematcXI.precea. Numc- 
ro I fcd pro circuhs lcdionumfint EUipfesjaccntcs , vcrticibus mviccm 
obvcrfz. Contmgat ^xinde figuram in C vcrticc, perpcndicularu ifta 
axis.fitqiCS i&figurifcircacam circumaai»,trcsgigncniurfpecics Annu- 
lorum ftridorum ordinacorum , duoinfinici cxtrorluni , vt pnus, vnus fi- 
nitusabEllipfiGI.raancnte punaoC, cft^i fupinus veHcflths vclprcirus, 
vtpriusiimaginandusinSchematcXIpratced. apud numcrum H, Upro 
circuUs feaionum cffent Elhpfes vcrcicibus fefc concingcntes. Secct dc- 
niq; figuramiftaperpcndicularis axi, fitq; ON: fccabic figurx planiciera 
inparcesduas,inParabola&Hyperbola(empcrina:qualcs,cumalccrapars 

PONQiahoica fit , ONC finica.ica vt hnca: conicx ftant tna fegmcnta, duo 
infinica,vnum finitum ; in Ellipfi ver6 liccc vcraq; finica fic,ftlccra camcn plc 
runq;major cft, NIO, alcera minor, OCN. Jgitur fcx h.fcc figurarum 
Icgmentis circa ON circumaais , tocid«m exiftcnc novx f pecics, dux circa 
med-umvcnnq; ((c.inO.&N excavacae. cxcerius circumcircainfiniti, 
quippcapartibusinfinitis PONQ^irca ONcircumaais, vnaqua: cftab 
Ellipfeosfegmentomaiori.lcncicularis.fupra&infravmbihciforma. ffo- 
venir califormagcnus quoddam Melonis fcflilis minuci , qui totuJ edicur: 
provcniunctalilormaltipcriuscciambolcciahqui. Hancm SchcmaccX». 
prarccdenci , N umcro 1 1 1, apud figuram Mah imagir.arc, fcd pro conlerns 
circulis fcaionis inteliigc confcrusEllipfcs codcm axc,vc mSchcmata pr^- 
fenti XII.Deni6; minonbus figurarum part.bus ONC . trcs rehqu* bgurx 
lolid^Efiunc, afpcau fimilcs intcrfc rcipfadivcrfx; Ellipticatn quidcm 
OCNLaPrunocraffo, Parabohcam vero&Hypcrbolicani OCNlaFufas 
diftinaioniicaufa nonincptc dcnominaveris. Ac^; hsdux, prarfcrt.m 
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illa, quxcftabHypcrbola mukumobtufangula, prxcipuefunt norabjic^: 
Fiuntcnim figur^verticofx, cum vcntre circulari , rotunditatis confpi. 
cua:,rcliquocorpor5Vcr U5vcrticc$vtrinq-, magisad Conorum rcctiruJi- 
ncmacccdcnte. Inhis critnobisquiErcndagcnuinafiguradolij, prxledis 

verticibus O. N. . 

Di^tum cil ,m hac forma fcdionis , fcgmcnta Ellipreos non fcmpcr 
cflc in^qualia. Ciim ergo hxc axi pcrpcndicularis pcr ccntrum figurae R 
tranfit,quamaxcmvel diamcirum rcdtam & breviorcmappcllant, tunc 
figurxdmiidiuro, circahanc ERK circum adum, fic vt roancntcE, vcr- 
tcxC per I traducatur, crcat altcram fpccicm Sphxroidis lati>cuiu3 vcrtices 
inii,K,circulusampliflimuiCRI,dequoitidemArchimcdcs. 

Hucvrqyrcccnlcre&rdiftingucrcfiguras folidas rufFccifTct odDolia 
vinaria. At cum pr^dixerim , mc in hac fpcculatione paulo longius vltra 
libclli hujus metas profpicerc *, adjungam cognationis caufa ctiam rcliqua> 

fohdorumipccics. ^ 
Succcdatigiturin pr^fcntiSchcmateXIII.proaxcCI aliaquajcunqj 
diamettTOS, &meaftatuaturaxisgcncfcos. HicElhpfisquidcmfccatur 
scho7>^ xur. pcrcentrumR, in duas medictate? fimi- 

lcs, quarum vtrahbct circumdudba circa Z'^^ 
ORmancntcm,crcat formam Pyri,quiB 
iurc cognationispoftulatadiungi MalistSc 
- , / /\ Cotoneis&Prunis,vtconttctbubellarii$ 

'y\ j y / intcgritas. At rchquic duse figurirfc- 

can tur in partcs diftimilcs intcr fe , vtrasq; 
Ji. iDfiniias,fcdinHypcrbolaobtufangulaca. 
lus duo func :Nam aut fccatur anguJus ob- 
fusabclcda diainctro induas partcsacu- 
tas,aut vna fola pars cft acura , altcra obto- 
la vel rcfta Partes igitur figurarum , cx- 
ccpto caf u vltimo , a rcumdu£l:as crcant fi- 
guras, qu3e ad oculumnihil difFcrunca 
V ^i-'' / // \ CratcribusS^iCcratoidibus, Numcris 25.27. 
v\ ^/T^r/ // 7,p.joJnfignitis; ctfireipfadivcrfaefunt, 2^-2^' 

^ obaxis CI circumvolutionem,hic coni- 
cam ilhccylindricam, totiusq>hicpartis 
\ gcncrantii obliqaitatcm* 

In obtufa vero fcaione anguh obtufi 
Hypctbolcs, pars maior dgurx circa talcmdiamctrum circumduaaad- 
dic vnam fpccicm , vcrius non fpccicm. Nam & dcorfum Sc cxtorfum in&- 
xiitacft(nifi, vtinomnibustalibus, fupcrficic conicavcl cyhndnca>qu« ^^^^ 
oritur dudtu redx', fincm ci ftatuas carctq; Vcrticc, fcd cius loco,cft in mc- 
dio in vmbilicum deprcffa, circa afccndic furfum lcniccr , id^ finc terrnmo. 

Pro diamctro OS fumatur ei parallclaBD , qua; in Ellipfi non habcc 
fcparatam confidcracioncm a parallela hncae concingcntis,quippc omni 
diamctro rcfpondet fua parallcla contingcns figuram. Rcftac vc illam pa- 
. allclam apphcemus reliquis duabus figuris fit igitur vcl cxtra hguram vel 

j7 ^ intra. 
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intra. ExrraeneinParabola&: Hypcrbolanonpotcft^cumomncsdiaiac- 
triparallclxfiguramcontinuataraintrenr. Ducaturigituraliquadiametro 
OS para!le!a,intra figurasliasdua». Rurfumautcm inParabola linca qua: 
cft diametro parallcla. ipfa quoq^cfl: diametcr, nihil fcinc gignitur novi. 
In Hypcrbolafola cafusirtc locuro& confidcrationcm (cparatamhabct ; 
<juam cum diamctcr OS in duas diJdimilcs fccucrit partcs Jam ha:cParalic- 
laipfi OS velinw?iinoriciuspartcducitur,vclinniaiori. Ducaturinmiiio- 
ri & fit BD, fccac igitur dc ipfafiguram in partcs magisadhuc diflimiks, 
quarum maior creac aliquid Cratccum Numcro 7« fimilc , auc infiniti Nu- 
mcro:ro. niinorhmilc Ccracoidum , Numcro jo* Ducatur jam in maiori 
parteOQ^aliquaipfiOS diamctroparallclaj quodinHypcrbohsacucan- 
gulis habcccafusquinq;, Nam aucmcer diamctrum dividcnccm& verci- 
ccm primarium ducicur , vc inccr C^ O. auc pcr ipfum vcrciccmprimarium 
C,auc inccr vcrticcsduos, primariumC, &pofitionis A y^aut vltra vcrti- 
ccra pofitionii A ScdinobtufanguIisHyperbolisvertcxpofitionisnonda- 
tur. In vno quolibct cafufccatur figurain duas diflimilcs partca.Specicsigi- 
turnafcunturtredccim^ quarum quatuorfunt fimilcsGratcrum, Numc- 
roy. trcs fimilcs figura? cava? Numcro jo. quatuor fimilcs Ccratoidum 
Nu mcro |o, quippe acuts : dux rcfiduae funcrocundacac in vcrticc, fimilcs 
Conoidi Hypcrbohco , numcro vna quidcm, qu3? cft a parcc maiorc Hy- 
pcrbolcsvcIacucanguIa:,velfi obcufangula,convcnicnti diamccro divifir, 
vcdidum (dcbcccnim illafccarc angulum Hypcrbolesobcufumin duaf 
parcesacucas) fimiliscftobtufangulo , qua; vero a partc minorc, fimihsa- 
cu-cangulo Conoidi. 

Vltimalincafit^Concrngcnsfcaionem, cxcratamcn vcrciccm pri, 
mariumCyVcEF. circaquam fi circumagancurfigurae Parabolc&: Hypcc- 
boIc,duasgignuncfpccicsinfinicas,fimilcs ijsquxlunc numcro )6.mi- 
nus ramen ordinacas. infinicas cnim fc cxccndic in rranfvcrfum» EUipfis vc^ 
rocircahanc EFcircumdudtagignit annulum ftridum connivcntcm,co- 
gnatum iHiNumcro i/. qucm iroagmabcris in Schcmate X I. quinq; 
modorum circuma6tu$, apud numcrum 1 1. fcd pro circulis fcftionum 
concipe Ellipfcs ad mutuumconcadum acqualiccrinclinatas. Concingcn- 
tihus acecnlcri poflcc Afymptotos , cft cnim quafi contingcns (eiSlioncm in 
punaoinfinitumdiftanti; &hic confidcratur nova fpccics, quafi mcdia 
mterannularcslaxas&ftridas. > 

Sit pro contingcnTi^cius parallcla , & fit primum cxtra figuram , 6^ 
circahancvclucaxcmcircumagantur figurxj quatuor fiuncfoUdoruman- 
nulorum (pccics,cx ParaboIa& Hypcrbolainfinici in tranlvctfum, quo- 
rum dorfura in Parabohco fcmpcr circularitcr cminet, in Hypcrbolico 
quidam cminensdorfumhabcnt, aliicxcrorfum fiuntaltiorcs, quamquo 
loco funt anguftiflimi,nonmuItumabfimilcsfiguraj numcro jj, ExHI- 
lipfi vcro circa GH circumafta fit annulus finicus connivcns, cx alccra 
parrcamplior, in formafcre Tiarxfcu GlobiTurcici, fi dcmpferisciapi- 
ccm, Hanc cciam imaginareapud primam formam circuma^^uSj vt ta- 
mcn pro c^rculis fcftionum concipiasEllipfcs ad fc mutuo xqualicei: 
riiclinatas. 

Pirl. 
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ParallclaCoiiringenti d fuerit intra figuram,vt LK^fccatns cam in par- 
Tcs duas, multa^fiunt ipeciei, quiaetiam cafus multi» Vcl cnim LKncn 
fccat axem intra figuram , vel cum fccar. Et ii fecac , tum vcl tranfic vcrti . 
ccm primarium G , vcl cum intercipit, cxcludcns vcrticcm pofitionis cir- 
ca O» qui ad crcaioncm figurar fecundum EF (equicun fitamen aJiquis da . 
tur ; nam m Hyperbola obtufanguJa , fi LK vcl Ffi cum Afymptoto contra- 
ria RB, feccrit obtufum angulum vcrfus figuram , Vcrtcx uulius eH: ; Vel 
pcrhunc poiitioni5 vcrticem tranfic; vcletiam hunc in partc rcfcdainclu- 
djt. Gafus rccenfui quinq; &:omnes inomnibus tribusfiguris locumha- 
bcntjfe<5l:ionesergoquindccim,&binain fingulis figurae lcgmcnta. Scd 
in Hyperbola rria majora trium primorum cafuum duplicia , relpcctu effc- 
ftus; autenim dcorlbm cxcurrit infinitas ibi , vtin Paraboia, autfurfum. 
Soiidorumcrgofpecieshinc funttingintatrcs,quarum tredeceminfinita: ^-^ 
intranfv^rfum,&:cxhi$novcmvtrinq5 invmbilicumcxcavarx,(quarum5* 5-7^ 5-^] 
cum.crBincntilabro ciixulad, vtGratcrcs Numcro/, (ed inhoc divcrfi, ^-p^ 
quodfl^quiparanturmonrictiarofubtusexcavatoj j.vcrofinecminentila- ^,^ ^2. 
bro»quarumnoneft finita altitudo, fimiies figurseNumcro )qO duxacu- 
ininatx,Geratoides ut Numcro jo. &duajbcncrotundatoycrtice,Conoi- 
deSjUtNumeroi -, quando fcihcetlinea, circa quamcftcircumagcndafi- 
gura , per verticcm tranfit pofitionis , ubi is datur. Harum tredccim,quinq} 
lunt Parabolic^e, odo Hypcrbolica^, Rcliqux viginti funt finitas, & altera 
p.irtccrafl3orcs,rehquatcnuiores. Exijscnimquindccim (quinaecx figu- 
ris finfyulis) fpccicsfunt in acumcn defincntcs,novcm quidcm vtrinq}. ter- 
iiSEcxfigurisfinguhs,quosNuclcosappelIcraus:trcsver6,fingul^cx figuris 
fiugulis,a parte crafiTiori bene rotundatae, affincs idco Spbaeroidi lato *, quas 
Fragisaut 

NuciPincxcompararepoflumui:rrcsdeniq5,finguliErurfumcx gg^ 
fi guris finguhs , a parre craffiori cava?, a tcnuiori acut^ , in modum foIlicuH 
Vcficariac, quam Germani Gcrafa ludaica didlitant, occultc fignantcs 
glandcmpcniscumprasputio. Quinq}ver6 vltima: funtPyrorum fpccici, g^. " 
a partc majori £lhpIco*,quinq; didis cafibus fcdionis hujus, gcncrataf, gg'^ 
cavaEomnes tresvtraqjpartc, duaealtcrafolum » partc vcrorcliqua tcnui g^-^ 
unarotundaca,&Spha:roidifimili5j vnaacuta,ferc concidcns cum Vcfi- g^-^ 
caria,cxEllipfeosparceminorinata. SummaOduagintafeptem,quibus g^, 
additxfigurxquinq^cx circulo , vcluticapitafamiliarum, cflficiuDtformas 
nonagmta&duas* 

Tot igitur funt j^enera figurarum Solidarum a lc- 

ftionibusconicisincirculum*1aais refultantium j vtjam fegmcntafingula- 
J^"m,atitcompofiraafcgmentis,feorfimnonnuroercntur. Vcrbicaula,pa- 
tina ftannca conftat pierunqj tribus fupcrficicbus , in fundo, lcgmcnto 
Sphxr^ . circum,crarcre Parabohco , limbus vero cft cx fupcrficic coni val- 
dcobtufi,autctiamZona Globiobliqua. Etfi vcro complurium dimen- 
fiiones art ificiofx inidcmrecidunf, nonfunt tamen ignorandaGeomctr^ 
difcrimina gencrationis tam multiphcia, neincautus,circanonnuilarum 
fpccialium gencralem confiderationcm,pcrtrahatur in infidias incxphca- 
bilcs. Girca ha^. igitur fingulas cxcrccant fc Gcomcira? , cxemplo Archi- 
mcdis; quicx hifcc^quatuor folai quiniam,Globum ipfum,confidcra- 
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■vk nonquodvtiliffimsaut communifrimxcfTcnt, quidcnimhicliabct 
Conoide? parabolicum prx Annulo,Malo, Pyro,Pruno, Nuclco-" lcd quod 
limpliciflimj?,& proxima^globo &: ingcnio lcprxbcrcnr. Nosinprxfcns 
illas taniumcontcmplabimur, pcrquas acccdus pacctadFufa Hypcrboli- 
Ca , quorum Trunciiuat noftraciadolia: fubjiciam igiturdc ijs theorcmara 
lcqucntia. 

Theorema XVIII. 

Omni^ Annuliisfedtioniscircularis vel cllipticx,eft 
^equalisCyiindro, cuius altitudo a^rquat longitudinem 
circumferentia^^ quam centrum figurx cixcumducla: de- 
fcnpfit, balis veroeademeftcum fcdione Annulj. 

Intelligo fc(aioncm,gua2fit,plano tradudo pcrccntrumfpacij annu- 
laris, ad (upcrhcicm annularcm rcdo. Huius Thcorcmatis dcmonftratio 
patctpartimcxTh. X VI,&ijfdcm clcmcntis inftituipoteft , quibus Ar- 
chimcdcsStcrcomctria^principiatradidic, 

Annulo enim (in Schematc Xi. ) GCD fed intcgro , cx centro fpacij 
A , fcfto in orbiculos infinitos ED , coq; minimos , quilibct corum tanto c- 
nt tcnuior vcrfui ccntrum A , quanto pars cius, ut E , fuerit propior ccntro 
A , quam eft h , & refta per Fipli ED perpcndicularis in plano fccantc ; tan- 
loctiamcraflior vcrfus cxtcriora D : cxtrcmisvcrodidis, fcilicccD, S, fi- 
mulfumptiSjduplurafumitureiuacraflitiei^quaicftinorbiculorummedio* 

Haec ratio locum nonhabcrct, fi orbiculorum E,D, pancscis dc 
vltracircumfcrcntiamFG,lincasq;pcr F, G, pcrpcndicularcs,Qonaequalei 
. xqualiterq; fitas cflcnt* 

Corollarium i. 

Hxc ratio dimcnfionis valct tam in circulari forroa annuli, quam 
incllipticaardua, (eflili,connivente,tamm laxis annulis,quam inftri(5li8: 
quin imo in omnibus annulis,qua:cunq5 eius, pro circulo ED, cxiftat figura 
cx fcftionc cius re^aa : dum modo in plano per AD ad annulum rc<3;o , (c- 
(^ionis partcscis & vltraF, fucrint aqualesarqualitcrqj fita: hinc & indc: 
Quodcxplorabimusinhgurafedionisquadrata. Sitannulus corporcqua- 
drato , & inteliigatur fub EDquadratum. Hicannulus habet rationcm di- 
menfionisctiamaliam, Nameft parscxtcrior Cylindri, cuiusbafiscftcir- 
culus {cmidiamctro AD, altitudo DE ; huicCylindroexTh.X VT. adi* 
rocndacftmcdulla, feu Cylindcr, cuius bafis cftcirculus fcmidiamctro 
AE,altitudoED.QuarcquodfitdudaEDincirculum AD, minuscircu- 
lo AE,aEquatcorpus annuliplanoquadratocrcati. Er fiduccreturED in 
quadratum AD, mmusquadrato AE, proportio corporis fa^i» cflctad 
corpusquart;Epartisannuli, vtcftquadratum ad circulum, fcilicct j4» ad 
jnSit AEj.Ergo AD^.cuiusquadratum |6.fcd quadratum AE.cft^.Ergo 
viditfcrcntiaquadratorumcftii. quod ducin altitudmem^, cxiftit corpuj 

24.cuius 
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:?4 cuius quadruplum of.vtvero 14. ad j;. fic p6 ad T^-.cum tribus lepcimis, 
-Annuliquadrati corpus. Hxcfccundum rationem Tb.XVI. Atfccun- 
dummodumprxfenrem,CLim (it/ F :;'* FGc^. vtvcro ad::::. Gc^. ad 
iiiinusvnafeptima: eritcrgohxc longitudo circumfcrentix FG, proalti- 
tudineCylindri: itcum EDlic2, &: quadranimeius j , pro bafi Cylindri, 
ducigitur^.in )s> minus vnafeptima, prodeunc 76 minus quatuor fepti- 
Jiiis, Ecceverumeciamficchcorcma» 

T H E o R. XIX. Analogia. 

Annulus ftridus eft ^qualis Cylmdro, qui habet 
bafin^circulum fedionis Annuli:,alatudinemxqualem 
ciuscirculi loncritudini. 

Valeccnim modus iftcin omni omnino proportionc ipfius AE ad 
A F, valctq; adhuc in Annulo ftrido , ubi circuii EC circumafti centrum F, 
dcfcribitcircuhimFG, a:qualem ipfiDA circumafto. Nam lecarur tale 
fl:ri£l:umex A,inorbiculos,qui in Ahabenc crafliciem nullam, inD du- 
plam ipfius craflicici in F, ficut circulus pex D.duplus cft ad circulum 
pcrF, 

CoroUarium. 

Gorpus CyUndraceum , quod fit (in Scheraatc X I ^ circumaiio qua- 
-ddlatcromixtilineo MIKN, viejufdcm demonftratioitii «quale eftco- 
lumna:, quichoc quadrilacerum habcc probafi, &c longicudinera circuli 
perFGproalcicudme, Limbusvero exceriorlKD, cylindraceum cxtc- 
riusambicns, uccirculus ligneusdohum, plane nihilatcinec adhoccheo- 
rcma^fcdalijsprincipijscftlndagandus^ 

Analogia-^ 

Rurfusautcm valctiftemoduspcromniacorporafcu fcgmencaMa- 
li(vc& Coconci)cyhndracca, magismagisqjcenuia, doneccandem IKfi^ 
MN coincidanc , quod fic in gencfi globi , numero IV. ubi pro duabus MN 
cftIK,eftvnicaBC, quare inillo corporcprimumceiratinfolidum,huius 
t^ieoremacis demonftracio & ufus. 

Corollarium. 

Globuseftadcirculumftriftum , codem circulo crcatum, ut^. ad 
5v Naratcrtiapars fcmidiamecri,duaainquadrupluro circuhmaximi, 
vclduxccrciaediamccriin arcam circuh maximi , creant cyhndrum ^qua- 
lcm cube. At Gylindcr jcqualis ftria©, habcc bafin quidem candcm ; alticu- 
dincmvcrOjCircumfcrcnriam.Ergoutcircumfcrcnciaadbcfremdiamctri, 

jj^ad/. icaftridtuipadGlobum. 

g Thco^ 
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ThEORExVIA X X. 

ZronaMalicomponiturcx Zona globi, 6c fcgmen- 
to redo cylindri, cuius fegmenti bafis cfl: fegnicntum:, 
quod deficit in figura, qux gignit Malum, alcitudo vero, 
a:qualis circulo, quem centrum fcgmenti maions de- 
fcribit. 

Dcmonftratio. Explicctur corpusMali ijfdem Icgibusin Cylindri- 
cumfcgmentum, quibus Archimcdes Thcor*II.cxplicauitcirculiarcam 
schema xiF, intdangulum redangulum; & fic AD (cmidiamcccr cir- 
culi maximi in corpore Mali. excuius punfto D, criga- 
turDS, cjus circuli maximi longitudoin re^lum cxtcn- 
fa, quas concipiatur in lupcrficie cylindrica. Nam linca 
MN cft vcluti communis acies,ad quam tcrminantur 
omniafegmenca lolida circularia, Extcniavcrbmaximi 
circulicircumferenciainrcdumDS , fegmenta illafolida 
circularia fimul cxtcnduncur, & fiunt EUiptica MSN, 
praEterquam primum MDN. Scd clarius eluccfcet vis 
hums transformationii in fequcntibus. Sccetur arca 
MDNlincisparallcIis ipfiMNin aliquotfcgmcntaxquc- 
lataminima, quafi lincaria,&connc^anturA. Spundla, 
& inlincam AS, cxAD diamctri punftis ,pcr (edioncs 
area:fadi5,ducanturpcrpcndicularcs FG,C)L. fitautcm 
F centrum , & qucc cx F perpcndicularis , fcccc A S in G, 
& per Gducacur ipfi FD parallclaGT. Sic dcniq; O pun- 
dum mcdium fcdionis IK , cx illo perpcDdicularis 
OL, fccans AS in L, &per L ducacur ipfi OD parallcla 
LR. Cum igitur figura circa MN circumagicur, nihil 
fcre crcac arcola MN, quia minimum moveiur-, ac cius 
parallcla pcrF,jam movecur m circulum, longitudinc FG, lincapcr O, 
incirculumlongitudine OL, & ficomncs : & partcs corporis cyhndra- 
cci,pcrFG, OL fignatar, func^quales cyhndraccisillis vcluci cunicis in 
Globo, quas gignunc lincas in circumadu figuras MDN circaMN; pcr 
XVL Thcor. Tocaigicur figura, fcilicct Cylindri prifma MNDS, con- 
ftans ex omnium cunicarum corporibus,in rc6tum cxccnfis,a:qualis eft to- 
ti corpori Mali , ex tunicis conftanti. 

Amphus, cylindraccum corpus fupcrbafilMNK ufqjinL, cylin- 
dro fciSo per planiciem,inquafuncOL&:K! hncaj,crit a:qualc cylindra- 
ccoMah, cui dempcacftzonacxtcrior. £tigiturParticulacylindri,rcfc- 
:fla pcrhocplanum,fcihcccLSDO, cricasquahsZonacMali. 

Cum 
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CumautemGrfitxqualisipfiFD^&fit fcmidiamcterillius globi> 
cuius maximus circulus cftMIKN , & TS fit longitudo illius circuli Hiaxi' 
mi (quia ut AD ad DS , fic GT ad TS ) Prifma cylmdri fiipra GT v fq; in S , c- 
rit^qualcGlobo: Etpars GVL fimilitcr critajquali? cylmdracco corpori 
globi FD , pcr circum aa:um lincx IK ad F J rcdx , dcrcripti. Et igitur par- 
ticulacylindri LSTV rcliqua, crita:quaIiszonx globihujus, cuiuslcftio 
cftfcgmcntum KDL 

Scd O DS L compomtur cx VTSL , & cx ODT V , fcgmcnto cylin- 
dracco, cuius bafis IKD fcgmcntum, & FGaltitudo, jequalis circuIo,qucm 
Fccntruro fcgmcutiraaiorisMiKNdcfcribit, fi figuracirca MN circuma- 
gaiur. Ergoctiam horum .Tqualiafic(unt; fcihcct,vtzona Mali compo- 
naturexZona Globiabcodcmfcgmcntodcfcripta, &cxdi<3:o fcgmcnto 
cylindracco. 

Cor oUarium & Praxis ftereometrica. 

Malum mcnfuri, ficagcmus. Datam cffc oportct longitudincm 
MN dcficicntis fcgmcnti apud A, in proportionc ad diamctrum circuli (cu 
fcmidiamctrum FD. cxqua daturfcdorMFNad iFK,pcrCaroIladTh.lL 
Nam fidimidiaMN, hoccftlO, cxplicctur numcro,quahumFDcft 
JoooocMNcritfin^redusarcuiDlsquo dato,datur&:OFfinuscomplc- 
incnti,& ODaltitudo lcgmcnti dcficicnris, fcu fagittaaut finusvcrfus in 
tabula finuum. M ultlplicato igitur FO in IO,prodicarca trianguli IJFK , qua 
ablata a fe<aorc I/K, rcHnquitur fcgmcntumiKO, quod duc in circum- 
fercntiam fcmidi^mctrl AF, pcr Th. praefcns , & crcabis Icgmcntum «yhn- 
dri,fupcrbafi,(cgmcntotirculi, &altitudincFG; quarcftpars vna Mali, 
parsfcilicctZonx Mali: aufcrautcmduplum fcgmcnticircuh abarcacir- 
culi,rcftabit fcgmentijim drcuH intcr IK & MN ; quodducin candcm cir- 
cumfcrcntiamcirculiper AB dcfcripti : fircrcabis cylindraccum Mali; 
quxcftparsaltcra. * ' 

Etquiafcitur;K,fciturigitur&lM* Quxrocrgofcgmcnturoglobi 
KlM,cuiusbafcosdiameterlM,pcrTh. XI V; eandcm vcrobafinducin 
altitudincmMN,Crcabisq;cylindrum fubhoc globi fcgmcnto, pcrTh, 
III* cuiaddcduo fegmcntaglobiinvcnta,conflabifq; cylindraccumglobi, 
Jntcr IK , MN i id aufer a corporc globi noto,per Th. X 1 1 1 , rcftabitqj zona 
globi, cuiui fcdio iKD; quxcftparstertia Mali, parskilicet altcra zonas 
Mah ; tribus vcro partibus compofitis , totum rcpraefcntatur corpus Maii, 

Corollarium 1 1. 

Sic xona Cotonci , & zonaCucurbita: fcffilis , componunturcx zonij, 
illaSphafroidisIongi,hjccfpharroidislati, &cx cylindriprcflifcu EUiptici 
fegmentis , illaex planiori , hxc cx dorluali : quor um fcgmentorum bafcs, 
funtEllipfcosfcgmcnfa, dcficicntiainfiguris, qu^ cotoncum & fcflilcm 
cucurbitamcrcavcrant : altitudincs vcroaequalcs circumfcrcntijs inlon- 
gum cxccnfis , quas ccntra figurarum in circumat^u dclcribunt. 



Stereom- Archime- 



Theorema XXL 

CorpasCitrij eft differendaintcr Zonam Globi &c 

dictumfegmentum Cylindri. 

Dcmoriftratio. Nam codem modo , vt prius , cum figura ( fupcrius 
in Scbematc X , Numcro V. GDB circa CAB ) hic vero in SchcmatcX 1 V. 
JDKcircaiOK circumagitur : fcgracntumarcolaein ipfam lOKterminans, 
fcrenihilercat,quiapcncnibilmovctur ; atpartcs rcmotiores, iammo- 
vcntur pcr longi tudincm circumfcrcntiarum fuarum ,doncc vltima D , vcl 
ci rcrpondcnsR movcaturinlongitudincm RS,quanta cftcircumfcren- 
tia circuli ampliffimi pcr corpus Gitrij : cx quibus[cicmenti5 conficitur , vc 
corpusGitrij ,CDBE,inSchcmateXL)fithicinSchcmatcXI V «quale 
fcgmcnto cylindri LRS. A t cum AD dupla fit ipfius FQ, id eft G V , ch t &: 
OL,dupla ipfius CZ. Corpus igitur ODRL rc£tum,duplum ipfius VTRi > 
par9'igiiur ODTV, sBqualis parti VTKL. 'ScdRLScftdifFcrentiainter 
LSTR , & LRT V, quorum illud xqualc Zonx Globi , hoc acqualc fcgmcn- 
toCylindri YDT V. Patctigiturpropofitum. 

CoroUar ium & Praxis. 

Oportct cffc datam longitudincm axis Citrij,& diamctri circuli maximl 
pcr corpus mcdium.: Multiplicato igituraxcinfcipfum , & fafto divifo pcr 
diamctrumhuiuicirculi maximiin corporc Ciirij, prodit aliquid adijcicn' 
dumdiamctroCitrij:vthocaggrcgatumcftad diamctriam circuli zooooo^ 
fic axis ad finum fcgmcntiquodcrcat citriu; Sic &diamctcr Citrij ad finum 
vcrfura^x eofimihs,fed tamcn brcvior,cft calculuf vna operationcquam 
prius. NonindigcmusclllmcylindraccoMali : (cdinvcnto primumicg- 
mcnto VTKO , deinde Zona GlobiLSTV, aufcrturillud ab hac, & rc- 
ftat LSR corpus Citrij. 

CoroUarium 1 1. 

Sic corpus Olivx vcl Pruni Elljptici,cft difFcrcntiaintcr Zonam Sphar- 
roidis illic.longi,hiclati, &intGr didum fcgmcntumCyhndri EUiptici. 

Theorema XXIL 

onaGitrij truncati vtrinqj xqualibus circulis , com- 
ponitur ex corpore minoris Citrii , quodcreaturab eo- 
dem circulifegmento , quo &C Zonapropofita creataeft, 
& ex (egmento Cylindri , cuius bafis eft idem minus feg- 
mentum circuli 3 altitudo a^qualis circumferenti^ circuli 
truncantis. 

Rcpc- 




DEiE SvPPLEMENTVM. 

Rcpetaturcnim SchcmaXIV. Etxlcineofcgmcntum ISRCylin- 
draccum,2equalc Gitrio maiori. Explicctur autcm hoc fcgmentum leor- 
sch^a XI K fini , vt bafis ciusm confpcdum veniat , cftautem bafis 
ifta, fcgmcntum planiCircularis, quod creavic Citrium 
11 ^ maiu$,(cu truncandum. Intelligatur fcgmentumhoccir- 

— ^W~fi' culifubrcaaYBLH,'5r fubarcu YCRQ^ Sic autcm Ci- 
?r ;lfl/ /^triumhocutrinq3 truncatum < qualc, fchematefequcnti 
I XVIII. ccrnitur litcris £AH FSQCG;fic ut intclligamus 
crcatumcflcnonintcgrofegmcntocircuh, fed partecjus 
II interioriBCQH ,arcuCRQcircaBHaxemcircuma<ao. 
t Rcpraefcntabunt igitur xcdx Br: , HQ^femidiamctros 
I' circulorumTruncantium-: U Bafisifliaiccabitur in partcs 
^ quatuor ^ 

j. BCYadlatusvnum,triangularismixtilinea. 
2. Al tcra vltra HQ^d latut aJcerum, priori fimilis. 
5'* Parallclogrammumrc^ngulum BHQC,inmcdio^ 
4, Scgmcntum circuli minusaa tcrgo,rc£taGQ&arcu 
CRQ contentum; 
Cum autcm ponatur folidum qualc Gitrio maiori 
i totijcrit RS altitudofolidi,aequaliscircumfercnti^circuli 
pcrmcdiumhuius Citrij corpus, Et quia planum YSH 
idcm cft , inquod in cidunt hypotcnufaereaorumangulo- 
rumBCZ&LRS:quarcvtLRadRS, ficBC ad Z ScdLReftadRS, 
vtradiuscirculiadcircumfcrentiam fuam*'ergo&BCadCZ ficcfl:. Itaqj 
cum BC fit fcmidiametcr truncantis ; cric CZ circumfcrentia truncantis^ 
Quatuor crgo dictis bafcos partibus,totidcm folidacluperftants 
Supcr BCY,ftar BYCZ Pyramidalii^mixti»^ fupcrficicbus & lincis 
contcnta» 

2. Similisci ultraHQX. Etha5du3B funt xqualc» duobui Vcrticibus 
foHdi8,dcCitriorefcais.(InSehcmatcXVIILfcqucnti,vcrticcshifpca;an. 
difuntlitcrisGEI,d:FNH.) 

Supcr BHQC ftat Prilma fcu Pcntahcdron BCZXHQ^quipp© 
quodcontincturtribusquadrilatcris BCQH, CQXZ,XZBH.& duobus 
triangulis C ZB,QXH ; ciusaltitudocft CZ,intcrQC, xz, parailclos. Hoc 
folidum cft xqualcCylindro mcdio,in corpore truncari Citrij, bafes ha- 
benti,circulos truncantcs, (Hic CylindcrmSchematcXV HL fcquenti 
adumbraturlifcrisEHFG, totusq; latct intrazonamFCG,HAE.) 

4. Dcniq5fupcrfegmentoparvuloCQR,ftatfolidum SRqOZSX, fi- 
i^^^citii in quod zona Mali cxplicabatur. Cumautcmtotafigura folida 
HYSR^sequct lotumCitrijcorpus, & trcs rcccnfitac partes,totidcmpartcs 
Cirrij ajqucnc : 'refiduaetiamiftaCylindraceifcgmenri,refiduamGitrij 
partcmxqucnt.neccflcefti EftauicmzonaambicnsCyliadrumjam mo- 
do dudu m , in corpotc Citrij truncati, 

A tqui vt fiinilis cft ifta pars folida priori, qu2 Zonam xquabat Mali; 
ficctiam duas , vtilla.parccshabeti manifcftis iignisab inviccmdifcretas: 
vnaeft (cgmcntum cyhndri reftum, contcntum luperficicbus quatuor, 

^ plano 



Stereom. Archime- 

planoparallelogrammo GQXZ, fupcrfictc cylinJrica XZCRQ^, ^ Juo- 
busfcgmencis parviscirculij quorum vnuroapparct, litcris QcR , alte- 
rumadXZnonapparct, Ec httiusfcgraenti aititudo CZ, vrjamcftdc- 
monftratum> xquat circumfcrcntiam circuliTruncantis. Alrerahuius 
zonaixpars cft Prifma ZXS, fupcr codcm (cgmento parvo ftans ad ZX. Cum 
autcmLR dixerimus fi cfchabcrcad RS, vt fcmidiamr cftud circuUim; 
&fitctiamBG{icadGZ; eritctiamfic diffcrcntia LR&BC , addifFercn- 
tiamRS&CZ : quaecft altitudo huiusfccunda^partis dczonaiupraZX. 
ScddiffcrentiaLR& BC cftlatitudo, vclfinus vcrfus lcgmentiCQR (in 
Schcmatc XVllLAP,qua:cftfcmidiamctcrGitrijminoris,arcuHAEcirca 
axcmHEdcfcripxi) Ecgoctiam differcnda RS &CL, hoccft, altitudo 
huius Prifmatis Cylindracci, eft«quaHscircumfcrcntia:circuli , pcrmc- 
dium corpus Citrij minoris. Perca igitur, qus Th/ antcccdcnti iunt didta, 
Prifma hoc Cyhndraccum ZXS^ cft xqualc Citf io minori, fcgmento parvo 
GQRdcfcripti( quod^ftinSchcm.X VIIL feq.HAEO Etccccinzona 
Citrij truncati duaspartcs,qualcf in Thcorcmatc dcfcripfimus.Vt itacon. 
ftctcorpusGitrij truncaticxtribus omninoElcmcntis, cxcorpocc Citrij 
iniaons,ex Cyhndro, & cx fcgmcnto cyUndri rcAo, 

CoroUarium & Praxis- 

Mcnfuri corpus Citrii vtrinq) truncaii, ficagcmus. Daram oportcc 
«{fc lofigitudincm diamctrorum tam circuli maximi in corporc medio, 
quamcirculorumrruncantium: darumfitctiam intcrvallum intercircu- 
lo8truncantes,omniaincadcmmcnfura, Tuncaufcr diamctrum truncan- 
tiuma diamctro maximi , quod rcmanct , dividat quadratum intervalliin- 
tcr truncantcr, quoticnti addc diviforcm^ Vt crgo compofitum hoc ad di- 
viforcm, fic 200000, mcnfuradiftmctriufirata inCanoncfinuum, adfi- 
iiumvcrfumfcgmcnti,quod crcat, I.Gitriumroinus, II Zonam Citrii 
maioris, II L Zonam Globi. IV. Zonam MaU, quod crcatur eiufdcm 
cum Citrio minori circuli fcgmcnto maiori ; fic etiam idcm numcrus 
i^cooceftaddiamctros intervallumqjTruncantiumincadcmmcnfura^ 

lamigiturpcrCoroUariumadXXI, qusrccorpus CitriiparvL, pcr 
Zonam Mah & per Zonam Sphasra: ; hoc corpus eft pars vna Ciirii Trunca- 
ti.Dcindcpcrnumcrumdiamctritruncantis ,iaminvcntum,quaerclongi. 
tudiflcm eiu5 chrGumfcrcntix incademmcnfura,camq; multipUcain (cg- 
mentumcircuhinvcntum; prodibit Citrii truncati pars altcra, &iun<5las 
has dua: partes , conftitucnt cius Zonam« Tcrtio multiphca planum circu- 
litruncantisin numcrumintervaUi truncantium » iam invcntum , prodi- 
bitparstcrtiaCitriitruncati» Omnibu8iaunamluramamconic£J:is,com- 
jonctur totum corpus Gitrii truncau* 

Corollarium ii- 

Zona OHva^ aut Pruni EUiptici truncati coroponitur Cmih'tcr cx cor- 
Bore Oliva&autPcuniminoris, quodcodcm EUipfcos fcgmentocrcatun 

&cx 
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&r cx fcgmcnto Gylindri prefli , quod eidcm Ellipfcos fegmento fuperftar, 
aUitudmcra habcnj ajqualcm circumfercntias; circuli iruncantis Olivam 



aucPiunum. 



Epilagma. 



Huc dilluli demonftrationem Theorcmatis XVII. de Zona fcu 
TunicaTrunci conicicirca Cylmdrum ; proptcrCa quod cognata cft dc- 
monftrationi Theorcmatis pr^ercntis. 

Sit K.LM . TrunciConici re<5ti fedio pcr axcm VX, KO diamcter cir- 
tularis bafis PM , diamctcr circuli Truncantis K! , cui parallelae fmt KO, 
SckmA .xK I N , vt fmt a:qualcs KL & ON, & KOP figura fimilis figurx 
LNM,&: KVXO quadrilatera: , fimilis L VXN. Exphcctur 
autem trunci fohditas inredum, ijfdcmlegibus , quibus 
hadcnus omnis gencris figuras , ftipcrficiebus , in omnes 
plagascurvis, tcrminatascxphcavimtis» Cumigituriinca 
i^Kconica: fuperficieifitin hasplagas rK,re6la , cxphca- 
ta igitur (liperficies crit plana, (cihcct ABKP, &PA cric 
xqtiahs circumfcrentiasbafeoaPM: KBvero xquah» cir- 
cumfcrcntix circuhKLiruncantis, cui xquahs erit OC: 
hac lantem eidcm xquahs&PD, &pun(a:aDCB connc- 
(Stantur-,qua:formabunt triangulum «quale &fimiletri- 
angulopoK,&latcravnms,Iatcribusaltcrius parallcla, vc 
&pIanump!ano. 

Duo igitur Pcntacdra fcu Prifmata, BCVXOK &: 
kOPDBC (unt arqucalta, quippe fub parallehs planis: 
Sed difcfimen cftinterilla, quod parallelcpipcdum bafi 
KOXV , altitudine OG, cft duplum prifmatis CB VXOK, 
3tPrifmabafipKO,aUitudinecadcm, cftipfum fui totiusmcnfura ; cftta. 
mcn & iplum triplum Pyramidis xquealtx pokd* Deniq} fupcr DCBbafi 
ftatPyramisDCBA,habensaItitudmemDA, difFcrentiam circumfcrcn- 
tiarum kl , PM, cum bafis D' B fit xqualis bafi Pyramidis POk D-Ciim au- 
tem Pyramidcs fupcr a:quaiibus bafibus , fint intcr fc,vt carum altitudincs j 
Pyramis crgo tcrcia. bafi pok , altitudine PA , compofitaex PD, D A , ( h^c 
aurcmxquatcircurafercntiamPM) crit arqualis Pyramidi vtriq; , pokd &: 
DCB A , Et Prifma bafi & altitudmc ij fdcm , crit ilhus triplum s altitudinc 
ver6aertiaparteipfiusPA,crithis ^Pyramidibusaiqualc: Quodvcrodc 
l^rirmarchumihoreKOPDBCrehquumcft^puta DOKBC,duas tertiasrcti- 
'^ctPrilmatis. Ergohuiusrchquicorpuscreatur> duAisduabus tcriijsalti- 
tudmis CO (fcucircumfer€ntia:circuhKLvcloN)inbafinPOK. Hjefunc 
igitur parces corporis de Trunco , quod Zonam (eu Tunicam appcllamus. 
Rcliquapars, Cylindcrfc. incermediu», a:quat Prifma cbvxok, quod eft 
velutitnangulumCOXcorporatum, craflitieoK, XV, CB,ubiq; a:qualii 
fitigiturvtcumtrianguhs, vtbafisKoxv.duda in dimidiam altitudineni 
CU ( femicircumfercntiam ipfius kl vcl on ) crcet corpus huius eylindri. 
Harc dcgencfi; rchquaquibuscompcndium aoftruminititur,brcvitaiii& 




lucis caufa ,pcr Synopfin tradam. 



Per 
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Pcr demonftrata ha^Scnus , 



Pio Tuuica 
DucituiKOP 
Per xquipollentiam dimidia PO vcl ipfa PO 



j Pio C) lIndro 

j Ducitur KOXV 

I velOXjVelejus duDluON 



In trienrcm PA , & Beflcm OC 
Per sequipollentiam , In trientem PM & BefTem ON 
PcrxquipolIentiam,]n rotam PM,& duas ON 



InfemiiremOC 

In feaiiirem ON , hoc cft , in OX 
In ON , NX. trcs fcilicct OX. 



Ducitur crgo permucatU tcrminij 



PO , vel cjus duplumPO , NM 

hoc eft differentiadiamecro- 
rumKL,PM. 



ON , NX , vel ej us diiplum, quod eft 
triplum ipfius ON diametri 
minoris. 



lntotajnPM& duasON 



In ON diametrum minorcm:<juod crat 
demonftrandum. 



Compcndium quod exhac dcmonftracionc rcfultat opporcunifli- 
mum, pctc cx Th. X VI, XY II» & huic fupplcmcnto imputa, cuius 
cft^ornamcntum fingularc« 

Exemplum prsecedentium 

aliquot Prxcepcorum. 
Sit, in S chcmatc X VI 1 1. fcqucnti>corpus Citrij Truncati H AEGCF, 

&c diameter circuli raaximi in eo AC , iic 2z , Truncantium JtG , Hf , 19 » longitudo 
intcrjedta HE vcl MK velFG, fitz/» Ergoctiamdimidia harum hnearum LA, 
KEjKLfuntinterfeineademproporrione, fc *utzz» ip.27. Differcntu igiruriii- 
tef AL, LCL(atqualemipfiEK)eft5, Qu^rendumeftprimo, arcus HAE quoTa 
parsfitfuicircuU.CumigiturAC fitportio dcdiametrohujuscirculi , 6cEP inil- 
iampcrpendicularis,vt igitur APadPE, ficPE adrcfiduum dediamctrofupra AP. 
CumergoPE fitZ7>qudm;ejus 719 , dividehocper AP5 , provenit refiduumDia- 
metri Z45 , cu j addita AP 5 conftituit diametrum Z4^ . femidiametrum iz 5. Vc vero 
canone fiauum uti pofTimus , Iiiie« omncs dcbcnt nancifci numeros, in illo Canone 
\jfitatos;quodfi izjfiti ooooo,crgo APpro j fietz45i?> ^hic eft finus verfusar- 
ciis AE quaefiti.Quare fecundum doSrinam de ufu Canonis finuum, ablatus a radio 
iooooo,relinquit 97^ i»finum complementi huius arc^. fc. G.77.M. ip.S.i^.Ergo ar- 
cus AE cft,G. I z. M. 40.S. f r,e jus4i fin'' PE ex Canonecft z ij? f i • Idem cx regula,fi fi- 
at vt izj adt ooooo,ficz7,quantafuitPEinprimadimenfione,adnumcrumhuius 
dimcnfionis , prodit enimzipf i. Itaq; totusarcus EAHeft G. zf > M. z i. S. 4i. 

Et quii,per Th. X X II , opus nobis eft cognitioneare* in fcgmenco EH A , in- 
quiremusillamperCoroUariumlL adXh.IL inhuncmodum. TotiusCirculi 
.irea valcc talium parcicularem j r^iyp z6^ 5^, qualium funt in QjTadrato d amcrri 
4 00000 oooco : inteiligc particulas quadratas,longis Sc litas vnam talem vnira- 
tem , qualium funt in diametro z 00000 longa. Pars igitur area circuli, ci.ntcnra 
fub EHarcu &liiieis,qua: E,H, terminoscum ccntroconnedunr, fe<florfci;icef 
arcusEH(qui fcmper eftpropOrtionalisfuo arcui) valet zzi^z zzp?^. Ab htc 
arcafe<f^oris aufercndum eft triangulum,cujus vertex incentro^ bafis , redta EH* 
Cum autem ab A in centrum,finc 1 00000 , fed ab A in P, Z45P : Ergo a P in centrum^ 
h oc eft , perpendiculum Trianguli , erit , vt prius, 97 T^i' Duc hoc perpendic«^ ^ 
iuPE.dimidiambafin^quxinventacftzip^irfietZHif ii>ai^eaTriangoli.aua 
deduda defe6lore,rcftabit 71^ ^i4zr,arcafegmentiEHA. 

Exhac areafegmenti nobis innotcfcit fcgmentumre<flum Cylindri, cujusi 
bafisjcfthxcareafegmenticirculi, nimirumparsminorde Zona illiusMah, quod 
defcribitur a fegmento circuli, poft ablatum E AH,refiduo,& ma jor«,circa axem H E 
circumadlo. Nam pcr Th. X X. ducend* eft hatc arcain circulum , qucm ccntrnm 

huiui 
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Jiuias regmcnti majoris dcfcribir. Hujus igiturcircumfcrcntf ae longitudo ittquiri- 
tur fic. Pcrpendi culum Ttianguli , cft diftintia ccntri, ab axis EH jpnnAo P medio, 
fc. P7 f ^ 1 : & hic eft qu«fici circuli radius : cum autem circulorum ad faos radios v na 
fiteadem4ipropoTtio,perTh.I. Vcigituri ooooo radius,ad<^ 28518 femis,circum- 
ferentitm circuliEAH, fiC97^6i radius,tdfuicirculi circumfercntiami5 iZ5?P4» 

qux duaa in aream fegmenti, efficit 459^ f<^4fo- 

Igiturqualiumcubus,iiiquemglobus,excirculoEAHtiaus infcribitur. ha- 
betS 00000 coGoo ooooopartescubicas,vnamcentiesmillcfimamfcmidiametri 
longtslatasacaltas,quarum4 1887P oi047 S^^joi funtincorporeGlobijtalium 
cubifcorum fummt exprefit cft in prodeuntc fumma,& tot omnino exiftunt in par • 
te illa Zonae Mali , quam ^qutt fegmentum Cylindri reaum,Th. X X. defcriptum, 

ParsaltcrahuiusZon«MaJi, eft Zoniglobi EAH.per idcm fcgmcntum 
EPH A, circt rcliquum corpus globi,defcriptum, per Th. X X. Ergo qu^renda eft 
Zonaglobi,cnjusmaximuscirculusfitEAH. Refpiciaturigitur Schema V III. Sch. 8. 
inquofitKCNarcusidem,dcquohtdenusegimus, Eigo globi CDBLZona,qu? 
per KDN & HBm tranfit , cft inquircnda. Ergo per Th. X V. Coroll. 1 1. qu^ratur 
corpusfegmentiglobiKHD. CumergofitNK. G. ij. M. 21. S. 42. &CK. G,i2. 
M 40. S.^i.eritigiturKD. G.77. M.19.S.9. cuiusfinus KI ci[ 97^61, Atcirculu?-^ 
perKlH,cftBafisfegmentiHKD, ficutKIfiteiusfcmidiameter. Nonpoteftigitur t 
ignorariarea, NamutquadrttumCAradij, i 00000 coooo,adaream circuiifui, 
licctiamquadratumKl, quod eft pp8i 487^1» adareamcirculi KIH,2 99021* 
4^^098. Haf c fi ducatur in tcrtiam parrem ipfius lO , ut altitudinis Coni , creat cor- 
pusfcgmenti HKD. Invcniendaeft igitur lO,expraffcriptoThcor.XI V. Cum 
enimKc firnota',&IA,cjusfinus,fuprafuerit ii^p ' quare ID eft 78049 , & IL 
I zi9p. VrtutcmlLtd LA, ficIDadDO. DivifilD 78049 (au<^a qmm]uecy- 
phris)pcrrL,i 2i9p,prodirDO<5400o. TotaigiturlO i 42049, & pars e)ustcr- 
tia47j^o:qu?duatinbafinK(H,creati 4M8i^- ^^177 40300,corpus fcgmcnti 
HKD,cuicftaequalefegmcntuminferiusMNL : ciimtotiusGlobi corpus perTh. 
XlLfit4 1887P OZ047 8<?^9i.Ablatovtroq;fegmento,reftatinTruncoHKNM 
I 5^705- 6969^ 0^791. PofTcshucufquepervenircetiam fine cognitionc arcaem 
bafi,perXlV.Coroliarium. NamlLeltaltitudomtjoris fegmcntide fpha£ra,8c ID 
eiusrefiduumadDiametrum. VtergolDadDA femidiametrum , fic iLaltirudo , 
ma j or is fsgmcnti.ad LP : vndc habetur tota IP, pro fegmcnto ma j ori , & erat lO pro 
f^gmento minori , fic ut compofita OP aquipiretur Spharr? toti : Prodit tnim ca- 
dcmfceiTicntiHKX)quantitas,qu?tntct. 

PorrodeTrunco HK NM adhucrcicicndus eft cylinder mcdius, cuiusbalis 
cadem qu? fegmenti, fc. HIK , altitudo vero , KM , vel dupIumipfiusIA, Erlt tu- 
tem lA z i9f I . tota igirur tltitudo cft 4390Z , qu^ du6kz in arctm circuli HIK, crett 
1 ?iZ7^J 40179 94596 Cylindrum,Zonaqu?fitatmiaum,quoablatodcTtuiico 

HKNM,reftatZonaKCN,HBM44Z9 29fi5 ii^Pf. , j - -1 

VtaucemredeamusadSchemaXVIII.hujus ultimi cylindn tltitudo iii il- Sch.iS. 

lo reprefcnrarur per EH, &ZonaglobihibetidemfegmcntumEHA,quoderatiii 
prior 1 fcgmcnto cylindri redto. Ex h'.s ergo dutbus partibus, cx illo legmento cylin- 
drircft05&cxhicZonaglobi,compofiia eftZont Mali. 

H i nc ver6,per Th. XXI. facil^ habetur corpus Citrij,quod eodcm fegmento 
^Ha dcfcrihitur, fubdu^o illo fegmento cylindri 43P2. ctc. tl)hac Zona globi 
4429 c:c: Namreftirt 49277 V4P4^>corpusjparviCitrij,pcrfifgmcntumEAHi 
circa axcm EHcircumaaum,dcfcripti : cujusulus jam fietnccefltrius. 

lam tandcm ad Citriuminaius lA^NC , cjusqi Truncum medium HAEOCF. 
Conflareniin&hicTrimcus,cylindro fGEH,& Zona cylindrumveftientcquf de- 
fcribirur fegmeato HAEPH,circt axem MLK circuma^^o , fic ut H pcr F tranfeat, A 
perC,PperO,8c EperG. „ 1 

CyiinderrgtfurFGEHficinveftigabitur: qualium AL cft22,taiium TL vcl 
>H M daba tu n 9, & AP Sed pro ufu canonis finuum,ex AP ^fa^^a eft 24^ 9,qualium 
fcilicectotiuscircuHEAHradius^eft I 00000. Vtigitur 5 ad 2459» ▼elut iz^a^ 



ooo?o(ucprius )fic 193^1^447. 



Tantacft jtm fcmuliamerer HM» ^"^"'^^y* 
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cujustreacftinquircndi. Vcautcmq uadratum radij i ocooo , cjLod eft i cooeo-' 
coooo,adsrcam circuii ^ 141 z^^^6 if\CQAini cftradij 1^447 qLadrjtLm i^- 
8^ opgo^.adaieimfui circuli 749^? 14825. Hatccltarea HF vel EG^b ifis cviiiN 
dri. Sed& alcitudoeiusexaniccedencibusconftar: cf}«n m ( utprius n Cylindto 
Giobi)4550z. Dudlaigiturhfc aitirudoinareamBaiismodoinv^niam, creac 
corpuscyiindri FHEG 3290 5?f899 /PH^- Rc^Jt Zona Girrij jcris. PcrTh» 
XXII. vcro, 2ona hsrcCitrij majoris NAlC, vcl Trunci N AEGCF,cc mponiturex 
corporcinventoCitrij minoris.pcrHAEdefcrjpti, Sc ex itgmento cyimdri,<lantc 
fupcr EH A,5c habentc altitudinem «qu^lem circumfcrcntiae circuli HF rruncantist . 
Ruilumigiturutradius i oooooadcircuferentiam^ zSjiST ^cradius HM,adcir- 
cumfcrcnriamHFp70^<},quamdtc in Pgmentum ciriuliEPHA initio snvt A ga- 
ti^i^erci&creaiurfcgmentnm cylindri re(5^um ^Pf ^iyiz (^4800, PaisZonae 
inCitrioTruncato, Cuiadde corpusCitrijminorisfupra invcnrumjf^ ctc: prodic 
ZonatotacircatruncatumCicrium^jz 00990 1974^ Addeultimo & Cylmdii 
corpas,in?raZonamabditi 5290 ctc : conriabisque totumcorpus Cirrij truncati 
4022 9<^889 79091. cujfsparsmajorquinta, minorfcx a,infarcflacft:inZonam^ 
Lubet comparatic nis caufa computare eriam c;»rpus non Citti j, fed compoH- 
^ tumcx duobustrunc sGonicisACFH&ACGE, ficur AH, AE CF; CG fmrrecf^^: 
computandum igitur ell corpus Ccni GBE, &ConicBA, exTh. XVII. -Sitc gd 
ConusGBE,hnjusba(is,areacirculiGE,jaminfupeiioribusfuitinventa 749^5 etc, 
AliitudoveroKBfichabctur. NamutAP 5,ad PEz^, hoce/luti.adp, HcLK 
l^447.adKB. cumautcmpro Conicorporc rcrria foiump;rs aititud^nis fit mul- 
liplicandambafim,pcr Th,lV. Ergo trip'um EK, 4^7541 du(flum in b-fm^crcac 
34757900^ 12^4}. ^©«'pws coni GBE. lam ad Conum alterum ,cujus baiis AC, 
areanondum eft nota , fedfacilemveftigatur ex arcacirculi EG. NamlKvcl 
PLeftadLA,ut 19. ad22, Ergoquadrara funrad xnvicem uc^i^i ad484. Vivc^ 
cuadritaadinviccm,(icfuntcriamarcapcirculorum. Elt ig.turaredciriUliACcjui 
bifiscft coniABC.ioop 1^661. Rurfumip eut AP 5 ad PE 27, hoc cft i^adyjfic 
A L , 1788^ ( compofita ex AP , & PL vel HM fuj^ra invcntis ) ad LB altiti din -m co- 
lii. Qjate ctiam hujusnoncupli partcm ttrtiam ,hoc cft, triplum ipfius AL f 56^8 
ducinareaminventam^creabis^uccorpus coni ABCT592 7^^9^ 019^8. Hn.au- 
ferconum GBE,rcftattrunctts unusACGE, 1918 9^^po 892*?f »cui accjualiscft ahcr 
ACFH. Totum igirurcorpus extiuncis conicis compontum, c.it ^8^7 PJiSl- 
78^90. Ecceutroinushaheamusquamantca, per i4f 0^708 oofoi fciiitettan- 
tum eft infaf dtum in duas Zon as obliqna.s arcubus H A, AE,& redis H A, A E, adum- 
bratasipuiapartcmpiulominus Viccfimarooilavamirunciduf licis. Q^cdfial- 
tcra brevicri methodo ufu^:, ur in con s fimilibus , feceris, ut io6^S rcubum dc22* 
vcl (?8fP»cubum dc I9,ad corum differcntiam }78p>fic Cjnum majorcm /59^ etc:(vcl 
cciam minorem , fi prior dsretur ) ad c]uartum : prodibit truncus idem , ut prius^ 

AtfecundumTh XVII. cjusquedemonftrationcm inproximoEpilagmate 
pr«miftam; Cumfitinvcntus CylinderFHCG 5290 etc, quaredimidium ejus 1^4^ 
47949 79675: fciaturver6AC22 (infua jppiiamenfura )&PO,veI HFi9,cujusdu- 
plum 58 » addiia AC 22 . fumma fiat 60 , Sc difterentia diametrorum fit du6i\s er* 
go 3 in 60 , creatur recf^angulum i8o,repracfcntans Tunicam ; quadratum vero 1 9 mi- 
njprisdiametriHF, id eftquadraruro dei9, eft j^bcujustriplum 1085 reprafentac 
G^lindrumTruncoinfcriptum. Vcergo 10S5 JidiSofic cylinder 1^4^ etc:adTuni* 
cam. Vclbievius^fccundumcompcndium corollarijadX Vll.ficagcmus, 

Dia- 19. 20. 21. 22, mecxi, Velfic 19 J 
4ii. 

^ VtigituT}<^i ad42l, fic €ylinderinvcntu$ 1(^4; cw: 1^27} 48^897^^^'- ^"P't 
vero, cylindroablatoitrunco, crat hoc corpus 275 48^41 o^^AZidiffertctiani 
minucuiamfaciuAciinas quibus non penitus exit<^isufifumus« 

Do 
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BE^ SvPPLEMENTVM- 

De Fufis. 

Hadcnus Cylindcr &: Globiis, autejiislocoSpIu^^- 

raidcs,in regrnentum cylindri fui transformata,nobis fabfidio vencrunt ad 
prodcndas mcnfuras Malorum> Cicriorum , Cotonecjrum , Melonum fef^ 
lilium,Olivarum , & Prunorum Eilipticorum . Cum cnini corporum toto- 
xumlcgesinipfis figurisnon invcniremus, partium corporis metifuras iti 
Cylindrorum partibus inveninuis. Atcum partcs qua^dam Cylindri deff- 
nitionem quidcm habcant certam, fcicntiam vcrofculcgc^ corpulcntix 
in(cip(isvelnullas,velnonduminlucem prolatas i Globus & Spha:roidc5 
fiicccircrunt, quas cum dimcnfioncm corpulcntix habcantanrea, trans- 
ifbrmarain talem Cylindri partcm,cardemkgcscorpulenTi'xm ilium intu- 
lcrunt. Reftatnunc dilficdior dcFuiis ParaboIictS&: Hypcrbolicis con- 
tcmplatio, inqua nos demonftr^itioms metbodushadlcnus adhibitarur- 
fumdcficic. Nam ctfi Fufum eodem modo quoCitrium ^ Ohvam &: 
prunuro,transforme5incolumn2 pnfma,quodciirvaturamIincxconica5 
(inSchemateX;fcdionumOCH,PCQ^vclMCN,totodorfoercaorcti- 
i>cati Huiustamcn fignriccorpus nihilomagis demonftraripoteft,quani 
Fufupfius.Primumcnim hictotumnuliumeft»adquodprrfmajpoftucom* 
parari ; quippe columna, ut fcftio ipfa.ad latus MN vcl PQjnfinita crit ;de- 
indenon congruit globusfuocirculo maximo,non Sphjcroidcs,in taleiu 
'Columnam conicam; aut cnim tangit circujus conicamintus in pundo uni- 
coy fifuent ex foco figurr A,pcrc)usvcrticemC dcfcriptus;aut fipaula 
ampliorcirculu5pcrCfucritddcriptus,tangitquidem figuras cxtcriusia 
C, fecac vero cafdcm ftatim binis pundis ipfi C proximii^ dc rehquopcni- 

tus dilTider a icdionc. ^ 

Rcfcac igttur, vt ficut in corporitus,aCircuhfcgmentocrcatis,ad 
g1obumconfugimus,inEllipticis adSphaeroides-, ficin ijsquae aParabok 
&Hypcrbola,confugiamusad Conoidcacongcacra : quodnifi fucccdac 
^xallc conatus , dc rcliquo Gcometras in fubfidium vocabimus. 

Theorema 

Coniduo,creatiarectangulofcaleno,alterminori, 

alter majori latere eorum,qu^ arcarectum^pro axe con- 

ftitutis , llmr in proportione laterum, qux bafes ipfis Co- 

nisdefcribunc. 

SitRctlangulumABC .cujuskterum circareautn angulum.minaJ 
fiA,fiacaxi$,&:figura circumaaa, fubtcnfa BC crcetfupcrficicni Coni- 
" r cam CBE, cuju» vcrtexB , bafisCE. Rurfuro fiac 

maius ktus AC,axis;&: figura circa ACroanentcm 
circumafta creet Conura BCD, vcrnceG,baU 
BD citculo. Dico ut cft B A ad AC , llcc ffe corpus, 
quodcirculoCE, &fupcrficieconicaCEB ,cona- 

nctar,adcorpusGoniBDG. 

G z Dcmon; 




L 
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Dcmonftratio. Nam pcrallcgata Theon XVII. Proportio Goni 
EBCjadConumBCD^eftcompofitacxproportione CircuIiECad circvi- 
lum BD> & cx proportione altitudinis AB, ad altitudine A , fed circuli £C 
ad circulum BD proportiojduplaeft proportionis AC icmidjamctri ad AB 
femidiaraetrum. ErgoConorum^EBCad BCD jproportiocftcompofira 
cx proportione AC ad AB , & iterum cx cadem AC ad A B , & tcrtio cx AB 
ad AC. Scd proportio AC ad AB, compofitacum proportione AB ad /\C, 
conflat proportionem sequalitatis , qux cft proportionum minima , hoc cft 
tcrminus,& 3equalitas,quasaddira vcl ablaraaproportionibus rcliquis,nihil 
murat. Igiturextribusclemcntis proportionis Conorum , quorum duo 
ultima fe mutuo tollunr, folum primum reftat, & Conus £BC, ad Conn m 
BCD, cft ut AC,femidiamr circuli EC^ad AB , (cmidiamctruni circuU B 

Theor. XXIV^. 

Spha:roides longiim infcriptum Iphxroidi lato , fic 
ut eafdcm habeant diamctros , led axes in lis permutatos, 
eft ad Spha^roides latum^ut diameter brevior ad loin- 
giorem. 

Sitin SchcmatcXII. Sphasroides longum CEI, ad dcxtram , 
cuius verticcs CJjIatum kce ad finiftram,vcrricibus k,e, & fir illius axis CI, 
xqualis huius diamctro GI , illius vcro diamcter ke , arqualis axi hui us ke, di- 
co Ellipfin Iongam,fcu O vum ad dcxtram ciTc ad latam fcu I cn tcm ad fini- 
ftram,ut ke brc vior diamctcr ad CI longiorcm. Defcribanrur cnim Coni,!n 
dimidio Ovo KCE,cuiu5vcrtcxC,bafisKEcircuIuSi indimidia vcroLcnte 
cKi,cuius vertexK,bafisci circulus, pcr prsemiflam igitur, vrKR fcmidia» 
mctcr circuliEK,ad R C fcmidiamctrum circuli CI, fic Conus KCEad Co- 
numiKC. SeddimidiumSpha:roidcsfcmpcrcftdupIiim Conifibi infcri- 
ptiadcundcmaxem, & fupereadcmbafi circulari: Ergo ctiam Sphxroi- 
dumdimidia, & ficSph:2roideatota,funtinproportionc,vtKRad RC.boc 
-cft, VI cor um dupla KDad a. 

Theor. XXV. 

Segmentum Globiad Citrium, eodem fegmcnto 

circuli defcriptum, videtur eamhabere proportioncm, 

quam habet remidiameter bafis fegmcnti, ad axemfcu 

aititudinem fegmenti. 

Demonftrationem Icgitimam quafrantalij : Ego quod non pefltim 
apodldice,comprobabodidic€; quatuorufusdocumcnti^* Primum cfl: 
ab Analogia, Quodenim indimidioglobo, vclut inmaximofcgmcnto> 
quodcftprincipium fegmcntorum,vcrumcft5Vt&in dimidio Sphxroidc; 
quoditcminminimofcgmento^ &vcIutiinvltimo omniu fegmentorum 

icr- 



DE^ S VPPLEMENTVM. 



termino,idvidcturctiamin fcgmcntisinrcrmcdijslocumhaberc At in 
dimidio globo rc3 ira habct : qucmadmodum cnim larera circa rcftum an- 
gulum quadrantis, habcnt intcr (c proporrioncm icqualitatis, (ic ciiam 
quodcreatur , quadrantc circa perpcndiculum voIuco,a^quaIc cftci^quod 
crcaturjcodem quadrantccirca bafinvoluto. Inminimis ver6(in)iliter 
locumhabet iftaproporrio:quiaquominu5gl >bifegmenrum, &:Citriura 
in eo, hoc minus ab hifce d ftcrunt Coni , figuns ipfis infcripti : Conorurn 
vero iftorum, vt habct Theor. XXI II. cft dida proportio ; quarc circum- 
fcriptorumlohdorum Etljfateor,abeoquodeft abfoluteminimum,adid 
quod minimo proximum, non ubiqj tutam cftc collciSbionem^ 

Secund6.ProportiodidalocumhabetinSphxroidedimidio,ctiam- 
fi ibi non rcgnct a?qualitatis proportio inter diametros , ut in globo , & qui- 
dem in infinitis Spha:roidibus , & infinitis diamctrorum per iila proporao- 
nibus: vteftinTh.anreccdcnti. Atficut Spharroidcs longum infcribiiur 
SphcCroidilatOjficctiam Curium totum,fegmentoduphcatoHcmilpha:rii 
inlcriptum cft , & gcneratio utrinq^ fimilis intelligitur j Ergo cum diO:^ 
proportio obtineat mrer Sphxroidcs longum 6c latum, obtinebit etiam , uc 
videtur , inter Citrium totum & fegmcnrum duplicatum fcmiglobi. Ter- 
tio, viccmdemonftrationisplcnari^fuftincthoCjquodjinSeh XVIII. feq. 
fegmcntum Circuli obliquum, contcntum lub A E refta &r AEarcu, quod 
creat exccirum tam lcgmenti,quam dimidij Citrij,fiipra fuos Conos,fupra 
apud A,& inha apud E arqualiseft latitudinis : itaq; quxeft proportio P£ ad 
PA,eju(dem proportionis mocumfaciunt partcsE circa PA circuma^lx, 
ad motum part ium A circa PE circumadarum. Corpus igitur obliquarunx 
Zonarum in cadem praportioneaccumulaturad Conos infcriptos , in qua 
funt ipfi Coni m tcr fe» Quarto hisacccdit calculus & teftimonium nu - 
meruru m : qui licet opcrofiflimc tradentur & fubtiliflime , per divifioncm 
diametriinparticulasj ooooo ^ tandemtamenincpti fiuntad rcfutandam 
hancproportioncm, 

In fiiperiori cxcmplo crar PE noncrplum ipfius PB, fitergoctiam fcgmeu* 
tum Globi HEA nnncupluindmnd ] Cirrij,ab AEPcircAPE iramobilcm defcriprf, 
Q^iatrarur Ugmcntum HfeA. Erat AL 22, ,LK vcl PE 27. Q^draracrgofunt484» 
&7Z9. Gumaurcm z cx circulorum finr vtradiorum (]uadtrara ad fe mvicem, dc 
ACcircblusfuprahibucririoofo zi66i : vcnicQC in aream HPEj^ujbafiscAfeg- 
mcntipropofici 5pa les if 1^7 54977, 

Ec cum PA fuenr 5 5z refiduum ad diamctrum i^h femidiamriz^. Vt cgoz^j.id 
i2.5jvel huiiisiocoad iooooo,fic5 ad iz^^fcmis^ auemenrumaltirudinis iegmcnri, 
pro 3ltitjdmeConi«<jua|{s,id[<]jcindimenfioncunraraCanonis:cumficaltitudo 
fegmer^ri pA.in hac dimcnfione.24^9 ,Ergo altitudo Coni atqualis.j^^jfemis^cuius 
P^rstcrtia i224^emis dudtain a eam bafisfuprainvcncam, creatcorpusfcgmenti 
iST i8485 ? j848.cujusparsndnaeftzo ^8720 5^872. Arquifupracorpus Cicrij 
toriuscratj/^&j, dimidiume.go 18 24<^j8 7747-i > quodeft cjuidem minus nona 
^^''^^^^fegitienco^minusctiamdccimaejus, {tdin hacinfida, circaminima, nu- 
merorum tratftitionc. Nam agitur dc cjuanritatc corporis,t]uod minus cft quam vi- 
cies millcfima Globi, Et oricur quidem d? flFercnria hujus corpufculi(mult6 major 
co dc 4U0 conrrovc.-t i mi:s)ex vnica cenrics millefima particula femidiamecri: quia 
finus arcus A£, hoc eft pe fuir aflumptus 2 1 9 f i, qui paulo crac major ,minor tamen 
cjuam2i9f2 Quodfiairumferis2i9f2,&cumhocrepecicrisproce<rum, corpus 
Cicrii prorli^ir42 47520 <^2y79,cujusdimidium2i &c, jameftmajus nonaparrc 
fegfnencihicinvcnti, nimirumquiaetiam zi9fzeft major jufto. Pcrhosigitur 

^ G 3 nume- 



Stereom. Archime- 

numer-^s uiHil ^epromi p .rcn: ronrn expreffam fn Theorcmare propordone ffi^di- 
<micl,j Citrij fuumgfobiregmenrum. 

Theorema XXVI. 

Si reda quxdam fectionem conicam,& genicum ab il- 
la fegmentu Sphxroidis , aut Conoides, contigerit in cir 
cumferentiabaleos, concurrens cumaxei &:c!rcumdu- 
lineq circa diametrum bafeos immobilem,creauerint 
folida, contmgens quidem Conum , fcdioncs vero Co- 
;nica,Prunum Olivam vcl Fufum, qua:libet fuum congc- 
.ncre-, eadem veio contmgens, circumducta circa axcm 
immobilem, creavcrit Conum aliuni : proportio dimidij 
Pruni vel Oliv^ad Scgmentum Sphxroidis, Fufi vero 
•adfuum Conoides , proxime ait aequalis proportioni 
prioris Coni, adConumpofteriorem_-. 

In Schematc Xll. fitfcaio Gonica ocN-.fupcriu» Parabolc^in tnedio 
Hvperbolcinfra Ellipfij.cuius axis ci , & fcftionis ocK dimidio CN circa oN 

iminobile circumafto.fic ut punaum (eaionisN maneat, c vero pcr l tran - 
.eat.crcatumintclligatur,Pruni,01.vSvelFufiocNi;corpusdino.d.un-iciN. 

EodemfcaionisdimidioCN,circaaimmobilcmcircumaao,lic,utcma. 
jicntcNpero tranfeat, creatumintclIigaturfcgmentumSphxro.d»,aut 
Conoides ocNvcrice c . bafi circulo QN.Dico,fi qua linca tangat fea.onem 
vclfoliduminNvelOtcrmin.s,ilialinca,Conosduosproximetalcscrea- 
ri circumaaibusijfdem.quijamiuntdiai.utinijsconisinfitproport.oci- 
mldij corporis Pruni. Ol. va: , vel Fufi ciN , ad fcgmcn tum Sphxro.d.s, auc 
ConoidesocN.Haacnus ad dcclarationcm Thcoremat.sopusnob.s tuit 
SchemateXII. NuncrcliquaexSchcmatcXVIII petentur.- 

EftenimThcorema,defcgmcntoSpha:roid.s,deq;binisCono.d.bus, 

Parabolico & Hyperbolico; habctq; poteftatc in ic paitei trcs, pnma taic- 
crdafuntcer,x,quodiftaproport.oiitminorillaThcorcmat..pracm.ib 
&fccunda,quodal.quaproportlodemonftraturm3jor;tctt.anonuumeit 
certiflima,quod prxc.fefitiftaproportio^quxinTheorcmate hoc expu- 
mitur Cum autem cvidcnt.ora fint omnia in Hyperbol.co ,iit crgo iii 
ScheiTiatcXVIlI. feftio Conica quae Hypcrbola dicitur, I-C^a, linea 
Duna.sfignata; eftautem & arcus circulipcrfCG dcfcriptus; . lum .g.tur 
HvucrbolafccatinF-. vndecirculusquidcmverfus S,Hypcrbolavcro ver- 
^fuslpcrgit/emFcrintcriorcirculodonecincvcrticctanga^^^^^^ 
,tcrius;vtdemonftratumcftinlV. Comcorum Apoll Pr. XX V. XX V • 
FiM autem cx rcG Conoidcs, cu usvcrtcxc.axisvco.bafis FG circulus, 
;ju^ ?em.diamcterFO : C^fitV ccntrumfigur., & VX.VZ afymptotw 
quarumfcaioncscumFG continuata,fintX.Z. cont.ngatautcmfiguram 
.i!iF,circumfcrcnt.a bafisreftaEY, qui cum aKC concurret mtcr V ccn 
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uum & c vcrticcin , concurrac in Y. Infcribacur autcm figura? fupcr cacJem 
bafi FG , criangulum fcg. Icaq; cuni ancca climidij Cicrij corpus^dcfcripcuni 
arcu circuli Fsc,circa FO immobiIcm,ad fegmcnci fphaerici fcg corpus, dc- 
(cripcum codcm arcu Fsc,fed circa co i mmobilcm circuma<^to, proportio- 
nem cam liabueric, quse cft ipfius coad OF : jatn hoc clicorcma dc Fufo di - 
raidio, quoddefcribitur Hypcrbolcsdiroidio FRC,circa FO immobi!cm, 
deqs Gonoidc,quod cadcm frc, fcd circa co immobilcm, dcferibitur,affir - 
matproporcioncmaliaro,fciliccccam,qu^cftYOadOFih3PCcnimcftpro- 
portio Coni,ab FY contingcncc, circaFO dcfcripci,adConumabcadem. 
FY,fcdcirca YO,dcfcripcum. Manifcftum auccm cft YO proporxioncm 
minorcm cire ad OF, hoccft, arqualicaci viciniorcm, quamcoadoF, 
cumqjconcurrantVX&yF vcrfuspartcsX, rurfumigitiir&: ipfiusVOad 
OXminoreftproporcio, quamipfiusYOadOF. 

QucmadmodumigicurYO adOFcft quancicaccmcdiainterCO , 
adOF,<5^inccrVOad OX.,ica dcmonftrari poccft, &FuGdimidij corpus 
adConoid'S corpus jCifcquantitatc mcdiam proporcioncm intcr CO ad 
OF&interVO adOX, 

ProbcturprimumdcCOadOF, valcbitauccm dcmonftratie criam 
deParabolicoConoidc.Jgitur manifeftum cft, Fufum HncxFRC,minus 
cffcCitrio arcus FSG: fic ctiam ConoidcsFRCG,minus cfle Scgmento 
Sphajrico FSCG.Gumautcmfiguraplana,conicntainterarcucirculiFSC 
& Hyperbolam FRC,ad parces F & C,fit inarqualis latitudinis, circa F enim 
latiorcft, ubilinexfemutuofccant, circa Canguftior , ubifcmutuotan- 
gunt : tunica igi tur , quam fegmcntum globi circuroiccic Conoidi, craflior 
cft vcrfusbafin FG, tcnuior vcrfus verticcm G. Gontra, tunica quam 
Gitrium circura iecic Fufo, tenuius cft verfus bafia ad C, qoam verfus vcrti- 
ccmF. Nonamictuncigiturproporcionalia,Conoides& Fufum,(cd plus 
Conoidcs, minus Fufum. Etficnimcircavcrticcm viciflTmi roinus amittit 
Conoidcs,quamFufum circa vcrciccmF: nonfit tamcnomnimoda com- 
penfatio , quia partium ad vcrticcm motus brcvi fpacio finitur, partium cir- 
ca bafin motus,in ampliorem diffunditur ambitum» FuHam igiturjpro- 
piu$ cft Gonoidi , quam Gitrium Scgmcnto Sphxrx , vcl CO ( pcrTh pnc- 
cedcns)ipficF : qucmadnaodum ctiam YOpropior cftipfiOF , quaai 
GOipfiOF. 

Hicfumus ufi Thcorematc antcccdcnti, quod nondum habctdc- 
monftrationcm lcgitimam. Scdv^ilcccadcm mcthodusctiam tunc,fipro 
fegmcntoFscG, C<ccicrio,ConosFCG fubftituamus. Conus cnimahnca cf 
circaFo fa6tus,adConum ahncacadcmFc,circacofaaum,proportioncm 
habct cam,quam co ad of. lam vcro figura plana , qua: continctur Hypcr- 
bolaFRc & reftaFC, crcanscxccflum Conoidis& Fufi,fupra illorum Conos, 
latiorcftvcrfusC, quia ibiHypcrbola cft curvionanguftior vcrfusF,ubi 
Hypcrbolapaulatimdcgcncratinrcdum. F urfumiguur Conishifccnon 
adijciuntur proportionalia jplus cnimacccditConoFufi,ut fiatFufumia 
fuaproportionc,qaamConoConoidis,ucfiatConoidcs: roajusigitur cft: 
<:orpusFufi,refpettu Coniodis,quamCOrcfpcduOF,idcft, minor &a:- 
qualitatipropi cr eft minoris i Fufi • ad majus Conoidcs ) proportio» 



Stereom. Archime- 



lamctiamdeVOaJOXdcmonftrandum, quod harcproportio mi- 
norfitproportioneFufi dimidij adConoides.Eftautemdcmondranopro- 
priaHypcrboIcs,CLimParaboIacarcat Afymptotis. Rurfum igitur uc pri- 
uSjfiguracontcntatribus redis FX, XV, VC,& HyperboU CRF, latior 
cftVerfus V,qu3m verfusX : corpus igitur feu matrix. in qua latet Co- 
noidcsjcraffiorcftin vcrticcV,quamadbafinXZ-,vici(rimmatrix,in qua 
latccFu(um,efttcnuiorad vcrticem FX, quamad bafincirca VC.pIusigi- 
tur acccdicCono,cujusaxisXV,infuaproportionc,quamCono,cujusaxis 
VO, in fua. Maior igiturillc Conuseft,rcfpc(auhuius, quamFufum re- 
Ipcdu OX, minor igitur proporcio VO ad OX,8c ajqualitati propior,quam 
dimidij Fufi ad Conoidcs. 

Gumautemintcrproportionc$,CO adOF, &VOadCX, infinitac 
alixfintprpportioncsintcrmedixj nonvnafola quxcft YOadOF: non 
igitur ncceffaria.fcd verifimilis falccm cft coUcaio in tcrtia figuraargu- 
mcntationis,affirmatoria cxpurisparticularibus- 

Analogia. 

Cogita num in Globi quidcm fegmcntis fcmpcr valcat proportio 
Conorutn infcriptorum : in Sphxroidis vcro , jam Coni illi , quigcnuinam 
habcnt proportionera folidorum (puta hic Pruni ad Sphxroidislati, auc 
Oliva, adlongiiegmenrum) alter verticcmalter bafcoscxtrcmumiupra 
vcrticem Ellipfis profcratit, intra contingentem tamcni iriParabolico 
Conoidc, hxcipfa contingcns crcct Gonot proportionis quacfita:,fic utalti- 
iudoConiunius,fitpraecifcduplaaltitudini$fegmenti Conoidis;inConoi- 
dc denicp Hypcrbolico, Vcrtcx & Bafis Conorum horum, cxcurrant fupra 
contingenccm,vcrfus figura: ccnirum. Magna quidcm 6: propcdcmon- 
ftrativaviscfthuiusAnalogi^E, 

Neq) camcci foflScit hoc habcrc demonftratum , oporcct cciam ipfif- 
fima pundaindicarcjinccr concingcnccs &: Vcrcicem EUipfii, auc Ccncrum 
Hyperbolcs, 

i HEOREMA xxvir. 

Si cuiuslibct Trianguli latus alterumcirca rettum 
awgutem',fccetul: & in duo acqualia,&: in proportionc la- 
terumreriquorum: inangulo verooppofito concurrant 
,fc£tionesGoniex vadae, communiterfeipfas, &C htm rc- 
aio aii^ulo oppofitum , tan2;entes, Vertices primarios in 
larcrc fe*fto habentes j qua; mnt a fummo ad medictatem, 
omneseruncHyperbol^ : qu«in ipfam bifcctiortcmm- 
cidir,Parabolc;qux hinc usq; ad fcctionem proportiona- 
.lcm,omnisgenerisEllipfcs rccta:> qux in ipfam propor- 

tiona- 
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BE JE S VPPLEMENTVM. 

tionalem incidic, circulus^ qup^.dcniq} hnic ufqj ad re- 
dum angulum , omnis generis Ellipres cranlverfa^ erunr, 
in quibus vercex improprit dicicur, pro excreino axis 
brevioris. 

Sit Reftangulum BAC, cuiuslarus AC rcaumficm a^qualiainO- 
bifccccur eciam angulusCB A,linca B N, ut /jcuc eft AB ad BC,lic fiz AN ad 
schema xFiL NC, Eric propterca AN brcvior ipfa AG. 
^ Tunc inccr CO fic pundum Vjinccr ON punClura 

I; intcr NA pundium .E; canganc autcm fcin vi- 
ccm,&: rcc^amBC,in pundoBjvaria: fediones Co- 
nica:, quaru verticcs (int hocordincV, O. I- N.E: 
.dicoBVeirc Hypcrbola$,BO Parabolen;BlElli- 
plcs ledas , BN circulum 3^ E^liP^cstranlverlas. 

Primodc BO, Cum igitur fectioncm Co- 
nicam BO, cuiu^ axis fcu diamctcr CA, vertex 
O5 tangat reda BC in B convenien? cum diame- 
tro cxtra fcdiDnem in C, fitq; a ta6i:u B, addia- 
metrum ordinatim amplicata BA, quippc pcr- 
pendicularisaxi CA j &cumfic CO, a^qualis ipfi 
OA; quare-BOcritParaboIc,pcr J7. Imi ApoiK 
convcriam. 

Secundo dc BV. Manencibus cstcris, cum 
fit V vertex > & cv minor <limidio ipfius ca , dupla 
igituripfiuscvaufcratura ca; & fiat ut refiduum 
hocadcv,ficcvadcf inpartes exteriorcs. Cum 
jgirurjquodcx cf &rcfiduodido, orquet quadratum ipfiuscv : addanrur 
utriq;communia,quadraturoaCF, & bmarc(ftangula' CF : utexvnaparte 
conflctur rcdangulum cfa ; ex altcra parcc quadratum ab fv : quaecum fint 
ajqualia; quarc pcr jt. I. Apollon. convcrfam, icdioBV ericHypcrbolc, 
^cuiusccncrum F. 

;Tcrci6deBI,BN,&BE. Mancntibusfupcrioribufjcum fincT* N. 
E. vcrticcs , & 1 A , N A , EA minorcs quam dimidium ipfius ca ; duplarigi- 
turiplarumlA,&c;auferancuraCA;ftancq-yUcrcfiduahxcadIA&c;ficha?c 
*d AD,tnpartesmceriores;dercliquodcmonftrabicur cademmcthodOjUC 
pnus,quadracaabFI &:c. aequaliacircrcdangulisCDA.acproindepcrcan- 
dcm Apollonij converfam, fcdioncs Conica: Bl, BN, BE erunt finita^j 
quarumcentraD,intrafiguras,eoq; Ellipfcs,autcirculus. * 

Q^uarto dc BN , prxfuppofitis quas iam tcrtio loco dc ca funt dcmon- 
ftrata-, cummlupcr AN fit adNC,utAB adBG, quxeftproportio unica 
in vnoqu6libccrriangulo, cum Hyperbola:& Elliplcs varias habcantpro- 
portiones.ParaboIc uni cam quidem , fcd proporcionem sKqualitacis : non 
porcringicurBNcficcillaalialcaionum conicarum,pra2Ccrquara circulus, 
jiilaae ic4 fit in circulo»Sic cnim BN circulus, eiusq; ccntrum F , quod con- 

H ttcaa- 
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Stereom. Archime- 

nfi^atiircumpundlroBconradas; erit crgoCBD rcdus, fed& CAB re- 
au.^erar-, crgoui CAaJDB,(ic DB ,hoccftDN adDA. Arqui DNcfl 
adDA,ucCB, adBA, &: ucCNadNA^ Circuliigitur ardu5fccatlacus,ia 
4juocontinuatoccntrumhaber,inproportionelatcrum AB,BC. 

CoroHarium & Analogia. 

HypcrbtflxigiEurin hoctriangulo po(runtcffeinfimt<c,quarumol)- 
tufiflima,utloquaraaalogice,cftBC,cuiu5ven:cxV,& centrum F,m ipfuru 
Canguiuffi Aly(i«pt6ton coincidunt j ipfaq^ fcdioplanein duasrectas de- 
gencrat ; cono ic. pcr verticem iedto) acuiiflima vero Hypcrbolarum itt 
hcjcrciangulojcft analogice ipfa Parabola, cuius vertex in O bifcdionc, 
centrum F. m infinitadiitantia QjLodfi CViirparstertiadcCA , aequa- 
lesfientCF,CV; fiCV minor, fupcratCV, finmajor ,fupcratCF. 

Sic£lljp(cj>rcct2EB[ ,mcerON tranfcuntmfinitse, quarum acutifli- 
mainvercice,cftanalogiceip(aParabolcBO.cuius O vcrtcx, D ccntrum 
ininfinitointervallo, obtufiflimaveroharum Ellipfconin vcriice, cft BN 
circulus. A quo incipuint i:Jl.'pfes tranverfxrurlum infinitsc, quarum acu- 
iiflima circa verticem impropnc dictum , cum fit vcntcr ;cft circulus 
ipfeON, ex co obtufiores B£, lemper,donec tandemcvanefcant inm.c- 
ram redam BA,vcrticcm inproprium E,& centrum D,in ipfo Apundto, 
verticcm vero propne didum in B habentem, & obtufiflimam.circa 
quippe mere redain. Quodfi AE fit pars terriadc CA, ^equAlcs 
fientEA, AD j fivcro £A mmor, fupcrat ip(aaa AD,.fin major, fupcra- 
xurabilla, 

Corollarium 1 1. 

Hinc, nimiTum cx conringentibus, facilc fit judfciam dc fpccic 
^gTruncati. Nam fidua^trurcatum contingentcs inpund^s circumfercn- 
tiarum truncantium,in Schcmate X V IH. in G F. rcdx FY.GYi mutuam 
.fcxlionem Ytccerinttalem, ut YC fit xqm ipfi CO dimidia: diffcrentiac 
circulorum , mcdij & iruncantis : crit Fufi Parabohci truncus , fin C Y mi- 
ncir , Truncus crit Hyperbolico Fufo , fin major, cx Prunorum pri<ii6, dc- 
in cx Citriorum ( ii f ueric Y F ad FO fic ut YC ad CO ) dcniqi cx OJivarum 
Ellipticarum gcncre : ut fi fit C Y dupla ipfius CO. 

Theor. XXVIII. 

Si quatuoT fpecies fe£tionum Conicarum, Circu-' 
.lus,Elliples>Parabola, Hypcrbolse, fefein communi ver- 
tice contingunt^praetereaqj in duobus alijs pundis^^qua- 
litera vertice remotis,concurrunt; omnesiniis duobus 

pundis 
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pundis fecanturab omnibus> & circumfcrentia circuli 

intrafedionescftcxtcrius^continetq^ Ellipticas^ ha^ Pa- 

rabolicam^intim^ (unt Hyperbolicxe^& exiis intcriores, 

quxobtufiorcs, ea^deraqvf^iis Alymptotis propiorcr. 

Cum enim ponannir fcdiones diverfae fpecici , & diflimilcs ctiam u- 
nius fpccicij non porcrunt igitur habere partes cafdem j fed aur contingenc 
femutuoin vnicopundojaucrecabuntfcfe muruo, arcusvero inccrpun- 
ttainterjedidiftabuntabinvicem totiatotis, pcr XX I V, quarti Apollo- 
nij. Etcumponatur^omnesfcfemutuoeontingereinroni vertice, con- 
currere ver6ctiamadaliaduopun6la: nuHaigiturearumcum ullarcliqua- 
rum in aliis pluribus pundis concurret ^etiamfiParabola & Hypcrbolscia 
infinitumcontinuentur, perXXVL quartiAp. Cumqj ponantur con- 
currereintribus pundis: nonigit\ir[efe contingentin corumpundorum. 
duobus 5 Nam fi in duobus fefe contingcrent , in tertio non concurrcrent, 
perXXVlI quarti Ap. Sequiturcrgo, utconcurfusduorcliqnitiintfc- 
Ctiones ; omnis cnim concutfus autcontaiSus eft, aut fcdio. In fcdionibuj. 
autem pcrmutaturordo, 

Et cura ponanturpunaa triain cfrGumferentiacfrcuH, circuliis igi-- 
tur per illa tranfibit unicus , per dcmonftrata lib. 1 1 1. Euciidis. Similitcr &r 
Parabola erit vnica Pone enim diverias eflc & cum pofitum fit , contingc- 
re lcfc in Coni vcrticc , fi di vcrfa: funt , & fcfc fccant, diverfas etiam contm- 
gcnteshabebuntin communifcdionc; quarecademdcmonftrationiAme- 
thodo , qua utitur X X V 1 1 1. quarti Ap. probans, duas parabolas fcfe noa 
contingercin pluribus uno pisndis^ rcsad impoffibilc rccidct, &rtotuni 
fieta:qualeparti Nonluntergo diverfas Earabolx, fcd vnica, quae pec. 
tria punda tranfit. 

Cumq;Hyperbola2,quo ottufiorcs,hocmagiscxtcriiis procurranc 
ultra lcdioncs, ut cil: perle rr.anifcflum *, crgo intra fcdiones ncccireeft 
cffc tanto interiorcs: Et quia cx fimilibus Hypcrbolis, fc.eodcra angulo 
jA,fympt6ton fa(3:is,illamaiorcenfetur,quicmaioribuslateribusformaturr 
Obtufeigiturhicfunt rainorcsiniualpecic, quamacutiorcsinfua ; duo- 
bus igitur nominibus, intcrior habet Afymptotos viciniores, &quiami« 
nor in fua fpecie , & quia refpedu (ocias obtufior : obtufiorcs enim , ut prsc- 
cedcntiTheo: didtum^magis magis^;appropinquant fuis Afymptotis,tan- 
dcmqi cum iis coincidunt. Quin ctiam hoc demonftratum cft Thcorc- 
niate prxccdcnti, ccntrum in obtufiorum aliqua fcric, propius effe contin- 
8cnti,quam harc eft vcrtici,in rcliqua acutiorum,rcmotius. Et vero contin* 
gc^8,intcriori cft ipfa ctiam intcrior.Potcft hoc etiam abfolute demonftrari 
pcr^7. 1, Apoll. Sic cum Hypcrbclae exterius complcdantur Parabo- 
lam ; intra (cdioncs igitur 5 Parabola viciffim complcaetur illas ; cadcm do 
caufa,cumParabolacxrra fediones complc£latur Ellipfes, intra igituric- 
ftiones, Ellip(es viciffim includcnt Parabolam. Dcniq; cum circulus Ellip* 
lcstangens invctHcc, ponaturcas lccare duobuslocis: Lunul^ igitur Ei- 
hptica? rcfccabunrur a circulo , &: conCftent extracirculum ; antc fcdionei 
5gitur,arcus Hlipfeon crunt intra arcum circuli^ 

H Thc^': 
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THEOREiVlA XXIX. 

Si Citrium , Pruna > Fufum Parabolicum , Fufa Hy- 

perbolica, &: Conuscluplicatus,omniatruncata,habue- 

rint eosdem circulos, tam truncantesvquam mediunx 

corporum-.Citriumerit maximum, reliquaeodem ordi- 

ne magnitudinis corporum , quo hic lunt rccenfita. 

Demonftraturfacileexantccedcnti. Nana Gitriumcrcatur fcgmcn- 
tocirculi, PrunacxfcgmcntisvcrticalibuiEllipfcon, Fufacx fcgmcntis 
vcrticalibuiParabolcs, & Hyperbolarum , Gonusduplicatus cx Triangu- 
loHolccle. Gumautcmcorpora ftatuantur habere eosdcm circulos trun- 
cantesiarcusigitur omniuralincarum crcatricum (cfemutuofecabuntia 
pundlis duobu$ , per quas circuli truncantes tranfcunt. Et cum idcm omni - 
bus corporibus tribuatur circulus maximus corporis mcdiusrergolmcae 
crcaticcs omnes fefc mutuo tatigunt in communi vcrtice, qui cx circum- 
«iudu figursB cujusqjcrcat illumcirculum totiuscorporis medium. Gum 
autcm (cdiones Conicx fe(e mutuo amplcftantur ordinc hic attributo: 
(cgmcntaetiam fefemutu6cxcede<;>tcodcm ordine.Conusigitur duphca- 
tus & truncatus( in Schemate X Vlll, rcdis lineis H AE GCF contcntus )c- 
rit minim^ : Ei pnmum Hy pcrbol<e fingulx fingulas tunicas circumduccnr, 
u t fiant Fufa Hy pcrbolica truncata i fuperinducet & Parabolc unam , ut fi at 
FufumParabohcum; tumEHipfcifingulaf rurfus addcnt fingulas> utfianc 
PrunaElhpiicatruncata. TandcmCirculus, arcuFSQCG uhimamin- 
^ uc t ci tunicam , f acictqi Gitrium truncatum, 

Th. XXX. ProblemaGeometris 

-propofitiim. 

Proportionemindagarcfegmentorum Citrij, Oli- 

, Pruni aut fufi , factorum plano axi parallelo. 
Vfuseiusnonpoccftcffcobfcurus, fcicntiadceft. Incxtenfionevc- 
ib foliditatis Citrii in rcdum, lc. in Prifmatis cylindrici portioncm, refpon- 
det tali fcgmento Citrij , fcgmcntum portionis illius cylindricie,fa6l:um (u- 
perfic.e,qusB fimilis eftcylindraccaj,feu poiius partiinvoluta: charcxquo- 
dammodo :nam in unam plagam cft re6ta , S^tc£^x in bafi portionii Cyhn- 
drace^parallclai (urfum vero cftcurva, non tamencurvitateneqj circuli, 
quodcertumeft, neqjfeaionisconicx, quantum raihiconftat; ctfiintcr 
conicas, £lliptic«fitfimilior,quiafuperiusmagisfle£l:itur. Etfide huius 
curvitatis linea conftareti nondum tamcn ex ca, pcrhaacnus quidcm 
xonftituta , darctur foliditas talis portionis, 

Conclufio huius Supplcmenti. ^ , r • » • 

yfie nuMc, S N £ L l i, Geometrarum noftn ftcultdecwjcgittm^m hujHS VrohlenT^ns.ctterQrumt^ <^ua htc de^ 
fderaniur demonfrrationem nobts exfedt : refcT^-atur , nffnttor , hxc tn^enito Ttbt, utexiftat ^lecanutumalt- 
(iui(, ciuttuAfirt44nxlflendoremrefutAniy z^^erecundtatnftigatfis y dt^num ali^utdhacjoUtrtta, qttOjCia- 
'i tt nofMts aliQua tux ret fiat Aicejfio^ remuneretur yfrojj Cttrto nHmcrtCQ^ Makm aftreum rcpemdat. 

II, Pars^ 
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II. Pars. 

Stereometria Dolii Av- 
ftriaciinlpecie. 

AD QVODGENVS TIGVRARVM PR^MISSARVM 
pertincacfiguraDoJij Auftriaci, 

Pracmiflisigiturgencralibus, <]uas deftereomerriare- 
^ulariumtamcx Archimcdcquamexproprijs inventionibus, addcmon- 
ilracionesincelligendasvtiliavidehantur , jampropiusadjppofitumvcnio, 
niultaq5 ab Archimede itidemnontacta, de corponbusmeadem Sphser a 
Parallclcpipedis, eorumqj Cylindris &Gonis, lcd qux dol ij Auftriacina- 
ruram vnicearcincre vidcbantur , lub titulo Stcrcomccrix Dolij Auftriaci 
infero > &pra:mifto Archimedis fupplemenco adjungo . Dolij namq; figura 
cft Cylindcr vcncricorus ; feuaccuratiusloqucndo, dolium inteHigitur di- 
remptum in duos veluti Truncos duorum Conoruna , quibus verticesin 
contrariavergentes,intelliguncurpr3Efe6tiligncfs dolij OrbibuSjBaiis vero 
communis^divifionem ConQrum faciens, cft circulusper dolij ventrcm 
amplif{imus* 

In Schemate ^ V 1 1 1. bic fubjunfto , Gylindcr intclli^itur HEGF, 
ConusABC, &a]ter huic arqualis ab AC vcrfusND : vcniccs prsEfedi 
EBG, &:aEquaIis iUi alter ab HF, vcrfusND. Trunci AEGC^ AHFC,com. 
xnunis bafisAC 

Qyx igi tur dc Gylindris & dc Gonorum truncis vcra funt , cadcm 
ctiam ad figuram dolii pofTunt applicari,quippc quae parum aCylindro,mi. 
nusqj a trunco conico abit, dum aflerum conniventia, hic per rcftam 
CRFintcIle6la,extrorfum vcrfusjin buccofitatcm nonnuUam flcftrtur. 

Aocuratiirime,omnisdolij figuca,cfl:mediustruncus,vclCitriicx 
circuli[(egracnto, vel Pruoi cx vcuicalipartcElIrpfi^,vcl Fufi Parabolici, 
plerumqj vero Hyperbolici jpriEfeftis utrinqj vcrcicibus a:qualibu$. Ratio 
curFufum Hyperbohcumdicam , cfthgc;quiadohabuccofitatempleruq; 
Tccipiuntin vcncrcm mcdium: verfus cxcrema & orbcs ucrinqj li^ncos,ma- 
gis ad rc£licudincm conicam acccdunT,ut circuUIignei facilius trudi ad- 
llringiq; adigendo poffint. Hoc ver6 facit & Hypcrbola , & nata ab illa,C o- 
noides u Fulum , ut brachia eius a nicdio flexu fcnfim dcgencrent in re£ti. 
tudincm AfymptoTon. Facitidemcxparte& FufumParabolicum & Pru- 
num Ellipticum , fed cvidcntifl[ime Hypcrbolicum Fufum : Prunum vcro 
ElHpcicumminusminusqr,nccomne,fcdgracilc tanTum, &quoda fcg- 
mcnto verticaU Ellipfis cft, cuiusaxispoft truncationcm, adFocum ufq; 
nonpertingat; qiia^cautio etiamin Parabolico Fu(o locum habet. OUva 
ver6,cx Ellipfis (cgn>ento intervcrticcs medio crcata, contrarium facit> 
nam verftisextrcmamagisflc<aitur,quaminmcdio, 'quod abhorretado- 
lij figura. Ecfi non negaverim propccr infcnfibilem diflcrcntiam iftarum ti- 
gurarum, effc dolio quandoqj eciam cx Olivse crunco figuram^, ac non ftudio 
arcificis/cdabcrracionc manus confticutam, Nunquam vcro uUum do- 

H j liuni 
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^ liumconftitutumputocxventrc Sphaeroi- 
^ dis Archimcdci ; quam, ut verx proximam 
( nondum notis aliis , quaruro gcncfin fupra 
docui) cLAvivs fubiccit ; paratusta- 
men intcrim (verba Clavij)fi 
quis accxiratior^m invenerit, 
cam libenti animo Sc grato ac- 
Ceptare. . Nam Spha^roidij; longi , quod 
in mcdio juftam & dohjs aptam habcat 
buccofiiatc, flcxura verfus truncatos yer- 
ticcsni;iiiacft,ncculla vmculam ca pof- 
fcntdiubxrere. Sinautemfumiensmc- 
diumvcntrcm (phxroidis valdc gracilis; 
miaucs quidem hoc incommodum flcxu- 
Tx nimia? in cxtrcmitatibus dohj , at vicif- 
Cm vcntrcm dolio nullum pcrmittis , ac fi 
cxpuroputo Cyliadro illud conftruercj»» 

In hacigitur figura, duo arcus H A Ft 
FCG, circuli cuius diamctcr a^qualis i^d 
BT , dcfcribunt truncatum Citrium , cuius 
vcrticcstruncati funt HNF, hlG. i inea 
vcropundisnotata, intcr re<5tam ¥RC nc 
arcum FSG, Fufum dcnotat Hyperbolj- 
cumjcuius HypcrbolesvcrtexCjCcntrurn 
V, Afymptoti VX;VZ. quarumrcdituui- 
ncmHypcrboIa CF, vcrfu^F magis«.a- 
gisq; affedat, &hic a contingenic fua 

.FQY,fccantcarcumFSCinQ^ifHcuker 
diftinguitur. 

Qua ratione quis Vir- 

gam menforiam falfitati^ ar- 

gucrc poffit; & quomodo fides 
ejusalTe. r. 

Igitur ut ad exordium disqui- 
fitionishuiusrcvcrtar.Elcnchusmcus Vir- 
gx Mcnforias primum erarhic, quodca- 
dcmeius loBgitudo'AF diffimilibusfiguns 
doliorum competcret, quarum tauxa 
noncfient xquafpacia. 

Vthanc rcm in plano demonftra- 
rcm : vifum cft, pro Cylindri corpore, alfu- 
njcrc Parallclogrammum, quoCylincLcr 

pcr 
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pcraxcm fecatur Namquaede Cylindro verafunccactiatnTruncoconi. 
co AHFC, eiufq; Trapczio, quod illum per axem fecat, lc. de plano 
A H FC , in quod etiam AF virga men foria incidit , applicari polfunc. Naai 
platium hoc cum cylindri corparc & crefccrc minui videbatur, Sit 351- 
turhacdere 

Theorema I. 

Cylindrorum rectorum (cctiones per Axem,qua: dia- 
gonioshabentxquales,nifiproportioDiametri bafis ad 
aititudinera fueriteadem aut permutata, inxquales ha- 
bentareas: eftq^inter hasiihus areamaxima^ quxfecat 
Cyhndrum xquealtum diametro fu^ bafis, 

EftoBafeosCylindraccac diarnetcrCI, altitudocylindri lA. zqualis 
Diamecro Bafis , repra^fencansjam diroidium Dolij Vinarij fe»a;io C ylindri 
sche^^a XIX. ^fic AICO Rcdangulu m , quod hic 

crtquadraiHm, lineadiagonios AC, 
'•'^r^^r: — reprxlencans Virgam menforiam 
L^^^5?^^-^;52?^^^^^N. ^ infuforio Orificio A , adorbis li- 
' — ^ -^' Xgnei IC, calcemCjtranlverfim dcf- 

cendens. £c quia cylinder pr^Efup- 
ponttur Redus, -eric CIA angulus 
redus. Bifececur AC in N , & cen- 
cro N , fpacio NA fcribacur icmicir- 
culus AIC, quipcrl tranfibic, quia 
AIC rcdus, Ec quiaAl, IC a:qua- 
les, crunt igicurarcus AI, IC, qua- 
drancescircuh; &connexispund'>s 
N , I, anguli INA , INC erunc redi, 
& IN perpendK>uIans in AC. 
0 E!igantur^m pun^a qux- 
cunqj unius quadrantis ; & finc verbi 
i;ratiaH,B,conQectanturqjcumtermini$diameiriAX. hncisHA, HC, 
BA, BC: fic, ut manence eadcm diagonio AC, quadratum AICO, vel 
cius pars diraidia,fc. triangulum AIC,mutctur in ahasiiguras AHC, ABC, 
angulolmanentercdojctiam apudH&r B, quippcomnibusinfcmicircu- 
io codcmconlHtutis; utita AHC, aBC, finc itcrumrc6torum Cyhndro- 
rum fcdiones dimidiacx , fincqj jam diamccri Bafium CH , CB , alcitudines 
CyhndroruniHA,BA. 

l^icoaream AlCcflcmaximam, AHCminorcm, ABC (punftoB 
rcmociori ab I quadrancis termino ) iterum minorem. 

Dcmitiantur cnim i pundis H. B, pcrpcndicularcs in diamctrum 
AC, quasfint HM, BK. Igiturper demonftrata Euchdis, areacuiusq; 
.£rianguha:quatRe(aangulum fub dimidia bafi AC, &alticudinecriangu- 
iorum,fc.NI,MH,KB^ Qyare ucINadHM &BK,fic AlC^rcaad 

^ • AHQ 
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AHC , ^ A BCarcas. A t in qiiadiantc A I , omncs Rciax, parallelie femi. 
diatr etro IN , vt lunc HM BK , func minorcs ipfa fcmidiamctro IN . & mi- 
ncrBK,remoiiocabilIa,quamHM prcpinquicrilli. Minorigicur cftarea 
AHC, quam AIC, itcrumqjroinor ABG,quam AHG. Rcclangula ;gi- 
turhorum triangulorum dupla, funceodcm crdincitiaiora. ^ 
DicocciamCyliadris,quipropGrcioncn>alcitudinu£ivad djamccros 
Bafiumhabcncpermucatam,cnc fcdionesasqualcs. 

Lftocnun ABdiamcccrBafis&BCalticudoCylindri : patct,trian. 
gulum /:. BC , quod eft dimidia fcclio Cyl ndri pcr axem , njancrc idcm 
quodantca,C4imBCeHct diamctcrBafu, & A8 alcitudo, coqjproportio 
harum lincarum pcrmutata. 

PotrononccJanduseftcrrorin qucra me conjccitprimo.dicfupina 
Theorematis huius confideratio» Nam hxc coromemoratio ada oncbic 
lcdorem ,uta fimihbusfibicavcateciamahbi, Sicenimrum raciccinacus 
pcrpcram : Cum arcarum fimilium proporiio ficdupla proportipni latc- 
rum,Corporum vcrofimihumtripla : torccciam in diflimil buj, e. dcm 
tamcn diagonio AC.uccnCibus, corporum proporcionem, proporciuniS 
arcarum hncarumq^ fempcranalogam, Hoc vcro fallum eft ; cccgoli 
viccoribus id cojnfihj dcdificm, uc femper diamctrum orbis hgnci confti- 
rucrcncfubdupIamlongicudinisTabularum;quod(ccuritasarca:mcticnda5 
requirit, ac fi cuam fccuritati corporis meiicndi fic profpcdum clTcc ; plu - 
rimum iplorum arci nocuilVcm , longiusqj iUos afcopp abduxiflcm. Ni n 
cnimubimaximaeftarcaplani , fccantis cylindruro , ibi eft &' maximum 
cyhndriccrpus. Scdidpofteaapparebif, Nuncqusdccyliodrorcaoluac 
dida ,accommodabo ctiam ad Truncum Conicum* 

ThEOREM A 1 1. 

InTruncisConicis reliquaomniamancnt, nifiquod 
mter truncos proximos abillo, quilarus diametro bafis 
habucrit a^quale,plus variatur arearum fuarum propor- 
tio, quam fi Cylmdripro Truncis Conicisefrent, inter 
truncos remotiores mulus. 

Cum cnim angulus comprchcnfus a latcrc Trunci j &a diamctra 
bafisminoris, ficoDaiarRciao, compcict nonin fcmicirculum, fcdinar- 
cumfemicirculominorcm, Ducaturigituripfi ACparallclaPQ^^cc^ns 
fcmicirculum inpundiis P, pcrpcndicularcsIN , HM , PK ,iu pundis 
R. S. V. & connearanturpunda I. H.B, cum punaii P. Q^Rcpriclcntat 
igiturjamPCLVirgam mcnforiam, QI, QH, QB diamctrum bafis dc- 
iruncati Coni jiP , HP , BP , latus trunci , dimidialongicudo Tabularum in 
dolijs : & anguli Ql P , QH R, QBP obtufi & ^equalcs intcr fe , qujppc m co- 
dcm lcgmcnto PQl ftaates , caufam prxbent asqualcm per h^s omncs fi- 
guras, variationiscjus^ quaro hiccxplicandam fwmpfi. 

Ru?iumigiturareaPIQ,cftadarcam PHQ & PBQ, utTR,ad MS, 
dcBV: camiguurab inajqualibus IN, HM,ablaiafintasqualiaRN & SM: 

tcfi- 
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rcfiJuall^ &HScruntin ^portioncmaiori : magisigiturcftfcnfibilisdif- 
krenciaarcarumPlQ^HQ^uamarcaruAlC AGC.Contradecrcmcnta 
perpendiculariuluntmaximaapudA: minoraigicurcruntapudP tcapua 
P evanefcuncperpendicularcsTruncorum ,apuJ A vcro evancfcunr per- 
pcndicularcsCylmdroru: mmoriigicur ^porcionedccrcfcuncaie^EPBQ, 
propiorcsfim P : quam arcx ABC, propiorcf fini A. Ac priuspropiorcs uu- 
no 1, maiori proporcione dccrcfc^bant PHQ^quam A HC. Hoc theorema 
prxcipuenotabileeapropter hallucinationem aliam diucurniorcm , circa 
comparacioncm Truncorum conicorum incer fe , cuius intra fict mcncio, 
Porro elcnchum Uallucinacionis did£ continct fcqucQS 

Theorema IIL 

Cylindrorum Redorum y quorum fcdliones ha- 
bent candem Diagonium , Corpora non habent inter 
leproportiones analogas proportionibus Arearum.qui- 
bus fecanturper Axcm: nec cujus cft maxima fcdrix a- 
rea,eiufdeni&: corpus maximum eft. 

InSchcmace priori, cum AIG ficdimidium areaelO, fccantisCy- 
lindrumlOperaxcm,lCDiamecrumBafis: dudaigicur AlCOarcain IG 
Diamccruin Bafis ,crcacur parallelepipedum Rcdangulum, quodCylin- 
drumftringic. Vt igitur uadn. fichoc parallelepipcdum ad cylindrifui 
corpus Pcr UI. pricmiflxftcreomccrieaB Rcgularium. Ergoin quafigura, 
cxijs,quxhabcntcandcm diagonion AC, maximum cft hoc parallclepi. 
pcdum. ibi &i Cylinder cft maximus. Atiniigura cuius AIC cftdimidia 
fedio ,non cft maximura hoc parallelcpipcdum , quantumvis arca fcdnx: 
AICO fit maxm^a^ quod Hc dcmonftxo, 

Sit in quairancc I A punau^n H , proximum puna:o I , quippe ad ti. 
ncmOuadrancis. Cumcrgq AHC ficaliafigura, quam AIC, &:habcat 
candcm cum illa diagonion /i(^,.(i9C vcro AIC , AHC arca: adfc in viccm, 

YC pcrpcndiculaucs earum IN, H AU* crunc in finc qua Jrantis intcr fc in nii- 
nimaproporcionc,&proximexqualcs,quiacciamhnea:lN,HMinccrval- 

lo cerco incer (e remota^, in minimajad inviccm func proporcionc i qux pro- 
porcio inccrcaidcm fcmperevadic maior, quo propius illicad A iniiium 
q uadrancis , codem inccr ipi^ m^ci;vallo mancncc , acccfTcrinc, 

Acqui,uccorpuscrcccurJincaeCI, CHduccndas funtinarcas AIC, 
AHC,&pcra:quipoilcncjam, ucRcftangulumfufcNl,IC,ad Rcdangu- 
lum fub M H, HC,fic corpus Parallelepipedi AICI, ad corpus AHCH ; acqui 
niaior eft jpporcio rJC ad CI , quam I^N ad Nam Cl fubccndic quadran- 
tem; H, pauloplus, &ipfarum dimidiafuncpcrpcndicularcs dimidijqoa- 
drantis&paulo plu^Mllae Nrcro nonfilQtinminimaintcrfc ^portionc,quip- 
pe quae in mcdi o quadrancis maior cft quam in finc,codcm ucrinq; pcf pcn- 
diculanumincervallofuppofico Ergocxiftcncecodcm pcrpcrtdiculariuin- 
tcrvallo,quodficdimidiumarcusHi,pcrpcndicularcscircafincmquadran- 

tis l,(unc in minore proporcionc,quam dimidis CI,CH circa nrcdiu m qua- 
dranci.s,diftanceseciamdimidioarcuiHI. Eccumdimidiaru Cl>CHdittc. 
rcnti a Gc maion quim perpendiculariu ad I, qua: dimidio arc us HI diitant. 



M 
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totarufnigitur CI CHdifferentia, priorisduplcx,eritfnaiordiiim t>ert>m 
diculariutnIN,HM totoarc^^ lucon(ickulir^^,!^^f. 
fc drffcrcmiam intcr IQ & CH , quam intcr HM & I N. Itaq; ctfi HM fccun- 
darhgurxcft paulooiinor quam IN prima:. viciffim tamcn CH lccunds 
figur^cft multo maior quam CI prima^. Majus ^ft jguur Rciaan^ulnm 
MHG^uamNlG,6.ficmaiorCylmdcr,ciufq;parall^^^^^^^^^ 
quam AICI. cum e coatrario ipfius Gy lindn AHC H,arca lcarix AH C mi ' 
norantcafucrit,quamAlC. NoneftigiturproportiaCorporum AiCI 
AHChanalogaproportioniarcarumAiCAHC. £c AlCquidcm cft ma 
xima arcarum fupcr cadcm diagonio, corpus vcri AlCl ^iandl xnaxil 
mum,fcdAHCHcftcomaius. "wmaxi- 

Praxis &:per eam fuccefllis. 

CutncorporacxIaahuccrcfcantvcifuiH,inqmfiviIod^^^^ 
fctcorpusmaximum; non cnim crefcitcorpus conrinu^ ufn; in ^ , fcdin 
Yicimaipfiu$A,rurfumattenuatur,&unacumarcaABCvtandcmin 
mhilumrcdig.tur,quandoaIt,tudo Cyhndri , aualogice loqucndo , pun. 
aumcft,fcrA,diamctcrvcr6Bafi$AC,cioncidcnscumdiionio 

, . ^ ^Zn^^^^^ ^""^' ^''''''^ ^ ^ ^ ^mul tiphcavi in finum dimi- 

Ci) arcus HL. , , pcr omncs quadrantis gradus ordinc. 

Cumautcmfittasdiofamultiplicatiofinuum, accipe proccflum brc- 
Viorcm : ht diagonios 20 .a^adratum 40C , fit altitudo AG ; , quadratum 
TLJ^^ ^^^- r C l^ocablatoa4oo, rcftatquadratum ipfius 

^ If^'' ^^"^ ^oo : quod duc in almudmem, vcnic 
Altitu- Bahs dia. | Erit corpus ^oa, procorpore huiuscolumn^, in com^ 
do I metcr I columase jparationccumcactcrij. 

rScd in phori proccflu attcndi, ubi 
primum confiftcrcnt quotientum, ftu 
corporum, incrcmcnta jab coq; termino 
iterum dccrclcercnr; illos igiturfinus no- 
tavi. Quos cum intcrpofita vna noftc rc^ 
pctcrcm fub afpcaum', apparavic , G pun- 
dum circumfcrentia:, apud quod maxi- 
mum corpus tcrminabatur, conncxum 
cum AC , prxbcrc GA , latus cubi in Sphx- 
ram AIG infcripti , & GG , diagonium pla- 
ni cubici , feu latus Tctracdri in cadem. Id 
igitur fcquentibus Thcorcmatibus de- 
monftrabitur. Et notaquod hifcc Thcorc- 
maubustradatur 

Ratio ^pportionis ufi- 

tat^infabricadolij Auftriaci. 

Theor. IV. 

Omnium ParallelepipedoriS 

fcii 
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feucoliunnarum infcriptamm fphxra: euicm, qux bi- 
nis cxoppofito quadratis Birfibus conftant, Cubus eft 
maximocorpoEc. 

Theoremacftliaaenusdcfidcratum : etfi habet dixin evidentera 
<acAnalogia. Circuluseft omniumplanorum, xqualibus peiimetriscon- 
tiintoium.capaciffimum .utdcmonftravitPappus, libro V. Scd&plano- 
tum^quali iaterum aumcro conicatorum, &:a:quali pcrimciro, quxlunc 
circuliiimiliora, capacioralunt. ^ ,. . , ' 

K urfum 6: (cgmcntorum cx divcrfis circulis , quorum arcBmtcrcn- 
ua:funta;auales,C3pacinlmumeft, femicirculus. 

Ad candem roodum & Cubus eft (olidorum omnium , qua: xquah- . 
Buscumillo.fuperficicbus contincntur, capaciflimus. tt I'olyedrorun* 
Ifopcr.roararum, quo fueiit quodlibet Spha;ra: firaihu», ordme & nu- 
nierolatcrum.-hoccapacius cft ; lcol.iedren quidcm capaciffimum , quia 
pluritnis Bafibus contentum, ut circulus infinitis quafi Bafibus. Hxc 
omniaPappushabethbro V. »^ . . , 

Scd & dc fcgmentis divcrforum globorum,Ifoperimctris dcmon- 
ftravitArchunedctcapaciflimumcHeHemifphxriumomniumglobifeg- 
memorum , quxjcquali luperhcic contineantur. 

Hxc quidcm prsftat figuris ca;tcns, circuli & globi natuta, cuin 
funtlfopcrimctra:. Quando vero rcmittituriji asqualitas fupcrficiei , vicil- 
fimq; daturlMyedriscadcmfphxracircumfcripta; contrariumcontmg,t 

nonnulhs, ut Dodccacdron fit maius lcofaedro, quod dcmonftrarunc 
ApolloniusficHypficlcsad Eudidcm: athoc proptcrcandemglobinatu- 
ram accidit , & proptcr fimihtudincm figut^e cumglobo, qua: h.c rcgnat. 
Pxius enim cum^qualcs eflent fupcrficics , fimihrudo cum globo confiftc- 
bat in multitudinc fupcrficicrum: Hic cum angulorum in var.js figuris 
ponatur orbis xqualis, & d.fpofirio pcr iUum ordmata : fimihtudo cuta 
globo confiftit in muUitudineangulorum , qus maior eft m Dodccaedro, 

quam inlcofaedro. , 

CumhsEC fichabcant, facflc apparet, ctiamintcr corpora, qu*P'a- 
norum xauaU numero contincntur, id effet capaciusinglobo, quod cft 
elobifimilius; Vbifimilitudo confiftitin2qualitate& fim.htudmefuper- 
lcierum. & ordinc angulorum. Hxc ig.tur Cubo ad(unt, P;«^^l;q"'^|»^ 
b, Parallelcpipcdis. ^uare Cubuscnt capacior. Bxc qu,dcm dixiscftcx 
Analo2ia,Nuncplcnam fubijcio demonftrationcm, qua: (ane dffhc^lta- 
tem aliquam habct cx co , quod folidi fccirioncs minuti concipicnd« funt 
in Schemate plano. . , — • Arn 

In Scbcmatc proximc fubjcfto fit Sphxrx circulus maxinnus AC,K. 
diamctcr huius, idcroqi & axis fphsra: AB, K fit Latus Cubi in Spha:ra 
AG.diagoniosuniusqnadratiCubiciGB. Columna ig.tur b.msquadra- 
tisBafibus.quxfphxrs.eideminfcnbuntur, aut funt ^ltiores Cu^o, Ba- 
fcsqj quadtatas Cubicis minorcs habeni , aut funt humiliorcs Cubo , oau. 
busquadraiislaxioribus. ^ ^ j.^ 
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Sitprimo ColumnaalciorCubo. Ducaturigitur ipfi GA alcjtiidim 
Cubi,paralIelaloiigior incirculoquxficDF, fecansGBinK : Similicer6r 
schemaxx. ^P<i GB, diagopio quadrati 

Cubici, ducacur paraJlcla cx 
pundoD, finc alticudinis co- 
lumna:, qua: fic DE,diagonios 
quadraci Columnaris, dico 
column^ FDE corpuSjclTc 
minuscorporccubi AGB, Eft 
cnimDKadBK,ut gk adKF; 
&viciffimutFKadKB,i5c gk 
ija adKDrfcdAGcftminorquam 
]f FK,&GBcftmaiorquamKB, 
Maiorcft rgitur proportio ag 
ad GB, quam FK ad KB.Maior 
igitur cttcarundcm AG ad 
GB,proportio, quam GKad 
. . , ^ ,j - KD:fcdAGadGBcftpropor. 
tiolub-lcmidupla. Minorigitur cft proportio GK adKi), quam fub.fcmi- 
dupla,&GKvcl plus potcftdimidioipfius KD, vclxquatKiJ, veleactiam 
longiorcft. 

. Fafta vcrocft appofitio ad corporis cubici ajtitudincm pcr duaum 
duorum^quadratorum columnarium utrinq^ , in particulam altitudinis kd, 
E contrario&£ta cft diminutio a corporis cubici craffitic , pcr duaum qua- 
tuorQuadratorum,columnaris«quaIium,circacorpuscolumnx,in parci- 
culam Idccrcmcnti , qua femilatus quadrati cubici diffcrt a femilaterc qua- 
drati columnarisrquod decrcmcntumcftad Gk dccrcmcntum fcmidia- 
gonij,utAGadGB, nimirum cius fub-fcmiduplum. Ncqitamen hiccx- 
prcflacftomnisdiminutio,quiaquatuorhofcc laterculoslpcciei quadra- 
ia?,minoris, quamcft quadraturacubicum, circumjaccntadhuc duodc- 
cim columcllx quae itidcm dc craffitic cubi fun t diminutx. Quod fi latcr- 
cuh quatuor circa columnam,diminuti dc corpore cubi^maiorcs funt latcr- 
culis duobus fupra & infra adjeais ad corpus cubi multo magis tota dimi^ 
nutio dc corpore cubi, fuperabit adjcdioncm alti tudini faaam. A tqui m ai- 

orcsfuntquatuorlatercuhlatcralcs,duobuslatcrculisaltitudinis,quodfic 
probo. Eftcnim unusquilibctlaterculorumlateraHumad laterculumal- 
titudinis, ut decremcntum latcris cubici , ad incrcmentum altitudinis , fc. 
cuiusdimidiumcft KD4 Scddecremcntutri latcris cubici, ad iircre:pentutn 
altitudini»,habct proporcioncm compofitam exproportionc AG a d GB, & 
GxadjCD. Namutdccremcntumfemilateris,addccrementum femidia. 
gonij Gk, fic AGadGB,qu^eftparsproportionisuna ; alteracftipla pro- 
portioGKadKD; Atqui proportioncsharduarjuna^ conftituuntaHquid 
minus fubdupla. Eftcnim AG adGB fub.fcmidupla, &GK adKD min,-r 
quam (ub-fcmidupla. Scmis autcm & minus quam fcmis compofita , fa- 
ciunt minus quam totum.Siergo vnus lacerculus lateralis ad vnum alcitudi- 
nis,habctproportioncmminorcmfubdupla;vauscrgoaltitudini$,non cft 

planc 



LII AVSTRI ACI. 

iplaae duplam vnius latcralis , & vnus altitiidinis,non plane ^^^^^ 
ralcs. ledminoreft: ^ per confcquensduo alritudinis,rant minorcs qua- 
tuorlatcralibus : Et igitur adjedio facta altitudiii», minor efl: diminutionc 
fadUdclateribus cubi. Columna igitur Spharr^, altior cubo, eft minrr 

corporc cubi. /• ^ * « j . 

SitfccunaocolumnaCubohumiliorr , ducatur ipfi GA altirudmi 
Cubi,paraUcla incirculo minor LN , proaltitudinc column^, &:ipri GB 
diagonio planicubici,ducarurcx L pataHelaLM, prodia^onio <iuadrati 
<columnariscubicomaiori«,fccansGAinO. 

Rurfum ig»tirr,ut prius,cft,ut MO ad O A, fic GO dccremcnrum al- 
titudinisexvnaparte adOLincrcmcntum femidiagonij Sed BG eftmi- 
nor quam MO , &: G A cft maior quam O A, Ergo proportio BG ad G A, 
qua:cftinCubofcmidup1a,minoreftquamGOadOL. Maior eft igitur 
proportioGOadOL,quamfemidupla. 

Scd proportio intcr incrcrocntumicmidiagonij OL^ 6c incrcmentum 
(cmilatens quadrati. cft fcmvdupla. JErgo compolitis lcmidupla & plus- 
quam fcmiduplain vnam ,critproponjo GO decrcmenti dimidia^altitudi- 
nisadincrcmcntumicmilatcris, maiordupla. Sed pcr dudum duorum 
quadratorum cubicorum in GO, crcantur latcrculiduo diminuti dc altitu- 
dine corporiscubici. Comra pcrduaum quatuor quadratorum cubico- 
rum , in increraentu femilatcris , crcantur latcrculi quatuorjqui funr maio- 
rcscaadieaionc&circumpofitionc,quxiaaacftcircacorpusCubi, Nam 
ctfiappofinshis quatuor latcrculis, adhuc hiac colunma, deildcnribus 
quatuorcolumcUis>apud quatuor crcaac61uronae latcra -, tamcn viciinm 
cxccdunt hi latcrculialtitudinem columnx, odo alijs cblumcllii «qucaltis 
cumillisdeficicntibusjcraffioribustamcn quamilla^. Harumcnimcra^ 
fiticscftGO,illarumcraffiticscft adOL , ut AGad GB, minorfc. quam 
O L , multo iguur minor quam go. Tribus igitur nominibus odo craiTas co - 
lumcll2cxccdentcs,iunt maiorcs quatuorcxilibus dcficrcntibus, Qua. 
tuorigiturlatcrcuhdiai, funtTBaiorcs appofitioncjfaaa ad corpus Cubf* 
C^uodfiigitur incrcmcnnim fcmilatcriscfictpr«ife ditnidiumipfius GO: 
quod crcatur a go, duda in duo quadrata^ a^qualc cflet ci,quod crcatuT ab 
incrcmcnto (cmilatcris,du£lo in quadrata quatuor. At minus cft incrcmen- 
tufcmilati^ns, dimidioipfius go, ut dcmonftratu. Quarc & quatuorlatcr- 
culiquadrat'i,minorcs funtduqbus latcrculisaltitudinif» Multo igitur mi* 
nor cft adjcaio,faaaad latcra cubiiquam diminutio,faaa dc altitudmcCo- 
lumna igitur Spha;rac , humilior cubo Spha?ra5 , miner cft corporc Cubi in 
cadcm Sphxra. At prius ctiam altior Cubo, minor cratillo : nulla igitur 
Columna fphasr^ , quadratarum bafium & rcdangulorum latcrum, aflc- 
quitur corpus CubuncadcmSphaera : quodcrat dcmonftranduni, 

Theorema V. 

Omnium Cylindrorum , diagonium eandemhaben- 
tium, maximus &C capaciffimus eft is > cujus diameter 
Baiis, eft ad altitudincm in proportione femidupla> feu 

I s vt 



XXI. 



Stereometria Do^ 

vtlatus Tetraedriautdiagonios quadrancubiciad latus 
cubi in eadem lpha:ra. 

RcpctaturSchemaThcorematisprimi,& AClineadiagoniosRc- 
ftanguli , quo conus fccatur pcr axcm , rcprxlcntans virgam menroriam, ae: 
; r> ^uper AC confti- 

tuatur fcmicircu- 
\ ^us AGCjdivida- 

tur vero AG m 
partes trcs «equa- 
leSj&fitAL pars 
vna, LO duse, & 
cxLerigaturpcr-i 
pcndicularis LG^ 
fccans circuluin 
inG,&conneda- 
turGcum A&C/ 
Quia igitur CL 
ipfius LA crt du- 

\ /\ J' / \ \pla,eritCAipfius 

\\/;;VX / > ^LAtnpIa.Vtvcr6 

iiV:' A / y y^Ch ad AG, fic 

AGadLA. Tri- 
bus aute cxiften- 
tibus proportio. 
nalibus continue, 
vt prima cft ad 
rertiam , fic qua- 

dratu m prima: cft ad lccundx quadratum , quia crgo CA prima,cft tri pluai 
tcrtix L A , quadratum ctiam ipfius CA diametri crit triplum quadrati AG, 
fecunda?. Etquiaquadratum AC^quac quadrara AG,GC,junda, quo- 
rum AGeft tcrcia pars, erit GC du^ tertiaj ipfius AC, & fic quadratum GG 
duplumcritquadrati AGJgitur AGcftlatusCubi infcripci fph^ra^ AGG, 
&ACcftdiagonios quadratiCubici, vel latus Tedraedri inicripti cidefn 
fphasra^.Dico CylindrumjCuiusdiaractertafeoSyCftGCaltitudoGAyCire 
oj^niumCyhndroraro^ quibus eft hitcdiagonios AC, capacifTimum^feii 
tnaximoGorpore. Nara quia ,GC, punda funtinfupcrficie fphasras^&h- 
neaGC eftdiamcter bafisunius; totaigitur circumfcrentiaillius bafisfta. 
bit in circumfcrcntiafpha^ra^ fic & bafis oppofita,cuius unum pundum A^ 
Atfi AGIatui cftCubi^ & GCdiagonios lateris Cubici, neceiSiriojn cir- 
culo GC,& ficin Sphaera,infcriptumcrit quadraturo cubicum, cuius oppo- 
fitiduo anguIiG,C, fic & in circulo bafis oppofitas pcr A traduda?. Itaq; 
Cylindrusjamdefinitus, habcbic infcriptumCubum ciuldemfccuna alti. 
tadinis,cuiusomnesanguh ftantinfupcrficiefphasras. 

Eodemmodo etiam in aho quocunq; fpha^ra^ circulo, cuius verbi 
gratia IC dtamctcr, intclligitur jnlcriptum quadracum colunina?i cuius 

aki- 
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LII A VSTRIACI. 

:aUiruioIA,5:qiiadratiunius,aaguliduo I C. oppofiti,quacIratialtcriui 
■aoguli A,X : itaq.;C^ylmdr6 AlCcoIumna2qucalrainrcripx.i cii, 

Atquiomnmm ColiuTinarura adGyimdros a^qucaltos , quibus in- 
fcribuntur, cadem cllproportiojCubus vero omniumin fphasra Columna» 
Tum cft maxiraus^ Cylmdcr igitur AGC,cubo fphasrce circumfaiptus, 
omuium alioru m C yhndroru m in fpha2ra,ut A IC,maxi m us c(l. 

Eadcm demonftratio poteft ctram pcrScfaemaX IX. inhunc mo- 
duminftitui, Cylindritrestcrmincniurin H ,0 , A,pundis, candcmha- 
bcntcs diagonion CA, bafcs CH, CG,CB,altirudines HA,G A>BA, Sic 
autem quadrarum CG duplumquadratiGA,&CH brcvior , CBlongior 
ipfa CG. Dcfcendant perpcndiculares in CA, qua: linr HM, GL, BK^ 
CumigiturfirCGA rcdus, crir urquadrarum CGad quadrarumGA, lic 
rc(fi:a CL ad redam L A, dupia fciliccr cius-,&r ur quadratum CH ad quadra - 
tuinHA,ficGMadMA,&utquadrarumCB,adquadrarumBA, iic C K 
ad^A VtvcroquadrataCH ,CG,CBinrerre, ficiunt etiam bafcs Cyhn- 
drorumcircularcsmtcrfe. QuareutCM,CL, CKintcr fcficctiam iunr 
balcs cyhndrorumincerfc. Componirur autcm proportioCylindroruin 
cxproportionc bafium& proportioncaltitudinum. Ergo rcdangularria, 
(u b CM , CL , GK, qua^ babcnt proportioncm bafium , & iub H A ,G A, B A» 
ah:icudimbus^ habcntinrcr rcproporrioncm Cylindrorum. 

Permucarim autcmutAM,AL^ AK intcr fc,Cclunr intcrfcciiani 
quadrataahitudinumAH, AG, AB. EftipturquanriraseadcmLM , quaj 
adijcituradLA^&aufcrturab LC^&viciihmquantirascfteadcm i K:,qua5 
aiffcrturab LA, &adijciturad LC, Cum aumaurcm CLfir duplaipfiu? 
LB,proportioigrtur CM brevioris,ad CL longiorcm,cft maior dimidia 
puqportioncevcrfaipfiusMA tanto longiori$.,ad LAbreviorcm, VtfiCL 
tit ;io,I-A )o>dcindcCM )p ,MA )|,proporti02oad jp.maiorcftdimidia 
priTportionc ipfius i) adjo, hoccft 22ad20. Namproportioz^adzobabcc 
duoelcmentav zz ad>;, & 2),ad20, quorum utrumqj minuseft propor- 
tionc 20 ad )0. Eft iguur proportio MAad LA, &fic quadrati Ha ad 
cjuadrarum GA,minarquamduplaproportiomiCL adCM. ScdreiSarum 
ipfarura HAadGA proportio cft dimidiaquadratorum, &diiplacpropor- 
Uonisdimidia,cft fimpla. firgoahitudinis HAadalcicudincmBApropor- 
riominorcft^ quamLCadMC, proportio bafiura. Rcctangulum igicuc 
fubHA, CM, rcpraKcntans cyhndrum CHA, minuseft rcd:angulo fub 
GA, CL, rcprxfentante cyhndrumCGA^ quiaCM cftbrcviorinfua pro* 
partionC:»H A longior in iua» 

Idcm dcmonftcatur verfisargumentiscriam dccylindro CBA.Nam 
IP^^oportio CK longiorisad CL brcviorcm,cft mioor quam dimidiapropor- 
tiotiis c vcr AK brc vioris ad A L longiorem. Vt fi CL fir 2 o, LA j o > dc indc 
Proportio2o adz; minoreft quamdimidiaipfius p ad;c, vd 
jgad zo. Namproportionisj8ad2oclcmcntaduo,)8ad;p.&jpad2c, 
{untfingulamaioraproportionc 2cad z). Proponio igitur la ad ak, hoc 
eft quadrati G Aad quadratum AB, maior eft quam dupla kC ad CL : & fic 
hnearum G A ad AB proportio maior cft , quam KC ad CL 5 ncc quanco B A 
brcvioreftipfaGA in propottionefua, tancoviciftim IoDgior£CK quam 

CLin 




Stereometria Do- 

CLinfuai&reaangulumfubBA.CKminuseftreftanguIofub GA CL 
cylindcr igitur CBA minor cylindro CGA ; (olus igitur CGA omniura 
maximus. 

Corollarium i. 

DoIiaGyIindracearineVcntre,fivclongicrisfuerint Bgutx quatn 
Auftriacafiveciirtiorrs, minusfuntcapacia Auftriacis. 

Corollarium i l 

Fatet hinc bono quodam & Geomctricogenio cffe Eiaum, quod 
Auftriaci Vietores Regulam hanc obfervent conftruendidolij ; ut tcrtia 
partedclongitudineTabuIxutanturprofcmidiametroOrbis lignei.Nam 
hacrationc hr, ut Cylinderinter duosorbes ligncosmentc adumbratus, 
quam proximc iiabeat duas medietates,ad Regulam Theorematis V. qua' 
drantes,&figur:Ecapaciffimje participes, etfi a perfedlionc Regula: non- 
nihil reccdant. Nam figur^c ^lix, terminatxad punda ipfi G proxima cis&: 
tiltra , minimum variant capacitatem •, qu>a capacitas figurx AGC maxinia 
tftrcirca maximam vcrb utrin^circumftantcs dccremcnta habent initio 
itlfenfiha. 

In Schcmate fequcnti CG ad GA babcat rationcm fcmiduplam , 
camnempequam jooooo.ad 707J)'*duplicataAGex hac regula dcbebac 
habere 1.1142)-» atvictorcsprohoc fumuntlongitudmem jsoooo. (cfqui- 
alteram bafis , pro longrtudme tabulx GX , quod patilo plus cft , quam 
)4)42). Et boc ipfum focit ad figura? capaciflimx imiiationcm accuratio- 
l^em. Nam tabula? & curvanrur roarginibus utrinqj extant dc procurruBC 
fuper crenas , quibus capiunt & ftringunt orbes ligncos. Quodigitur ni* 
mium ert in hac tabularum longitudinc, quar cft ad diametrum bafisin pro- 
porrione fcfquialtera,idh{s marginibusimputatur, qui in cxaminationc* 
figurxadregulamTheorematis V,non cenfcbantur. 



^iisnegec Naturam inftinctufolo, fine etiamra- 
tiocinatione doccre Geomctriam? cum Victores noftri, folis oculis & 
Ipecici pulchritudinc dudi, capaciflimam in dimidiato doHofiguram cx 
fnmcredidiccrint^' ProdcatGcometra, doceatqjfaciliorem Methodum 
cOnftruendidohj, quod dimidia fui parte ad capacifl^mum Cyhndrum 
propiusaccedat, quamcft hxc ipfa, quam Vretores Auftriaciex antiquo 
tencnt,proportionisfefquialter^E : doceat idem Gcometra figuram ad 
c^ompendiofcmcTtfurandumaptiorcm, quamcftilla quam ftruitAuftria. 

Crederepotcram, cxtitiifc olim prirnantiffimum aliquem in Au- 
ftriaGeomctram,quiVietoresiftadocucrif,hifimehocrctinui(ret,quod 
pulchcrrimxdemonftrationis vcftigja nufpiamextantinhbns Georoctra. 
rum :quodq; ratiohxc conftriicndidolij, quod equidcm fciam, adRhc^ 
num , ca:tcra9 loca vitifera , ufirata non cft fcre enim longiora dohafaari - 
tant. Quodigiturpubhcereccptumnoneft, quipoffit cflc vcrifimilc,ex 
libnsautmftitutioncGcomctrarum, abvnafolanacioncpetitameflcr' - 

Admo- 
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AHm* nii:o. "^t^ 

!ms tani cil ingcnio perfpicaCTfiC circamfpeito^ 

qnicluaaruscxhallucinatione ifta, quaCylindrorun^candem diagonioa 
habcntiurn illis a^aximum corpus tnbucrat, quibus eft areamaxima fe- 
dionisperaxem;poftquam didicit , ijsCylindriscftc maximun^TOrpus,ui 
quibus diamcrer baiis cft fcraiduplaaltitudinis , pcr Th hoc V ,'ijs vero, qui 
Iineas has habeant ^quales> arcam fcdionis effe maxima;n,pcr Th« I, huius 
partis ; &: vcro caadcm cflccirca arcas& Truncorum Conicorum racio- 
ncm, pcr Th.II. huius.-qui inquamhis pcrfpcdis, nonfticim ctiamdc 
corporcTruncjoonicipra:fumatidcm,quoddecorporeGylindri ; quod 
fcilicct ctiam Trunci conici illiuscorpus fit maximuoiy inquo diamcicc 
hafismiQonSjfitduplalatcrisacclivis?' Atqjidcg>& crcdidipcr huncfcf- 
quiannum,&^ctttusfum; iamqj in hoccraro, uthocnixustundamcmo, 
dolia Rhcnenfia promifcue on[inia,finc difcriminc vcnrrium, Auftriacis 
poftponcrcmincapacicatis ccnfura** qiAod nulla'quidcm illorumcum ia 
iuriafeciflcm (cdramcniurcnon.aequali. Itaqj commoditati Typogra- 
phijepr^icQtisacocprum fc-r.) ,quodaurcm hic vulfit Geomctria, cdirio- 
ncm curanri, fcqucni»aq; Thcorcmata, vcluc augendo fupplemcnio adl 
Archimcdem, mLhifuf^pcditavit; quibusfimul^era, muiioqipriorcmi- 
liabiliorproprictas dola Auftriaci traditur « 

Definitio. 

V 

Cylindcr & Trunci Conici coniugati dicantur, quando fc- 
ftionibus utTkifu mq; pcftaxem fuent eadcm,vcl xquales diagon j, & ut dia- 
mcrer bafiscylindn ad cius altitudincmi fic dumctrf minoris bafis Trunco«^ 
«um, ad cor u m latera acclivia, 

Theorema VL Problema. 

Dato Cylindro &: Trunciconjugatilatere, vel ba- 
iisminoris diatnetro, inuenire trunciconjugatilineas re- 
liqulis* Oportet autem proportionemlateris ucl bafis ia 
Cylindro ad datum latus vel bafin Trunci , efle minorem 
proportionedianietrietaltitudinis Cylijidri jundarum^ 
ad diagonium. 

Datus cfto Cylindcr AGCX, bafis diametro CG, altitudinc GA," 
liagonioAC; &Trunci data efto diaroctcr bafis CT; &proportio CG 
'tdCTficitiinorproportioneCG, GAjurftarumadCA, Oportctinvcni- 
rclaiustrunci&diamctrumbafisroaioris, FiatutCGadGAjfic CT, ad 
aUquam,puta AT;&fupcrCA, ftruatur triangulumcx CT, AT» Nam 
quia proportio CG, GA ad CA cft maior,quam proportioCG ad CT, 
critcriaramaior quamGA ad ATj&jundlis tcrmmis, roaiorcrit propor- 
tioCG, GA ad GA, quain carundem CG, G i adCT, TA, Acproindc 
CT , T A junda: maiorcs crunr, quaro C ^ , poterit igr heri triangulii cxCT» 
TA fupcr C Scnbatur auccm circul us cuca C, T , A , punitaj cx C , ipfi 
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Sterjeqmetria Do. 

TAxqualis extcnfa , applicctur circulo inV, & conneaantur AV, dico 
TAiCVcffeTruncicoQhigatilarcraacclma, AV diamctru bafismaioris. 

Conncxiscnim 
TV pundis: cum 
TA fitipfiGV X' 
quali$,communi 
arcu TC appofito 
adarc TAArCV, 
crunt arcus aC, 
TVjXqualcs, pro- 
indc '& fiibtcnfe 
AC,TV^rqualcs, 
& angulus ATC, 
angulo VCT, je. 
qualisjquadnlatci- 
ru igitur ATCV, 
crit ordir.atum 6^ 
circulo ihfcriptu, 
cadcm diagonio 
ACvcl TV, cum 
parallelograramo 
AGCX , & eadcm 
proportionc CT 
ad TA, qua cft 

' . , . ^ ^ LGadGA;Trun- 

<Jus igitur , cuius fcaio pcraxcm ATC V, & cylindcr,'cuius fc^io aGl3L 
^onjugaticrunc. 

Theorema VII 

Si fuerint Cylinder &; Truncus Conicus coniu- 
gati , & differentia diametrorum in bafibus trunci fe- 
cetur in proportione 3 quam habcnt inter fe quadrata, 
diametri Bafis, &: altitudinis Cyiindri^ erit hoc diame- 
tri quadratum, ^quale rectangulo> fub minore diame- 
tro Trunciy&: fub compofitaexhac&fegmento,quod 
diametro Cyhndri refpondet. 

Sit AGCX cylindri fcaio. diagonios AC : dividarautem hancpcr-^ 
pcrpcndicuIansaGin partcsCf , L A ,ficutCLrcfpondeat ipfi CG. For- 
incturctiamfe<aioTrunciATCV,fupcrcadcmACdiagonio,pcrVlpr2^ 
miffam,cu!u$diamctri, mmorCT, maiorAV, &ablata ab AV, ipfiCT 
afquali VB , rcfiduum cfto B 

An ^""^ '^'^"^ ATCV quadrilatcrum ftet in circulo, quadratum ab 
AG, cnt «qualc rcftangulis duobus , & lub TC , A C , & fub TA , C V, id eft 

qua« 
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LllAvSTRIACL 

quadrato Jc TA vcl CV, jundis, Ablato igitur quadrato ipfius AT, I 
quadrato ipiias AC , reftabitredangulum fubTC, AV, hoccftfub BV, 
VA Atquietiaroquadrato ipfius AG, maioris, quam cftAT, ablatoab 
codcmquadrato AC\relmquiturrccl:angulumGC, AX, hoccft quadra- 
lum GC , quod idco minus eft rc6tanguIo B VA. 

Eritigitur rcdangulum aliquod minus quam BVA ,jequalequa ^rato 
GCjficBVO.refiduuroigicurlubDA .BV, cntcxcclks redanguliBVA, 
fupcrquadraiumGC. ScdcxcclTushic, eftxqualiscxcctlui quadratiGA. 
{upcr quadratum AT. Etquiaxcdlangulum BVD, pofitum fuit «qualc 
quadrato GC,& rcdangulum I>B V,cft cxccffus reaanguli B VD,fupcr qua- 
dratum B V vcl TC> cftigiturDB V ctiam cxccfTus quadrati GClupcr qua- 
dratum TC Componcndo igitur^ curo fit quadraium AG ad quadratum 
GC utquadratumnT adquadratum TG; critctiam. ucquadratum AG 
adquadrltumCG,hocctl, ucALadLC, fic cxceffus quadraii AG fupcr 
iiuadratum AT,hoccft,re(aanguIttm fubDA, BV, adcxccfTum quadrati 
GCfupcrquadratumTC hoccftadrcdaogulumDBV. VtigiturALad 
LC. ficrcdlangulum iub AD. BV, adrcaangulumDBV; quarc curarc 
aangulahabcanc candcm longicudincm BV, crunt ciiamut At ad l C, 
fic lartudmcs AD ad DB . Quarc rcflcftendo-fi fucrit di vifa AB in D fic» 
utfuBDadDA.ficutcftCLadLA,hoccft,utquadratumCGadquadra- 
tum G A i rcaangulum DBV , asquabit quadratum GC, quodcrat dcmon- 



llandum. 



Corollarium i- &:Praxis. 



Si dantur quadrara altitudinis & bafis Cylindri , cnro diamctro bafis 
minoris in Trunco, dividc quadratum bafis pcr diamctrum bafis trunci da- 
tam, iquoticnteaufcr diviforcm. quod rcftat. rouliiphca m (utnmam 
(Quadratorum 3ia<^iumdividc qcrquadratumaltitudinis cylindn, provcnic 
2ifFcrcntiadiametrorum, adijcicndaad minorcmdacam, ut componatuc 
diarocccr Trunci maior, 

Excmplum. 

SitautdratumAG. 2000. quadraiuiuGC ctiam zooo [ 167 - Quotjens 
^ hUit TC lio I I20 Di/ifjr 

Al> 47- Diifercnci» 



Summa quadratum 4000*0 
^uadratum AC 



aoooo 1 12.0 TC 



Corollariumii. 



XI I -^^compofita,AV 



S? vcro ccontrl darur folum proportioquadrati ahitudmisad qua- 
dratum bafisdiametri, & diamctcrutraqi bafiumTrunci DiamcicrBafif 
C ylindri fic invcnirur. Addc numcros , quibus expreffa cft quadratorum 
proportio> & multiplicatadiffercntiadiaroctrorum trunci, innumcrufn 
quadratimaioris, faaumdividc pcr fummam utriufq;Numcri, quoticn- 
tcmmultiplicainminorcmTruncidiamctruro,provcnictquadraiumdia. 
mctrimbarcCylindri, 
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SicCGadGAut ad z. Fidkus 254. I 

quidrataut ad 4, Samma 15. | 18 Qnoticns 
SitCT. xjo,TA If^j differcntia 2^. j^q (j-j- 

F^aus 2?4 Faaus 2^4o.rdmrG. 

Vcl quodidcm cft, numcrum quadrati maioris mulciplica in dia- 
mctrumminorcm,& fac, utfummam quadratorumaddifFcrentiamdia- 
mctrorum trunci, fic fadlum ad quartum , quicrit quadratum CG. 

CoroUarium iii. 

Siquadratum AG,adquadratumAC,cftut ad^.DVcft duarum 
mcdictatumaritfameticarumintcrTG, AVmaiorj HincPraxisbrcvior* 
Dia- ip. zQ. 11, '22. metri^ 

19. 

(juadrarum GC« 

Corollarium iv. 

SicutfcbabctbafisminorTrunci, ad bafinGylindri,aut quadratum 
litcrisacclivisTrunci.adquadratumaltitudinisCylindri, fic fchabctdia- 
mctcr minoris bafis , ad compofitam DV. 

Theorema VIII 

In CyliiKlro &C Trunco conico coniugatis,aItitudi- 
num proportio componiturexproportione Diametro- 
f um in Bafibus y minori Conici trunci y & utraqj Cylin- 
dri, 5c ex p'r6portione perpcndiculi, ad latus acclivc 
Trunci. 

In Schcmate XXI. Sint figurx conjugat^CGAX & CTAV, iri 
quibusdiamctri bafcon,CylindriGG,XA,TrunciminorVGT,maiorVA, 
ficqj pcrpcndiculum Trunci TR , latus acdivc TA. Dico proportioncm 
aUitudinum Cyhndri G A > ad Trunci TR , componi cx proportione GC ad 
GT, &CX proportionc ATadTR» Thcorcmatisipfius facihscft dcmon- 
ftratio , ncc minus camcn fcparatim fuit rradenda , ob Corollaria & Analo- 
giamnotabilcm, CumcnimfitCGadGA,ficutCT adTA, pcrmutacim 
igitur , crit GC adCT , ut GA ad AT : Scd proportio G A ad TR,coropofira 
cftcx proportioncGAad AT,&cxproportioncAT,adTR : crgoctiam 
cx GC, ad GT, & cx AT ad TR. 

Corollarium & Praxisquserend^ 

altitudinis. 

DatisCT, & VAjpcr praemiffam, daturctiam quadrarum ipfiusCGfs 
xiata vcr6 proponioDC huius quadrati GG, ad quadratum GA , daturctiam 

qua- 



LII A VSTRIACL 

qua Jratum G A > & quadratum T A. Scd & difFerentia ipfarum GT , VA > 
notaeft,rc,BA;&:quadratumTA,minuseft quadratoTR, partcquarta 
quadrati B A » in om ni conjugatione. A nguli cnim ad C & T, xquales funt, 
& €T , VB ^quales, ex Hy pothefi , atqj ctiam parallelas : connexis igitur B, 
T,eritBT5EqualisipfiCV;fcdha2ceftasqualisipfi TA,ex hypothefi;Ergo 
B rAilofccleseltxuius TR perpendiculum:itaq;BRcfta2qualisipfiRA, 
c6qjquadratumBA,quadruplumipfiu8R A. Ablataigitur partcquarta 
quadrati BA a quadrato TA, reftat quadratum TR, altitudmis Trunci, 
quod comparatum cum quadrato G A,conftitui t quaefitam proportioncna, 

Exempla. 

S*tTC i5?"AV,22.. QuodfiquadratumGC fucrit adGA duplum : etit qua- 
(Jratum G C ut pr lus , 599. fint igitur quadratum G A 599 fcmifTes , vel 798 quadran- 
tes*p(Oindccum quadratum dci9 fit 561, critetiam TA ^61 femiiTesvel ^zzqua- 
drAntcs. DcniquecumdifFercntiaCT Sc VA,fc. ipdciz.fn ^quadratump, pars 
q uirta , 9 quadrantes : aufer hos a 711, reftant 715 quadranres proquadrato TR. Ita 
^^j^ftituitur proportio quadrati G A ad quadratum TR , quae 798 ad 71 5. 

Sit verdaliaconjugatio, quadratafc. AG ,GC «qi^aha , & fic ctiam quadrata 
AT,TC:&maneat CT, ip.VAzz. Eritquadratum TA 1444 quadrantes, eoque 
quadratumTR 145^ quadrantcs : EtproportioquadratiGAtdquadratum TRqua 
I ^pdi ad 1 43 f , vel in minimis, quae zzS ad zoy. 

AiiudExcmplum. SitTC 19. AVzo.feuquodiJemeft f7,&<?o.utcommu- 
nicentcumternario, proptct ufus fccuturos. DeindefitquadratumGC ad quadra- 
tum GA. non du plum, ut z. ad i. vcl ut 8- ad 4 fed minor, ut 7. ad 4* Cum ergo per 
prjtmiiTiro, differentia , qu^ hic cft fi t dividenda in proportionc 7 & 4 » tota :gi- 
tureft ut II. eoque alij terminifunt alTumendi, communicantes cum 11. Icilicct 
dz7 &d;d^o.utfitdifFerentia55.dcquaparsrefpondensquadratoGC, eftzl. Com- 
pofita igitur VD eft 648 • quam duc in minotem diametx um ^Z7, proveait 405 196 . 
quadratum GC, quod ei^ad quadratum GA, ex hypothefi,ut 7. ad 4. Ergo quadratum 
GAZ5Z i<J9Cumfeptima,feu pzS <?77- jquadrantes. Eft autem quadraram miiroris 
rCm iZ9»Etut7ad 4,fie<iuadratumTCadquadratumTA,quoderitidco;z4- 
64;& I fcptima, feu 898^81- quadrtntcs. Diffcrentia diemetrorum cft j^, cuius 
quadratum io8p, & cius quarta pars , toridem quadrantcs. Aufcrhoc i quadrato 
TA,rcliquuntur89749Z-, Hic ergo eft proportio q. GAad q. TR,qu?pz8 ^J^ 
ad897 49i»vcl^ 714708^^5 f89 9^85inminimis,ut4^4 ^77^^44874^* 

Sitautcmproportioquadratorum, noiiut^.ad 4, fcdutpad^. ipfarumfci 
liiieirum GC ad CT , qu? j ad z. & fit VC 19. AV 10. Oportet ergo difFcrentiam i, 
dividerein proporrione^.ad^. Tota trgo fecanda eft in pjrriculasij,&pro- 

ptercommunionem cumternario, in ^9. Fient autemtetmini, VA 780, TC 741, 
quadratumf49 081. Vtautem^ ad4. fic quadratumhoc adquadratumTA 
Z44 o5(5,dequoauferquartamdequadrat0 59»fc, lyzi quidrantes,reftant974 ^zj 
quadrante^pro TR. lam parsdiametri,refpondens quadrato GC , eft Z7 : compo- 
fiia igi tur , eft 7<58 ? qua ducfla in diametrum 74 1 > provcnit quadraturo GC f 69 088 » 
utV€r69ad4,fichocadz^z 9i8feu loii ^izquartas. Ergo proportio quadrati 
GA, ad quadrat um TR, eft illa , quf lo 1 1 7 iz ad 974 J- 

Corollarium 11. & Analogia. 

IncnnjugationcjBqualitatispulchracxifticfcricsproportionumintcr 
quadraualtitudmum ; talisncmpc^ ^ 
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TCadAV 


1 Eric qdfn | 
1 GAadq.TR | 


1 Inconjiigatio-^e 
lTC.AV|qdin.<5A 


UC I. 


ad 2 
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I. 
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2. 
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zx. 
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f 


7- 


8 




4. 


f 
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9. 


lo 




fv 


6 


147. 


0. 


7 


II* 
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7 


213. 


7- 


8 








7- 


S 


291: 


8. 


9 




i5 




8. 


9 


581. 


9. 


lO 


17- 


18. 




9- 


lO 


48r 



II. s% 

IS 66. 
I9'Hi. 
2J.I70. 

27. Ho- 

JV.4K?. 
^9 V21. 



22 

34 
^6 

70 

82 

94 
ia6 



IZ 
IZ 

1% 

12 
1% 
12 
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C^a puna a D j R h j c coc anc Til e quid occurric in unaqualibec C onj ugjtione 

Theorem A IX. 

Si differenria diametrorum Trunci fccctur inpro^ 
portionc latcrum Cylmdri conjugati^ &; addatur pars 
refpondens diametroBafis Cylindriadmmorem, fiantq; 
redangulaj.fub minore & maiorc JI. fub minore &: mo- 
docompofita : Proportio redanguli primi, aud:i tertia 
parce^juadrati a differentia diamctrorum^ ad redangu- 
lum fecundum, & proportio altitudinis Cylindriad al- 
titudinem Trunci, in vnum compofitac, conftituuni; 
proportionem corporis Trunci ad corpus Cylindri con^ 
jugati. 

1^1 SchcmatcXXI. mancntibus cxtcris, utpracccdcntiThcorcma- 
tc ,(5c B A djfFcrcntiadivifa 10 Dlic, ut ficutquadratum AGad quadratum 
G C , ficlic A D , ad DB. Dico proportioncm rcaanguli fub CT , AV, vni 
cumtertiaparccquadratiaBA,adrcaangulumCT,VD,&proportioncrn 
GA adTR,inunumcompofitas,conftituerc jpportioncm corporisTrun- 
ciad Cylindriconiugati corpus. Nampcr XVII prim^partis, cftutrc- 
dangulum CT, VA, jun(a:a tcrtia partc quadrati dc BA , ad quadratum» 
CT, fic corpusTrunci CTAV, ad corpus Cylindri a:quaUs & infcripti]. 
fupcr bafi cadcm CT, Vt vcro quadratum CTad quadraturo CG,itacorpus 
Cylindri fupcr CTbafi.ad corpus Cylindri xqucalti, lupcrbaC CG, per 
di£taadIII «iXVI,p:primap.Vccr^orc6i:anguluCT,VA,jun(5tatertia patie 
quadratidcBA,adquadratumCG,hoccft,pcrVI.prxroi(fam,ad rcftan- 
gulum CT, VD , xqualc quadrato GC ; ita corpus Trunci, bafibus CT , AC 
ad corpusGylindrixqucald. Si crgo Truncus babcrctalntudincm CyHn- 
*1riconiugati,rc. GA; valcrcthsccjamdiftaproportio fola. lamvcroue 
GAvaldtudo Cyhndri conjugati, adTR, altitudincm minorcm, ficCy- 
lindercomugatui, ad Cylindrum altitudinc Trunci , bafibus ijfdcm, pcc 
T^i* XVII p. primx; &fic etiam Truncus alritudinc GA, ad truncum 
coniugatuaiialticudineTR, H«cigiturcft proportioniiparsaltcra- 

CoroU 
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CoroJlarium i. 6c Praxis. 

Data proportione Trunci ad Cylindtum ^quealtum >bcifi CG,pct 
•pr2Emiffas:datactiampropoTtione quadrau GA, akitudinis Cylmdri , ad 
quadratumTR, altitudini^ trunci coniugati, quia quadratorum propor- 
tionaliumtadices etian^i proporrionales (unt> fed proportionis diiB-id<a:: 
quadrabiraus igitur numisram, quo effcrtur corpusTrunci, &faciemuf, 
ut quadTatumG A>adquadratuni iR/ficquadratumnumen Trunci, al- 
litudincGA, adquadrarum numcrijufti trunci, hoceftconjugati, altitu- 
dinc TR ; Radix cx hoc quadrato numero, prodir numeruro coTporis rrun- 
ci,inproporcione,utquadratumGC, valct Cylindriconjugaticorpus. 

Sii CA^uidratumadqua-iracum GA uty. aci^.. 6clmcCl. li^. AV.zo, vciut 
incxcmploTh. VII, 6zy.66o, D fferentia 3^. Minore ergo mcdiecite Arnhiiie- 
tica6^8i^^i7 addico quadraradc 617 y vel tota 6^0 in can^em (527 dvd^a*, 

addicorc<5Vangulocx 11 in^^ , conflabitur4i4i8^procorporeTrunci. Suf-raN^c- 
ro quadrati aititudinis cyJindri conjugati, ad qdm altitcdinis Trunci propcrtio 
erat qu? 4^4577 *d 44874^. Si feceris crgo, ut illum ad hunc,fic quadrdcum uum :ri 
tniBci hic invcntiadv]u^rcum,provcniec I^J77?^409P4, cuiusradix 4071^? pro 
Trunco: cum quadratumcyiindri, rcpr^fentaus eius corpus, clTet 405295. Ea 
Truncummaioremcylin fro ,plusquampirte quingentefima, cumrn eadcmpro- 
portione diametrorum ,'led conj ogttionc proportionis d plae , in hoc Thcoi croate 
propodta, Trancuscflccminjrcyiindro, minus q«jam.parce termillefima. 

Age vcFO «iamconjugacionemrcntemuspioportionis duphtnatofis. Sic 
TC 1 9. A V. zo. & q. GC ad quAdratum GA, ut <? ad 4, Erant fuprt, Th. V 1 11 , termini 
TC^4i.AV78o. Etquadratum GC S^poSS- Etquadratum GA ad quadratumTR, 

uCioii7i2ad974<>2-?. . r *v / 

Dudloautem 741 in 780, 8c differenfia^p inpirtem mtiam ij , fadtisque 
additis,conflacurnMmcrusTrunci ^78487- Dcnique huius quadraco muitiplica- 
to in 974(52?, 6c fadlo divifo per 1 01 17 iz»prodit ^225 9900 7006. EcliincTadix 
^«57802 eft argumcncum Trunci coniugaci, cum f (^9088 fic argumcntum cylindri. 
Truncus igicur hic, minor eft plus quam parte fexccntefima. Minor autem erat 
iiicuniugationeproportionisduplae, minus quamparcc tcrmillefima» 

Corollarium ii. 

Tn coniugatione duplae proportionis , duarum meJictatum arith- 
mcticarum utraqj (crvit calculo, minor proTunic^B corporc, maior pro 
.auadraro GC , & corpore cylinJri coniucati. 

Tn hic ergo conjugatione & 



Exe.i;pla 
DifFcrentia. Dit- 
^ 19. 
? 19. 


20. 

DifF. ^ 


merri, 
"21. 22. 
19. 


9 
4- 


4. 


60. 


39P- 
4. 




1444- 
9- 


421. 
421. 


inminimis 



Proportione 
Diamecrorum 



tz28."^20^ 



I. 

4* 

6, 

7. 

8, 
5?- 



1457. ^77^^^' 
Multiplicato 177241 pcr 20 ^fadkodivifc» 
|>er228>provenit i;85^>2 cuius, radix 598 
Tiique arguit corpns Trunci in ea proportione, ip, 
«ut Cylinder conjugatusValct 599. 



&e. 



4. 

S' 

7. 
8. 

lO. 



20, 



reperirur 
Cylinder,Trunctt8 



48. 
99. 
168. 

2^^ 
48 
78 ^ 



97 

1^7- 

2r4— 
482— 

6 25-H- 
78 2 H- 

)J(^2-H 

Corol- 
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Corollarium iir. 

In figurationc proporrionis «qualicatis,, fcucum alritudo xquat dia* 
tnctrum baiis^ut lcs (unt, primo duarum medictatum aruhmcticarum mi^ 
norpro Tunica,dcmde vmcamcdictasariihmcticaprodiamccro GC 

Exemplum 

Repcrirur 
CyiiniTruncut 

l8o. ir;^-*-.. 

1404 i4^5--#. 
189^. 1846—' 
2.448- Zfii . 
9, 10. 5078. 116O' 





Medi- 


- aduo 




Dftf. 


Dia- 


Xlnum 


-merri. 


? 


19. 2.0. 




.2Z 


Vci 6 

6 


^5: 40. 


41» 42- 
^8, 


44. 


3^ 


1444. 240. 






4 


p.1444. 






9" 


I43f.i684- 











■ oc;. 

T-jaica eJt Z40. infcriprus Cylindcr 1444. Dcni^^ip zo 
Tnmcusc.goi^84> cuiusnume^iquadrarumz 8^- 
8t(5mulriplicarum in jj, & fadtus divifus per j8 
prodirz6ii97z ,&hincradix 1616 -i- procorpore 
Trunci,quauum corpus CyliudnconjugatieA i;;8 



ini8.ij4^8-^ 

„, ^ ^ 77:»-- >- —^.*«a ^o. parsminorcenrenma fccuii- 

prodirz(5ii97z,&hincradixi<jie>-<- procorpore. daincxccifuell 



Confiderati o Analogi^e. 

Haftcnus fueruntTheorcmataaliquot,quibus utitur CalculuiinquN 
-rcndaeproportionif intcr GonicumTruncum & fuum Cylindrum conju- 
gatum. Ex hocverocalculomulta dcfumuntur confiderarionc dignifli- 
roa Nam prtmumpcrCorollanall HL praxcsqi variasinterfe cora* 
pararas, apparct, nonfcmper candemcffc proporcioncm Trunci ad Cy- 
lindrum.m vnaaliquaconjugationc, fcdvariari cumvariata proportione 
Diametrorum Trunci. Etin CQrolIatioquidcmll. invcntuscft decrckc- 
re Truncur mancntc Cylindro : in Corollario vcr6 1 1 1 crcvit rruncus , rur- 
fum mancnte Cylindro. Nam ininfima hnea cxcciQrK Cylindruro partc 
minus ccntcfima, fuperius partc^inus tnccfima odava, indctriccfinra 
tcrtia,&ficfempcr maiori, ufqjad lummamhncam, ubi cratpars omm* 
116 deciraain cxccilu. Nccc(rc.auccro cft j fi conrinuctur calcui us ulccrius 
Truncum tandem fieri itcrum minorcm cylindro, in cadcni conjugationc. 
Quaeriturergo quisTruncusinqualibct conjugationc fitmaximus. quis 
itc m cyhndro conj uga to xqualis. Secundo apparuit cx tribus CoroUarij? 
&calcuIo adjundo^Viciiruudincmhicaliquam effc inicr coojugarioncs 
pr^portioois duplamaioris , &interconjugationcs, minoris. Na nin 
quaconjugationcrcgnatproportiodupla, inca primumomnium , Trun. 
cusomnisvidctur minorcxifterc cyhndro, hcctinlenfibihtcr, fic, urcy- 
Hndcr ipfc, vcluti Truncorum omnium prinms, & proporrio djamcrro- 
rum cjus, qux cft proportio aequalitatis , fit Truncorum omnium maxi- 
mus 6c fibiipfcaequalis; mqua vcroconjugacionc rcgnatproportio «laior 

dupiaj 
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dupla>tmndomncs,etiara proximi ipfi cyIinclro,rcnfibil!ter feinoresfiunt 
cylindro conjugato :an ergo vicillim ,in qua proporcio regnat minor dupli, 
I runci primum cylindro evadanc niaiorcs^ufq; ad certana niecam; indc 
rurfiim decrefcanc, fiantq; tandem cylindro fuo scqdales ,deindc minores; 
donectandem Trur.cipenitus cvanefcant ,manentccylindro conjugatio- 
uis? Tcrti6,cum omnium coniugationum csrcrarum cylindri fint mi- 
horcscylindroconiugationis duplaproportioncufa: ; crefcant vero trun- 
ci aliquatum coniugationum lupra fuos cylindros coniugatos : quxntu^: 
num hicexccilus tantusfit, utaequet vel fupercc cylindrumper coniuga- 
tioncs omnes maximum , &i fi hoc , qux finc crgo diametrorum proportio- 
ncSjinquibustruncusfiatcylindromaximo^equalisc' Haicigitur fequcn- 
tibusaliquot Theorcmatis nobis funt CKpedicnda,quancum quidcmeius 
fcr mcamfcientiamficripoterit: funtcnimad ^ftimationcm &compara- 
tionem doliorum cumprimis necefiaria* 

Theorema X- 

In omni conjugatione^ Trunci per augmentum, 
proportionis diamctrorum tandcm fmntminores qua- 
cunq; dacaquantitate folida. 

Si t coniugatio qua:cunq;,cuius proportio GG ad G A: dico dari trun- 
cum; ut CTA,eiu fdem coniugationis , fcilicct in quo fit CT,ad T A , ucCG 
ad G A , minorcm quacunqj propofita quanticatc Tolida . Hoc vcro de- 
monftratucftfacilc, Nam minuipoflunc laterafigur^cCT, TA, femper 
fiiancnteintci: caproportionc, quac cftintcrCGad GA, e6u(qjdum GT> 
TAa;qucntjunaa2diagonionCA,quandotrialatera VCjCT, i Ajunfta, 
«quant quattum VA , qu r cft proporcio diamctrorum GT, ad VA,quanfa 
potcftcflcinhacconiugationcjttiaxima: quo cafu truncus omnis inbafin 
leuinplaniticmcircuh VAfubfidic» Supcrficicsvcro quantacunqj, minoi: 
cftomni quantitatefolida. 

Theorema XL 

Cylindcr acqualis Trunco xquealtq, bafin habet 
compofitam exduarum bafiumTrunci Scearum medij 
proportionalis Trientibus fingulis. 

Nam redangulum fub diametrisTrunci, cft :equalc quadrato mc- 
Sixproportionalis interdiaractros,pcr Vl.Eucl. & duo taliarcdangu- 
Ja> vna cum quadratodifFcrcntiaj, conftituuntduoquadrataduarum dia- 
xnctrorum , fub quibus rc6tangula continentur pcr 1 1. Eucl. Tria crgo 
rcdlangula, vna cumquadratodifferentiaj,fijnt-a:qua- 
lia tribus quadratis, & duarum diamctrorumin bafi- 
b ui, & mcdia; jpportionalis.Rcdtangulum igitur unum, 
^•ZS» -J4*l ?4 cumtricntcquadratidiffcrcnti3e,a:quattertiampartcni 
* fummacquadratorum proportionalium , & fic iundos fingulos finguloruoi 
Tricntci. Vt vero rc6tangulu,cum trien tc difto, ad quadrara bafium trunci, 
Cc corpus trunci ad corpora Cylindrorum«qucalcoru,fuper trunci bafibus, 
' pcr X Yll. p. im;^. Quarc cciam ut tres didi tricntcs, ad quadraca bafium,fic 

L cor- 



K. bis jo» 
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corpustrunci &ficctiam cylindritrunco aecjualis) adcorpora Cylindro» 
rumrupcriTunci bafibus^quealtorum. Cumautem tahum bafcsipfx,finc 
ut corporaj et am fic crit balis cylmdri,trunco aiquaiis,ad bafes duas trunci: 
i?aqiConftabitexcaruin & mediacproportionalistricntibujfinguhs. 

ClaviushbV GcometriaePradicx, cap.I II. utiturhoctheorcmatc 
nonnihiltranstormato, quod & fupratctigi; fedprincipia dcmonftratio- 
nis auhibet difficihora , ncc cvidentcr cum mcis connexa •> lucis crgo caufi 
jBcisprincipijs uti malui^ 

Excfnpium. Sinc diamcrri 19. zz , ducutrafrA|acinfcipraro, &inf^mufu6: 
«rnnrt.u drata^<5i.& 484^Enedium proportirnaie^iS. Surrma omnjum iz63> 
cdus pars tcrcia 4Z i pro corpore Trunc , nr 5^1 eft corpus Cylindri minoris. 

Theorema XIL 

Cylindri habentis altitudincm eandcmcum Trun- 
co reclo , &C diagonion eandem, diametcr bafis cft mcdiu 
arithmeticuminterdiametros bafium Trunci. 

SitcyhndcrCEAS,dtagoniumhabensCA,^fupcrcairuncus recius 
CTa V ,cuius altitudo 1 R , xquahs akitudini cyhnari £ A vcl CS. U:co 
bafiscyhndndiamctrumCE,mcdiume(Ie arithmcticum inter CT, A V, 
diamctros bafium trunci. Cum cnim truncus ponatur rcdus, & latcra 
acchviaCV,TA,a:quaha, xqua^csvcro ct amEA. & CS, &anguhS,E, 
rcdh jqutppeinfedtionecyhndnperaxcm : quarcetiam VS&TE, latcra 
tnangulurum VSC,TEA, cruntajqualia Eltautcm scquahs CEipti SA: 
quantumigitur<' EcxccditCT.fc quantitatcTE-, tantumctiam iplaAV 
cxcedit AS v,el CE, quantitate fc. arquah VS. Eft igitur C£ mcdmm anth- 
jDQCticumintcrCT, VA.q e.d. 

Theorema XIII. 

Exccflus trunci^habcntiscandemcumCyhndroalti- 
tudinem,eandemqvdiagonion, proportionem ad illum 
habet, quam pars duodecima quadrati diff ercntia^ ad qua- 
dratum de diametro CyHndri. 

Concipiaturcyhnder, bafi CT, alcltudinc eadem TR,quamhabct 
truncuiCTAV.-cnthuiuscyhndriproportioadcylmdrum, bafiCE aUi- 
iudinccadem,qu^quadraD CT ad quadratum CE:& uthxcquadrataad 
communcm ditfcrentiam, ficcyhndriCT, CEad hmbum, quem roaior 
cyhndcrGfi^^^minoriCTcircumponit. Seddiffercntia quadratorumcon- 
ftat redanguhs duobus (ub CT,TE, quadrato TE. quas eft dimidia 
dlffcrcntiaCT. AV, dimidia fcihcet AB, hoc eft AR. Vjciflim cy- 
hndrobaiiCT, circumjc<aa efttunica trunci CTAV, cuius Tunicsepro- 
portio ad inicriptum Cyhndrum CT cft cadcm, quac rcdanguh iub 
AU, BV (vcl CT ) cum Tncntc quadrati dc AB,ad quadratum < T. 
Rcdtangul um vcro lub AB ,CT eft -equalc duobus rcdanguhf fub £T,TC; 
quia ABcrt dupla ipfm* ET. Ablatis igitur his utnnqj aequahbu ; dhc 
<juidcm , quadraium CE maioris, (upcraddic ^uadraiu CT , quadratuni> 

AR> 
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AR,hoccft,quartam parremquadrati AB:Hicvcro fuperadditur eius^ 
dcm quadrati AD Triens. ^Sed Tricni quadranccm fupcrat Vncia : u- 

naigituruncjado 
quadrato ABplus 
additurhicquani 
illic.Tanco igituc 
maior cft 1 unica 
Trunci, limbo 
cylindrifupcr ba- 
fi Ce. Quaro 
communi utnuq; 
cyhndrofupcrba- 
fiCTaddito,tru- 
cusCTAV,cylio- 
droCEAS maioc 
cncpartc ditta. 

Excrrplumj 
Tfuncus habeatd a- 
inetros,CT I9,AV 
22, £rir, ex pr«di- 
ais,cyhnderCTRS 
Trunco infciiptus^ 
ut ^6i j qucdrttuni 
de 19' Truncus ve- 
roCTAV addeca 
Tunicim TRA» 

CSV, 60. duAa fcilicct differentia AB.j. 9c inCT. ip, & in partemfui tcrtiait» 
I.hoceftinzo : fierquecorpusTriinci GTAV 42.1. Mediumveroarithme- 
ticuminterip& 22eft zo fcmis, & habet quadratum 420 cum quadrantc, pro 
corpore cyriadri CE. Nam difTercntiae AB 5 dimidium TE, leloui, mul- 

tiplicatum in minorem TQ 19 bis,crcat : idemTE fcfqui, in fcipium, creat 
<iuocumquadranre. SummalimbiTE circa TC, ^9 & quadrans:quemaddecy- 
lindro CT^6i, prodit , ut didlum , 410 cum quadrantc.Cylinder igitur CEAS , mi- 
nor^ft Trunco CTA V, tribus quadrantibus unius, qui funt pars duodecima de qua- 
dratop, totiusdiffereniti:r AB 

Corollarium & Analogia. 

Aufta differcncia diamctrorumTrunci ^ raanence alcicudine & cy- 
^indro xquealco fuper cadera diagonio , augccur cciam hit cxccflus trunci* 
Acqui potcftaugcri diffcrcnria AB, ufq; dura fiat a^qualis ntcdio arithmcti- 
<^ointerdiametros,quando fdlicccCT in pundum vanefcit, VA verotic 
•duplatn diamccri Cfi>in bafi cylindri difti: cunc cnim venicur ad terminum 
truncorumomnium, (cilicetad Gonum, qui diagonioncandcro habcc 
cumlatcrc, crcantcfupcrficiemGoni. 

Talis vcro Conus , altitudinc eadcm cum cylindro CE,bafi vcr6,cuiu^ 
dfamctcr fic dupla, utididum, ad diametrum cyhndri CE. cft ad iUum 
fuum cyHndrum in proportionc rcfquitcrtia. Curo cnim diamecrorum fic 
proporcio dupla, circulorum cric quadrupla , quarc & Cylindrorum asque- 
alcorumfupcrijsbafibus,ficylindcr,ftarcifiipcr bafiConi. PerTh I f.& 
XVlI.p prim^ Atconicorpus,pcrIV.imu5,cftfubcnplumCylmdrihui- 
u» quadranci, bafi fc, & altitudinc i jfdcm, L z Hia 
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Stereometria Do- 

Hicigiturterminusefl: , quem nullusTruncus affequitur. NaHuf 
inquam truncusCylindro aequcalto, medium arithmeticum habeoti in 
diau ccrobafis, adjicit partemcorporis terriam^ 

Theorema XIV. 

Cylindcr isqualis Triinco dc xquealtus, maiorcm 
illo diagonion habet. 

Namper prxmiflam,CylindercandeVnhabcnscum iIIo,aut xqua- 
lem , minor eft Trunco , (j xqucaltus ; maior igitur aliquij , Trunco fcincct 
3equcalioxqualii,maiorcmctiam habet diaganion» 

Theorema XV. 

Omncs proportiones diamctrorum Trunci, locum 
habcntes in coniugatione proportionis certa:, locum 
ctiam habcnt ni conmgatione proportionis maioris. 

Nam quia CT ,TA in qualibct conjugationc minui poflunt , ab arqua- 
htatCjUlqj dum jund^ fiant xqualcs ipfi CA ; AV vcro viciflJmaugen» 
ulqjdum a^quet AC, CV» vcl AT,TC,CViquibus ergoconjugationibus 
minor t ft proportio AT, ad TG, maior fcilicet AT, rdpcdvi T C .-illis ctia m 
plus variari potcft diametrorum CT , ACproporno, Omnis igitur muta- 
.tio proportionis, qua? valct, ubi AT eft parva, valct et ara, ubi AT cll: 
iinaior i (cd ibi ubi AT cft maior, plurcs valcnt. 

Proptcr huncigiturconcurlum Gonjugationum variarum, in ijfdcm 
proportiombus diamctrorura , locum habctfcqucns coiLparatio. 

Theorema XVI. 

OmnisCylinder, altiormaximo, fupereadcm dia- 

gonio y habet cx Cylindris.maximo humihoribus^locium 

fibi acqualem , quem fubcontrarium diccmus* 

Nam cum proportio bafium permurata cft proportioni.H altirudi- 
num ; Cylindri aequalcs cxiftunc. Rcfpiciatur igi rur ScJicnia XIX, in quo 
fitCGACyUndcxmaximus, bafiCG, aUitudmcGA. Sumatur altior UIq 
CHA, diGain.vcnirihumihorcm, utCBA,cuius BAaltitudo, fitadHA 
altitudincnasprioris, utcft bafis velquadratumCH , adquadratum CB- 
Namubimaius datur&mmus, ibidaturfit a:quale. 5cdCH quadratum 
'CrcfcitaquantitatenuIla,contmuecumlincisCQ^l>GH,CG,CB,^ 
ufqj ad quadratura diamctn CA ,facicns proportioncs omni> generis. Vi- 
'Ciffim akitudo, initio fucnproa longitudine diamctri AC,decrefcitcum 
ImcisAQ, Al, AH, AG, B, AP, pcromncs itidemproportiones,fic 
utfiatpropoctio quacuinq; data proportionc maior, donccaltitudo ab(u- 

maiur 
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matur in punftum A. Ergo ubi dccrementa alcitudinum AB, pr^rcipi- 
ranturperomnes proportiones, in infinitum crclccntibus proporiTonum 
augmcntis, ibiincrcmcntaquadratorumCB, magis magis minuuntur, 
incremcnta proportionum dccrefcunt. Et cum dctur Cylinder humilior, 
quamCHA, idcmqs maiorco, utcftCGA, eoqjminoriproportione H A 
adGA,quam quadrat» CGad CH: defccndendoigiturverlus B, traniitus 
crit per ahquod pun<ftum , ubi proportio B A ad H A, quar priu» erat minor, 
(quippc plu8crerccns)fiatcquahsproportioni quadrati BCad quadraium 
HC , quippe minus crefcens , cu m prius eiTct maior» Excmpla iun t m cal- 
culo ad Th. I V. & V, Cyhndrorum ^equahum. 

ThEOREM A XVII. 

In vna qualibecconiugatione , qnx quadratum dia- 
metrihabet minus, quam duplum quadrati altitudinis, 
onines Trunci ab ipfo Cylindro proximi , paulatnn Hunt 
Cylindroconiugatomaioresjnonobllantc quod minui- 
tur eorum altitudo, poftea decrekunt iterum,rcmper ad- 
liuc maiores Cylindro coniugato ^ quoad altitudinem ha- 
buerint maiorem, quam Cylinderconiugati fubcontra- 
rius. 

InSchematc XIX# fitconiugatio,mqua quadratumdiamctri HC 
minuicftduplo quadrati HA , &Cyhndcr huius coniugationis CH A ; illi 
schema XIX, vcro fit focius , hoc eft asquahs cor- 

pocc^cxahaconiugationcCyhndcr 
CBA,bafiCB,altituJioeBA Dico 
primum ; omncs Truncoj coninga- 



^tionisCHA, quibus altitudo fucric 
intcr H A & B/i, maiorcs cflc Cylin- 
drhCH.i velCBA. Naminterfo- 
cios, CHA, CBA ax]ualcs,infcrefl: 
Cyhndcr maximus CGA, in quo 
qiiJA-attimCGcfliduplam quadra- 
ti GA. Omnes igitur Cyhndri 
CGA, intcr GHA & CBA, funt 
maiorcs cxtremis ad H & B termi- 
natis,pcrTh. V,huiu* : Ethabcnt 
ij altitudincs mcdias intcr HA & 
^ B A , qucmadmodum &TrunGi.Per 
XIII. vcro huiu*, Trunci ajquealti 
"Cylindris fupcr cSdcm diagonio CA, funt iis maiorcs. Quarc multo 
tnaiorcslunccxtrcmismmoribusad 1, B, tcrminacis. 

L z Thco- 
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Stereometria Do- 
Theorema XVIII. 

In coniugatione proportionis duplaminoris^Triin^ 
cus a^qiialis Cylindro coniugato , habet altitudinem, mi- 
norem altitudine Cylindri^ qui conmgati focius^eidemqi 
a:qualiscll, coniugationis tamcn diverfar. 

Namtruncussequcalcustalifocio cylindro, quiconjugato fita^qua- 
lis , maior eft illo , per X 1 1 f. Maior igitur cft etiam conjugato fuo cylia- 
dro. Quiigiiurconiugatoluo eft 2Equahscorporc, non cntciufdem cuni 
illoaltitudinis. Aut igituraltiorauthumilior, Non vcr6altior,pcrXVJ 1, 
proimillam; Ergo bumilior. Exeo ver6Trunci,perX huius,fiuncminorcs 
cylindro conjugato ^ doncciandcro cvancfcant. 

Corollarium. 

Tofito qnod dolia conftent puro Trunco conico duplcaro: dcJia ob- 
3onga, ventribus modicis ,^capaciora(unt cylindricis eadcm figurx lor gitu- 
dinCjVcntrc carentibus: nunquam ver6fit,ut habcantvcntrcsadcoimma- 
ncs prodigos, pcr quos rur(um£anc minus capacia dolijs cylindncis 
cadcmfiguracloiigitudinc» - l 



Th 



EOREMA 



XIX. 



In omnibus conjugationibus Truncorum & Cy- 
lindri y quibus diameter bafis minoris, eft minor femi- 
duplalaterisacclivis, datur bis aliqua proportio diame- 
trorum Trunci^perquam TruncusfiatxqualisCylmdro 
cx omnibus conjugationibus maximo. 

Sit GCjdiamctcr bafis Cylindri ,ad GA altitudincm ( in hoc quidcfn 
Thcoremate)minor quam fcmidupla. Dicoinhaccopjugitioneduas 
occurrerc proportioncs diawcrorum CT, AV, quibuspcilic fieriTrun- 
cus aequaliscylindro maximo,<:ums diamcter bafiscft dupla aJ altitudi- 
nem Nam fi oCminorcftfcmiduplaipfiusGA, maicteftitaqjGAjquam 
fubremitnpla ipfius CA ; potcftitaqj (umialiqua minor ipfa iiG, quje fic 
. AT, &adATcomparanTG ineaproportionc, in quacftAGadG >fic 
Ait pcrpendiculum cx T, hoc cft TR , fit f ubrcmitnpla ipfius C A ; Et trun- 
cusATCV,fiet a*queaUus cyhnciro maximo cu Uvsdfamctcrad altirudi- 
nemfcmidupla. Entitaq; talis truncusaihucmaior hoccylindromaxi- 
n\o, pcr Th, X 1 1 1 h ui us partis. £f quia , per X I V» hu: us , cylinder ^equan- 
dus ,fi fucrit Trunco <Equcaltus , Uiagonium habct maiorcm ; diagoniumi 
igiturhabensminorcm, fcilicctcandem cumTrunco sequali futuro, dc- 
bcthabcrcaltitudmcmTruncomaiorcm, utquod amifit, abbrcviatione 

diago- 
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dfagonij, rccupcrct incrcmcnro altitudmis; Id cft, Trun#us illi fnturus 
ajqua]is,debci fieri minorco , qui cfl: a?queaUus cylindrb maximo, lupcr 
cadem diagonio condiucto. Id autcm Hcri potclt du jbu^ modis. Etc- 
nim,cumCyhnderm vnaqualibec conjugatione (n Trunccrum omrfitHn 
principium.Sicvcroin coniugationibus hicpropofitis,cyliiidcr mmor c/- 
Jmdro maxirao, cruntetiam Trunci , acyUadro luoconjugaio pjroxirriii 
coqjaltiorcf jCylmdromaximominores. rndcvcropcraugmentuni AB 
diftcrcnciaj diamcirorum CT, AV, crcfcunr, u(q; dum fianc nSaiorcs cy- 
lindromaximo,utjamcftdcmonftratum. inhocigiturincrcmcnto ipfius 
AB,quoad TR minor fucritaItitudineGA,cylindri (uiconjugati, maiot 
ycro altitudinc cylmdri maximis contingit femcl , Truncum arqualcm ftcri 
cylindroroaximo Atnon crcfcuntinmfinitumiruncicmfdcm conjuga- 
tionif ,crcfccncc ABjfcd perX&X Vlll.huius,iicrumdecrefcunt;quain 
vanationccontmg;t iecund6,Truncum fierrarqualcm cyhndro maximo. 
Et quia,quiasquealtus crat maximo i^cuius TR fub femitriplaiphus AC) 
maiorcratillo max mo:minorisigicurfadiusalcicudinis,quam cylmdcr ma« 
ximus,fi^ctillialiLjuando itcrum ^quahs. Adhuc igitur eftminucnda TA. 
amphus. Minuia vcroTA, 2f cumca TC proportionalicer, minuitur 
quadracum TA :MancivcroquadracumCA; augccur igjturrcctangulum 
TC, A V rcfiduum : fed cius latttudo TC minuu ur, ut diclum ; vicilfim igi- 
tur , & duobus quidcm nominibus , augciur loiigicudo rcclanguh A V: qua 
rationc confti tuirur proportio certa TC ad A V,qua uius Truncuj,fit iequa- 
lis cyhndro maximo fccundo, Quod crat dcmonftrandum^ 

Theorema XX. 

Trunci variarum coniugatioiium , eaiidem haben- 
tes inter fe diametrorum proportionem , quo propius af- 
(ecuti fuerint altitudme Cylmdrum fuper eadem diago- 
nio maximum , hoc erunt maiores > quo altiores illo , hoc 
minores. 

Inopinabilc&hoccft. Quisnon dixcritmaiorcm cflcTruncum, 
cuiusalcitudo fitlA, crunco aho, cuiusaltitudoCA : ficadcm utnqjdia- 
gonios CA , cadcmqi proporiio bafium minorum ad maiorci* <f Arqui di- 
vcrfumcft vcrum. i>itcmm Cylmdcr maximu ,cumiCGdiametcr bafi$, 
adGAalticudincm,pcrTh. V,femidupla : & ficcruncus, cuiusdiamctcr 
niinorinCGlinca, maiorin AX continuaca) firq^carum proporno quar- 
cunq;,rocdmmq5mtcrillasanchmeticum GC,pcr Th.X 1 1. Cumig»tur 
bafiumbmarummtcrlepcrdivcrfosTruncoscadcm ponaturcffe propor- 
rio: critcciam difFerentiiecarum admcdium anchmcticum proporcio pcr 
omneseadcm. AccumomnistalisTruncusfupcrct cyhndruma:qucaliun» 
inproportioncVnc}xdcquadrato^ifFcrcnti«Bdiamctrorumfrunci,adqua- 
dratum mcdij corum arithmctici, pcr Th X 1 1 1. huius; maiorigitur cni: 
hic cxceflustrunci, ubi roaior cyhndcr. Scdcyhndcr CGAeft omnium, 

lupcc 



Early European Books, Copyright © 201 0 ProQuest LLC. 

Images reproduced by courtesy of the Royal Library, Copenhagen. 

2° KB. 9,191 



Stereometria Do- 

(lipcrca(!cm3iagonJomaximus:crgocxccffusTrunci huiusfcuVncia di- 
fibi, critoainiura reliquarum pcr rcliquos truncos , candcm dian^ctrorum 
proporcioncmhabentes, maxima. Acproindc, quamvis maior ficaltiru- 
^iocrunciquamGA: quiatamcn minorcylindcr hmujalcitudinisi minoi' 
eciamerittruncus, 

Vcrbi caufa , fumatur proportio diamctrorum trunci omnium ina- 
^ima, hoccft j infinita, fumacur inquam Conuspro Trunco , hnis omnium 

truncorum, Sit 
GonialtitudoIA, 
cuius quadratum 
cft femj-fTis qua- 
drati AC.Sirqjba- 
lis cylindri CIA 
«qucaltijlincaCI 
jequahi altitudini 
AI. EcquiaCIcft 
racdiuarichmcti- 
cuminicr diamc- 
truro trunci, ca- 
rum ycro altcra 
cft tjrit jgiiur 
rchqua , fc, dia- 
roctcrbafiiConf, 
dupla ipfius CI, 
Hic igitur pro 
corporehuiusco- 
ni duccnda cft 
pars tertia de AI 
in quadratu dd- 
pl« Cl,quod cft 

^uadruplum quaSrati CTrauplum crgb quadrati C A. 

Af Conusahus (rurfum pro trunco ciufdcm proportionis diamerro. 

ttvm^ altitudincm habcns GA, cuius quadracum eft triensde quadrato 

'CA, fimihrcr duplam ipfius GC, habcbitdiamctrum bafii, quadratum 
crgo quadruplum j Eft auccm quadratum GC bcs quadrati AC; quacuor 

.iergo beflcs , funt odo tcrtix ,qua* duplum (eu fex ccrtias prioris coni fupc- 
xant duabus tcrtijs , cum econcra illius quadracumaltitudinis, femiflcm ha- 
bcns quadrati CA, huius altitudini$'quadratum,quodcfttriens quadrati 

CA,fupcrec canrum una fcxca quadrati CA, Ncc hoc*tamcn dctrimcntum 
omnccftcen(cndum: quianonquadrata, fcdalticudincs ipf^ducuntur ia 
•bafes; imonec altitudinesipfa?, fcdtricntcs tantum. Maiusigicur lucrum 
cft Coni m bafi CG loogiori , quam damnum in G A altitudinc brcviori. 

Theorema XXL 

; Ex omnibus truncis conjugationis eiufdem, nia- 

xrmuseftille, quihabet altitudinem Cylindri maximi, 

fubfc- 
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fubremitriplam fcilicct Diagonii: Ab hoc vero faftigio 
cxteriomnes, tam quialtiores^quamquihumiHores^ i- 

tcrum decrefcunt. 

Dcmonftrationcm legitimam aut rcf utationcm, fi opus cfl:,expedi- 
ant,Snellius,auc Adrianu5Romanus, Apollonii Belg^. Parcrgon qui- 
demeli:hic,& tpifagma,quod icopumactinctlibcUi j cognationis tamcn 
caufacum prajccdcnti hic ad fcriptum ; cuius fimilitudocum hoc, prjmam 
mihifidcmfecit; ctfi trunci prdEccdcnns Th,non ficconiugatilunt, uc 
nos hadcnus hanc voccm ufur pavimus j iupcr cadem tame &: ipfi diagonio 
func dclcripci, &:habcnc candcm intcr fcproportioncm bafium;quem- 
admodumcxten coniugati habcnc candcm inrcr le proportioncm dia- 
mcrri bafis mmoris ad lacus acclivc. 

A kera dixi» eft ex propncrarc coniugationis cylindri maximi, & quod 
in praccedcniibus dcmonftravi , cffc ahquam altitudincm trunci coniugati, 
maiorcm altitudinc cylmdri maximi, aiiquamilla minorcm quarum u- 
trarumq; trunct fint arqualcs cylindro maX' mo;iIlum ipfum vero , qui ella:- 
qucaltusmakimo,truncujcylindro , corpus habcrcmaius : &utrmqjta[a 
verru'>cylindrumconiugatum ,quamvcr(u8 truncoshumihmos,dccrcice- 
rctruncos, Caufaiguur nullaapparct,curalibi m viciniaconfiftatmcta 
corporis incrcmentorum , quam m hac ipla. 

Addc indiciumcakuli. Sicconiugacio,inqua diamctcrGI, xquet 
«Ititudincm lA, & fit huius conmganonis truncus,a:qucaltus cyhndro 
tGA hicmaxiroojfc cuiusdiamctcrCG,femiduplaadGAialtitudmcra* 
Ergo m»nor trunci diamctcrcrit in CG, cft autcm sequalis latcri acclivi^ 
«jtti ppc poni tur ad id circ , uc C I , ad l A. E(l igitur CF diamctcr minor , fc- 
can^lN ,pcrpcndicularemcxccntroN, inpundoF, & FAIatus acchvc. 
VtigiturCL adCGficCNadCF. Scd CL cftbcsdcCA, & quadratum 
CLquatuornonasdequadratjC A; &quadratum CNcft quartapars do 
quadratoCAjdcmqj quadratum CGeitbcsdcquaJratoCA» Vt autctn. 
CL,quatuor noD5e,ad beficm CG,fic pari quarta CNad Cptrcs oitavas*. 
£rgo quadratum CF crunt trcs o&^vx quadraci CA:cantum vcro cft cfiami 
^uadratumaltitudmis FA. AblacaEigicurtrcsodaviedcquadrato c:a , rcv; 
linquuntquinqiodavai, rcdangulo (iib CF diamctro minore& oppofita 
diamctromaiorcquxcum AX coincidit, cxcurrens ultra X, Ciim erga 
quadratum CF, &:rc(3:angulum diamctrorumCF &maioris, habcantla- 
titudincmcandcmCF; longitudincs carumcruntut planaipfa, fciUcctuc 
uiaadquinq;» Ha?ccft igiturproporciodiamctrorum irunciqui cxhac 
coniugationccftarqucaltuscylindromaximo. Quarc, perXIIlhuius, uc 
q'.iadracum i.S mcdiicorum arithmctici ^yCc. ipfius CG ^adVnciam qua« 
<iraci4..diftcrcncia:diamccrorum2, (vncia vcrode^ cftcricns) ficcorpus 
cylindri c g A maximi ad c xccITum CF A crunci xqucalci; cruncus crgo cx- 
cedircylindrummaximumtricntc uniusfcdccima:, firuparte quadragcfi- 
maodtava corporiscylindri CGA, Quxratur igitur proportio cylindri ma- 
ximi C G A -id cylindrum coniugatum Ci A. Flt quadratum bafis CI , fcmiC. 
fisquadrati i A i fed quadracum G,cftbcs quadraci <: A : quarc proporcio» 
fcalium GI adCA ut^ad^, VicilTim quadraium alcitudinis lAcft fcmiffis» 



Early European Books, Copyright © 201 0 ProQuest LLC. 

Images reproduced by courtesy of the Royal Library, Copenhagen. 

2° KB. 9,191 



LII A VSTRIACI. 

'quadratumahitudinis G \ efl: trietis quadrati CArproponio igitur quadra- 
torum > JA ad GA efl: eaqua^r. ad z. vel qua^pad (5 : ipfarum igitur lincarum 
I Aad CA jpportio eftdimidiajfc. qu? :^oooc ad 2449^- vcl huius ad 20000. 
Componiturautcm proportio corporum cx proportioncbafij& propor- 
tioneahitudmum. Dudisiguurmfemutuotcrminis analogis, proportio 
cylindriClAad cyIindrumCGA,^vcnitcadem,qu^poooad 9798-. Supra 
Theor. 111, Columnarumex his conjugationibus, proportio crat qua: 
2828-^d J080-. Quodfihuncnumcruracylindri CGA, commutoin j^, 
feu m48 trientes, nunierum priorcm , erit in hac proportionc numerus cy- 
lindri CIA 44« Eft ergocyhnder CIA ,ad truncum CFA conjugatum , ut 
.44ad4p,&rtruncusmaiorpartepaul6pIusnona. Id vcro confonum eft 
huic Theorematidc CoroUario 1 1 1. Th. I X. huius partis *, ibi enim cum cC- 
fctproportiodiamctrorumrquac^adj^hoceftquxao^ad ^'Oi truncus ex* 
ccdcbat partcpauioplus undecima, crcfccns; crcvit igiturufqj dumcffcc 
proportio qux j. ad - ,idcft,quxj8 ad:^o>tunc maximc tcuncus cxceHic 
parteplusnona,uthicprobatum. Vhcrius, quandofuitproportio,qux 
j.ad-, hoccft quse j^-ad^^o, truncus iterumdccrcvit, utcxccdcretparco 
tantum nona. Quod igitur in vna conjugationc fit, uttruncusa:quealcus 
cylindromaximo,plunmumcxcrefcac iupercyhndrum conjugatum, id 
in omnibus fieri confenraneum eft. 

Theorema XXIL 

In conjugationibus, quxquadratnmcliametrihabent 
tluplum quadrati altitudinis aut maiusjtrunci omnesfunc 
mniores cylindro maximo^conjugato fqilicct fuo:&: hcc 
tanto plus y quanto recefserimus a proportione dupla. 

In Schcmatc XIX. Cit CG conjugacio proportionis dupla; qua draii 
CGadcj.GA,5«:GtCAjppottionisminoris,&:iubcontrarij cyhndriadH &: 
Brfuntigituroninescyiindri interH &P, &proindeetiani trunciillis 
queahi , maiot-es cyhndroad H vel B terminato , & paulo infra B ufqj in A, 
omnes trunci minores cyhndris H & B , pcr XV, & XVI pracmiflas. 

Quopropiusver6fueritH^'pfiG,hoc ctiam propiuserit BipfiG, dc 
hocroinor arcusHB, inquotrunci maiores; tandcm crgo cyHnder CGA 
cftidcm,ipfe & fuus fubcontrariu$,vicem & H & B fuftinens.Quemadmo- 
dum jgitur omnes eylindri poft B,minores funtipfoI,& trunci omncs pau- 
16 in ha B,{ic etia hic omnei cyhndri poftG,& cum ijs trunci sequeahi.crunc 
0;inorcsipfbCGA conjugato. QuodenimiUictruncinoninBfedpaulo 
infra B incipi unt e vadere minoresi caufacft , quiain ipfo B datur cyhndro 
truncusxqucahuSjCOnjugationisCIA. Athicinipfo'G,nondaturtruncuf 
cyhndroa:queahus cx conjugationc CGA; primiigitur a Cyhndro COA 
trunci,ftatimlunt humihorcshncaGA, plus amittcntcspcr altitudincm, 
M^uam acquirant pcr adjeaionem tricntis. 

Eademanalogiaapparetetiamfic» Nam|trunciconjugationis hujuf, 
omnesab ipfo CyHndro, funtillo humihorcs, quippe conjugationis luae 
capitc, Quicum fitipfcCyhndrorummaximus^omncs igitur ci conjugati 
Trunci funt eo ordinc minorci,pcr Th : XXI, quo ordinc abfunt ab ahir u- 
<lincinius;maximusigiturintcriUos Cyhndcr ipfc: quippe feipfum folus 
intcr iUos , ^quans altitudinc^ ^ H2BC 
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Haec cft demonftratio inconvincibilis per analogiam , fcd qui^ 
Geomctrx minusaflucfcccruncfe adanalog^as, agc opcrofiorem & plan« 

Gcomctrica tcn- 
temus dcmon- 
ftranonem,rcvo* 
cato Schematc 
XXI: In quolic 
truncui CTAV, 
cojugauoisCGA: 
& continuctur 
GT, donec feccc 
circulum in E: 
canncftanturquc 
punda EA, cy- 
iindcrcrgo CEA 
minor cft cylin- 
droCGA^pcrTh. 
^V. Eivcrbscquc- 
altuseft Truncus 
CTAV, cx con- 
ftruftionc, quia 
EA,1 Rj^qualcs. 
Maior cft igirur 
truncus cylindro 
CEA,tricnte qua- 
drati deAR, pcr 

XII 1. pra^miflatn.' ProbanJum eft , proportioncm GA ad AE roaiorem 
eflet ,quam proportionem quadrati CE cum tricnte quadrati AR ▼cl ET^ 
adquadratumCG; fic ut cylmder GEA piusamifcrit perhumilitatem E A, 
quamlucratus eft pcr tnentcm quadrati £T. Primum itaqj qiiadratum 
TRvclAE minus cft quadrato TA , ipfo quadrato toto ^K^ 

Scd& quadratnm CEminus cftquadracoCE cnmtricnte quadrati 
AR.ipfoboctricntcquadrati AR, Diffcrcntiam igiturilHcintcrtermi- 
nos,facitahquaquantiras, qua?efttripla quanritatis,qua?hictermmos dif- 
fcrrc facit. Et f unt prxrerea ht termini maiorcs duphs illorum termino- 
rum. Nam cum quadratum CG fit duplum quadrati AG, hic quadra- 
tum CE,maiuscftqu£drato rG,&quadratum AE,minus quadraco GA^ 
Cum autemintcrahquos rerminos ut >f, 25. diffcrcnriam facit ahquaquan- 
titas , ut ), eius vcro quantitatis triplum, ut ;,diffcrentiam facitmtcr termi- 
nos,tninorcs dimidijs,vel faltcm^^oftcriorcm pofterioris dimidium,ut inrcc 
jo.j^proporriominorum terminorum, cft maior fcxtupla proporrionis 
maioruna; ut jo ad;r, vclsoad^wS proporrioncmhabct maiorcm, quam 
fcxtuplamproportionis 2<;zd 26: & mdtocffct maior, fictiam poftcrior 
tcrminus nainor fuiffet dimidio poftcrioris z6. Mancntc cnini 
a:quahdiffcrcntia, quominorcsfiunttcrmini,hocroagisaugcrur propor- 
tio, Eftcrgo proporiio quadrati TA ad quadratum TK vci E A , roaior 
fcx tupia proportionis quadratorumCJE dc triennn de AR, adCE, Ipfa- 

M z rum 
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Tum igiturlinearum TA ad TR^vel E A , proporciocfl: maior tripla quaJra- 
loiumCE&inentis deARaStiuadrarumCE. 

Eodcm mododemonflrabimusetiaaijquadratumdeCEad quadra- 
tum CG mfnorcm habere proponionem , qaam redas G A ad AT. Nam 
quadraium CG cft xquale re6tangulo BVD, divifa BA in D, ut fit 
Ad dn-nidium ipfius DB , ficut quadratum AG dimidium cft ipfius GC,pcr 
1 h. V I l. huius, ScdCEcft mcdiumarrthmcticumintcr VB &c VA , per 
Th.XII. huius. ErgoquadratumCEa^quairedanguIum BVAtotum, & 
infupcr quadrauim AR, dimidiaz ipfius AB: fi ergo ad B V vcl CT ad jciatur 
paralIclogrammum,a:quaIcquadrato AR^acccdctad VA,latitudo paral- 
IeIogrammi,qua^fit AH. C^adratunaigiturCEarquale erit rc^aangulo 
BVH. Scd&quadratura CGcrat iqualcreSangulo£VD. Frgo ut HV 
ad VD,ficquadratum EC adquadratum CG. DicoHVad VD propi rt o- 
nemcflemmorem quamDVad VB. £ftcnimBDduplaipfiusDA,& BA 
duplaipfius AR: ergoctiam AD dupJaipfius DR ; quodfi AH arqual s ci^ 
fet ipfi AD , eoqj azqualis H D ipfi DB ; tamen mmor cilct H Vad V D,quani 
DVad VB:lamvcr6 AHcft roinorquam AD, adeoqjctiam minorquani 
DR. Nam quadratum CT vel VB icmpcr maiu^ cft duploipXius BA, 
pcrTh*X huius. Namficirctduplum , altitudotruncicirct nulla,corpu$ 
nullum: fempcr igitur quadratum VB cft maius oduplo ipfius quadrati 
AR . Cum igitur fint contioue proportionalcs , VB , AR , A H ,erii etiam 
ipla redtaVB fempermaior oduploipfius AH, acproinde / R medium 
proportionale mtcr A H & B V Qualium igitur cft AR radix dc p 
tahum AH eft ). Scd radix dc p cft intcr i & g-. in akitudme trunci nulla, 
corpore nullo,& cito fit,vcl m minimaaltitudinc truncijUt ex 8 fiat quan- 
do radixcius cft 3: > &in aititudinibusmaioribus icmpcr maior. Ergo AH 
ubimaxima,intcrdimidiam& icrtiampancmipfiusARcoafiftit, iiiqj^per 
augmentum altitudmis truncorumconjugatorum,quacunq5 partc ipfius 
AR mmor , fic ut tandcm cum ipfa AB c vancfcentc ^ trunco m mcrum cy- 
hndrum tranfeunte)fiatinfinitiE parvitatis portiodc AR. Atqui fi abi^; 
A H eftct , proportio A V ad VD effctminor dimidia ipfiusDV ad VB , quia 
AD cft dimidium ipfius DB ; &: cum proportio D V ad V B fit dupla iplarum 
GC adCT, vcl GA adAT: crgofiablqj AHcfict,proportio AVadVD, 
&ficetiam quadratum £GadquadratumCG,fcmpcrcirctmminoripr6- 
portione , quam rcftasGA ad AT. - 

Ciim autcm intcr AR & AH, pcr divcrfbs truncos ,fint omnisgcneris 
jPportiones;fitalicubi,fc.in truncisproximcxqucaltu cyhndro,utAH non 
lantum adjjciat, ut proportio HV ad VA aequct proportioncm GAad AT. 
& tunc rcscft ccrta, duo cnin) clemcnta lufit.proportionis G A ad A E , altt- 
rum ATad E A vel TR , altcrum G A ad AT, dugijus clemcntis proportio- 
iiis, quadrati G£ cumrncntc quadrati AR^ad quadratuxn GC » fingula fin* 
^uhs maiora. 

In truncisigitur proximis a cyhndro conjugato dccrcvit altitudo 
maiori prrrpartionc, quam qua crcvit bafis cyhndri, a?quantis truncum: 
^tqjhocfulumdemonftrandum fuit,datoeniminuiotruncorum cy indro 
jainoru, dcmceps truncicontmue mmuunturjdoncccvanelcant. Scquen- 

tcf 
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Llt AvSTRIACI. 

testamen cafus pcrtincnt ad demonftrationis maiorem cvidentiam. 

Vcl a:quatur proportio H V ad VD pr6|)orri^ii G A ad AT, in truncis 
humilionbus; &ticproportionum didarumclcmcnta poftcriora jiunta:- 
qualia, fcdpriora adliuc inxqualia,^ plus triplo maiorcxccffusit^ds AT 
fuperTR,incomparationccumTR, quamtricnsquadrati AR,incompa- 
ranonecumquadraroGE, &idiinc compcnfationc ; tota igituraltitudi* 
numptoportio, adliucmaiorcft proportionealcitudinisbafium. 

Vcl dcniqj fupcrat prbportio H V ad VB, proporcioncm G A ad AT, 
fcd incrunci$adhuc liumilioribu5,quando CElongacffidrur,TRbrcvisi 
ubiquadracum AR magismagisq; arquacur quadracoTR, idq;tandcmfu. 
pcrat,magnamefficicn5proporcioncm intcr TR&TA; quasquidcm fta- 
timinicio,^icmpcr,cft n^aiorcriploproportionisintcrquadratuCEcum 
tricnte quadrati AR intcr folitarium quadratumCE.-cumccontrairicns 
qnadrati RA,non incodcm proporcionis incrcmento^augeacquadracum 
CE, quippebocipfum pcrfecrefcens.Eccum citofiac, urclcmcmumpro- 
portionisaltitudinum , quod cft proporcio ATadTR ,tiat maior ccrcia par- 
tc proportionisG A ad A T." ex co dcinceps fcmper fit, ut exccflfusclcmen- 
tihuiusinproporcioncalticudinum, noncancumcompenfeCjfedcciani fu- 
pcrccmagismagisq;exccfrumclemenciillius,inproportioncba{ium: Hic 
cnim cocus ascrcfccns quadrari AR,augcc proportioncm cerminorum mi- 
norum & dccreicc ncium •, illic criens faltcm, arqualitcr crefccns, augct pro- 
porcioncm ccrminorum maiorum &c crefccnuum. Plusigitur hicpotcft 
proportionis augmcnci pars tcrcia, quam illic totum proponionis aug- 
mcntum. 

Hxcigiturdcillaconjugationcfucrunt dcmonftranda, inquaqua* 
dratumCCduplumcft quadratiGA. QuodfiquadracuCGfucntmaius 
duploilHusimuhoiftaomnia magisobtincnt. Namquodanalogiam acci- 
nec, Truncorum talium cylmdri a:qucalti , (in Sch, XIX. CBA.) iumx^ 
quahum fcdalciorumcyhndroruCHAlubconcrarijjdcquibusTh X VIIL 
dcmonftracum. quod trunci ab illisincipiant ficriminores, ctiamij, qui 
cylindros altosCHAconjugatoshabencquancomagis ilh,quifunt cum 
his illorum fubcontrarijs CB A , conjugationis ciufdcin , & qui hic dcmum 
onuntur , primo ortu facli hurailiore* conjugaco cylindro CB 

lam vcro quod rcliquam domonftracioncm conccrnit : cum in Sche- 
«natc XXI, cyhndri ipfi , conjugacionum capica , ponancur humiliorei cflc 
cyhndro GAtcrcfcic igicurinijs CG.fcdincrcmcncisdccrcfccntibuSjiDi. 
nuicur G A lcd dccremcncis crefcencibus, Diminuta vcro G A 6c (ccundum 
camficTA, ctiam A3 diftcrcntiadiamccrorum, Hccc crefccncium, crcf- 
cit , fcd mcreUiCntis dccre xentibus,per Th. X, huius Fit igitur diminutio 
corporis cylindri conjugati , per currationcm ipfius TR, magna , quippc 6C 
fccundum bafin CG magnam,&' fecundum diffcrenciam ipfium TR <5^ A G 
mulcomaiorem : appolirio vero ad corpus cyhndri conjugaci, fccundum 
Tncnccmquadraci aR , &augmencum quadratt CEperBA,fic parva& 
minorisaeftimacionis. Recexac»qui vulcjomniadcmonftraciomsprxmiffx 
cIcracncaadhuncmodum*,invcniccnon minus lucis,quamfupraTh.IX. 
huius , cx calculo cmicuit , fupcr huius parcis vcricatc, 

M j Corol- 
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Corollariiim. 

Pafito,quoddolia Vinariacotiftcnt truncisconicispuris, ini*squi- 
^cm , qua: curta funt , venter omnis diminuit asftimationcm capacitatis •, in 
Auftriacis vero pcrinde fcre cft, five ventrem habcant, (ive cylindricana 
figuram propiusimitcntur ; quia nunquam ufu vcnit,utventer intanum 
cxcrcfcatamplitudinem,ut habeat profundicatcm duplam diamctrior- 
bislignci: quocafu fane, per Gorollariaad Th. IX, amittcrct plusquam 
quartam partcm. Scdnecunquam profunditasiit fcfquialteradiaractri 
otbis lignci , quo cafu vcntcramitteret partcm circitcr trlcefimam. At.ii 
fefquiicrtia, quod valdc infolcns , jam attenuatum cft damxium vcntris a4 
partcm feptuagcfimarn. 

Atq^harceft alterailla, & nobiliiTimaquidem pro- 
prictas dolij Auftriaci* Sicut cnim Th. V. nihrl magnum potuit ci nocera 
variata nonnihil fi^ura per crrorcm artificis, proptcrca, quod Lege 6c 
Morcducibus, adfiguram omnium capaciflimam afpiravitartifex, mci- 
dcns in figuras capaciflimx proximas j in quibus , ut proximis, defedus , ei 
legibuscircuH, noneft oblcrvabilis intcrinitia : ficnunc etiamnihil fcre 
inhoc dolio variatventeramplus anftridus, res cumprimis grata epifici; 
quia non ita facilc eft , ut proportionem tabularum ad orbes,fic ventns am- 
plitudinem pro lubitu exprimcre: ncc ad amuflim pr« videt , quantus dolij 
ventcr fit cvafurus,rcdigcrcturq5 in anguftum, fi lc xamplitudmem certam 
vcntriumpra^fcribcret. Quodigitur lcgc taHtam molcfta noncftopui, 
id commoditati proportionis TabuIarumadOrbcs, quamobfervat Au- 
jilria , acccptum eft fcrenduna^ 

Theor. XXIIL Problema Geo^ 
metns propofitum. 

Dataproportione diametrorum Trunci , coniuQ^a-^ 

tionem invenire, in qua talis truncus asquct Cylin- 

drumconjugationis maximar. 

Primum in ipfa conjugatione Cylindri maximi , jam trun^cus omni^ 
& fic ctiam truncus datam habens proportioncm diametrorum , cft minor 
€ylindromaximo,perTh,XXLhuius. Ergoconiugatioqua?fita, cftfupra 
GjConjugationem cylindri maximi,vcrfiis conjugatione trunci,maximo a^- 
qucalti, datamdiamctrorumproportioncmhabentis. Vtfitruncus xquc- 
altus cylindro maximo CG A , fucrit CFA , & conjugatus ci cylinder ClAa 
Fucrit ver6 etiam in conjugatione CG A,truncus CT A , & fuerit , ut CF ad 
diametrum oppofitamparallelam pcr AX,fic ctiam CTadAV, corpus 
trunciGTA,conjugationisG, minuseritcylindro maximoCGA* Con- 
iugatioergoquaefitacadctfupraconjugationcm G, vcrlus I. Quarcqua?- 
fitus iruncus habcbit altitudincmmalorcmquamGA» tccylindri ^que- 
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alci diamctcr bafi?; , qux mc Jium eft arithmeticum intcr diametros trunci 
quxfiti , longitudinem habcbit minorem quam CG. Dico conjugationem 
quxfitamcfiectiam ultral,& altitudincm trunci qu^Efitimaiurcm quam 
Al,quodroirura videatur. Namquiadaturproportiodiamctrorumtrua- 
cijfcmpcretiamdatur carumproportioad mcdium fuumarithmcticum. 
VtigiturGFadCG, ficcritctiamqusefiti truncidiametcr minor,adfui 
qucalticylindridiaraetrum.Atquiminorh2Eccft,quam GG, & rcmotiorab 
A : mmor igitur ctiam illa, quam CF,& rcmotior ab A: minor ergu propor- 
tio C . adFA,vcl Cl ad I A,quam diamctri trunci qusfiti adlatus fu um accli* 
ve , hoc cft , diametri cylindri conjugati ad luam altit udincm. A^aior crgo 
quxfita;coniugationisaltitudo,quam AI, romordiamcter,quam IG. Ha- 
ftenusdemonltratio: reliquura huiusProblematis AdrianoRomano, fic 
iiquisaliufcft , cui GcbcrpIacct,cxpcdicndumtranfmuco. 

Cum cnim truncus omnisfit maiorcylindro fuoa^qucalto , inpror 
portionc Vncixde quadrato difterentixdiaraetroruti),adquadratumdia7 
ipctri cylmdri xquealti : Quare quadratum CA iicjubcmurdividcrc,uc 
pars vna, aufta portionc per differcntiam diamctrorum data , & duCka la 
!atus partis altcrius, a^quct quadratum CG, dudum in rc<aam GA. 
Confultushacdc rcGcber, rcfpondic ex Coiiafua, mycniendam alcitu- 
dincm taotam, ut,tribus poftillamcontinue proporcionaiibuscxiftcnti- 
bus,in proportioDc,uteftipfaadGA,prim«aliquaccrtamultitudo,a»quec 
datum numerum abfolutum, cumaliqua ccrca multitudinc tcrtiaruro: 
huiusmodi vcro asquationes in Gcomctria adhuc quaerunt colliu*e, ncc, 
meiudiccy invcniencunquam^ 

Theor. XXIV. ProblemaGEO- 
metris propofitum. 

Data coniugatione^ inqua quadratumdiametri in 
bafi Cylindri^minus eftduplo quadrati altitudinis , inve- 
nire proportiones duas diametroruinyqu^e Truncos con- 
iugationis eiufdemefficiat^qualcs Cylindro maximo. 

Data fit coniugatio CIA , in qua quadra^umCI, minus fic duplo 
quadratilA, oportct invcniretruncorum coniugatorumdiamctros, ae-* 
quancium cylf ndrum CG A maximum. . Eric igitur altitudo trunci unius, 
n^aior quam GA alcicudo cyUndri maximi,alceriu$ minor, pcr X X I, huius- 
Pcr confequeng igitur, illius proportio diamctrorum erit minor proportio- 
nediametrorum scquealticylindroCAG maximo, huiusmaior ; utcrq; 
fuum habcbiccyhndrum «qucaltum.-quinon crunt fubcontrarii ipfi . fcd 
fubcontrariis proximi: quiaficircni fiibcontrarii,cflcnt2qualcs,pcrXVI 
huius. Atcumillorum trunci fintproportionis inxqualis diamctrorum, 
quippc in cadcm coniugationc diverfas habcntes altitu^incs; inaequalcs 
igitur adjiccrent vnciaj quadratorum,difFcrcntiis fuis,pcrX I II huiui: itaq; 
uunciipfificrcntina^qualcs^ Atrcquirimus asqualcs, utrumqs quippe uni 
CG A a:qualcm. Ha^e- 



Early European Books, Copyright © 201 0 ProQuest LLC. 

Images reproduced by courtesy of the Royal Library, Copenhagen. 

2° KB. 9,191 



Stereometria Do- 

Haftcnus demonftratio ; rcl 
cfto CF , quar quarritur : datur igitur & FA ex conjiigatione , tsc quadratlina 
ei us ; quare 5^ rcdangul uiii diametrorum , & hoc di vifo per datam CF dia- 
mctrum minorem, etiara diamctcr maior,- quare nota erit& diffcrehtia 
maioris &: minoris, & cius quadrati vncia, & quadransj quo fbbtradoa 
quadratoAF, rcftabit quadratum altJtudmis; quod cum quadrato GA 
comparatum, oftendctcorporum proportionispartcmunam. Sicdatai 
utraq5diametro,daturcylindri.quihabct trunciCf Aaltitudincm, diame- 
tcr balis , cius fc; quadratum,per X 1 1 huius: cui adjefta Vncia prius in ven- 
ta,facitcompofitum,quodcumquadrato CG comparatum,oftendctcor- 
porum proporiionis partcm altcram: Oportct vcr6 partcs iftas propor- 
tionis corporum,clIclubconxrarie a:qualci, utinunum conflata^ confti- 
tuant proportioncm xqualitatis. 

ToUiteCo/fifta:, quamhxi, crucem ingcnij,&' mckquimini : in* 
venietis,nifiroe avcrfarcfpcxit Mincrva, continuc proportioruiium pri- 
masfecundas & quinras, a^quari numcro ablolutocum proportionaliunik 
tcrtijs&rquartiSjCertoquibusqj numcroiumptis. Nec igiturGeomctru 
cacftxquatio,fcdftochafticaNic. Raimari Vr/i, autmechanica luftiByr- 
gij: necproblcraa, qualiaPappus cx morcantiquorum , PJanaappcllavir^ 
idcft,abfo]urcGcometnca&lcicntificai fcdfohdum, &cumconditionci 
Gcomerncum^datisfc. duabus mcdijs,continueproportionalibus,quocl 
cxpHcatum fcicntificum habetnullura. Et practcrca non unaeft rcfolutia 
huiusa:jquafionis;dcmonftratumcnimcft, Truncoshuiusmodicflcduos. 

Theorema XXV. 

Si diverfarum conjugationum Trunci habuerinr 
eandeminterfeproportionem diametrorum, conftituti 
fuper eadem diagonio : proportio corporum erit com- 
pofitaextribus clementis, exproporiione Cylindroruni 
coniugationis y &: exproportionibus Cylindri cuiusq^ ad 
fuumTruncum conjugatum, prioris quidem Cylindri 
e verfa , pofterioris vero direda. 

SittruncusCFA,conjugationisCIA,truncus vcro CTA,conjuga* 
tionis CGAjfuper cadcm diagonio CA j& habcat fc CF ad diamctrnm 
maiorem per AX prolongatam , -^icut fc habct GT ad AV : dico corporit 
CFAproportioncm adcorpus CTA trunci, compofitamcffe cxpropor^ 
tionibus tribus , CI A ad CGA , 2. CFA ad CI A , CG A ad CTA. Sim* 
piexcft fublumptioadaxiomatritiflimumjquodquatuorquantitatibusor- 
Ajinccollocatis,proportioprim.'uadquartam,fitcoropoflfacxproportioni- 
businterjedis; tantumin coliocationecautiocftadhibcnda; quiacnimde 
ptoportione (atagimus truncorum intcr fc, oportct truncorum altcruna. 
collocare loco qiiarto, altcrum loco primo,<:yIindros in mcdio,cuiq5 fuutn 
coniugatumproximum, NampcrCorgll,adTh.in, columnarum, &c 
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(iccmmcylmdroruradaturproportio,fc.CIAadCGA. ScdperTh IX. 
datur proportio cvcrfa CI A ad GF A , fcilicct CFA ad CIA, & proportio di- 
retta GG A ad CTA : [dzix vero proportionis corporibus dcinccps colloca- 
tis, refultatdi^tafcrics, 

Corollariuni & Praxis. 

Rite collocatis tcrminis, quibus exprimuntur proportioncs trcs, 
multiplicatresantccedcntcs,duosinterfe & fadumin rcrtium j ficctiara 
3gc cum tnbus confequcntibus, & coraprehcndcnt, qui prodeunf,propor- 
tioncm quasfitam. 

Sit CIA conjugario atqualitatis , CGA coniugatio prcportionisfemidnplae 
Iiiiearum,dupl« quadratorum. Eftigitur in Coroiiario Th. III. prcporrioCIA 
adCGAut 2.828 ad^oSo. vel loi ad no. In Corollario vero I ad Th.lX. cumcft 
pruportiodiametrorum, quxi ad z ; Truncus eftad cyliadrorumpriorem CIA uc- 
ad f 4 » I *^ 9' Corollario altero , cum eft eadem proportio dia- 
mecrorum qux i . ad 2 , cyiindcr poftcrior CFA eft ad Truncum ut i f ad ii -+ , Ergd 

Trunc us.Cylindri. Trunc^ Tcrmini Antec. lo. loi. i^. fadtus i y i;oTruncus CFA 

. 20. 5?« I if — 11-+ confeq. p. 1. 10. 1 1 -ffadV' 10890 -^Tr. CTA; 

101 — no In minimis, ut ;o f ad jdj fic Truncus CF A ad Tr. CTA. 

Coroliarium 1 1. 

In conjugationibus-^qualitatis&duplae quadratorum vcl fcmidu- 
pl^linearumproportionis, ratio corporumpcr divcrfas diamctrorum pra- 
{>ortioncsc&i(la» 



In Proportionc 
diamctrorum 



Truncus aequalitatis 



fuperatplus tricnrc 
fupcrat nonadecima 
a:qualis eft Trunco alteri 
de^citparce^ida. 
deficitpartcz^ta. 
deficitpartcz^ tia 
dcficitpartezo ma 
deficitparic 18 va / 
deficitpirte 17 ma 

Exindc continuc plus dcficit, uf^j dum cylindcr,cbnorum omniutn 
principium , deficiat parte vndccima. 

Inproportionibus verodiametrorum maioribus; prasvcrtitur trun- 
cusconiugationisdupla:,cvancfcendo« 

Corollarium iii- 

Pofito^ dolia cffe cx puris truncis Conicis duplicatis,fi eandcm habuc- 
rint proportioncm diamctrorum ,capacj ui plcrumqj cft, quod Auftriacam 
iiguram, proportionis fc. femidupla? diaraetri orbis lignei ad dimidiam 
tabularum longitudinem ; quam Rhcncnfe,quodxqualcm habct diame- 
Uum dimidia^tabularumlongitudini. Rariinmevcro&fortcnunquain 

N fir, 
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fit, ut squcntur capaciratc; quiavix vnquam profunditates ventriumad 
diamctrumorbislignei.attinguntproportionem (cfquitcrtiam. 
Haaenns de figuraDolij nuftriaci.fcquitur^ 

De virga cubica eiufq; certitudine. 
i HEOREMA XXVI. 

In dolijs , qux (unt inter fe figuras fimilis : proportio 
xapacitatumefttriplaad proportionemillarumlongitu- 
dmum, qua^funt ab orificio fummo/ad imum calcem 
alterutrius Orbis lignei. 

Sint doJia di vcrfae magnitudinis , fpccic cadcnfi SQKT,XGCZ, qud* 
tumorificiaOA, diamctri orbium ligncorum QK> ST& GC, XZ, co- 

iichtima xxiL TuD^q; imi 

T,K&Z.a 
longitudmes 
OK, OT 35- 
qualcs, ficfic 
AC,AZ Dn 
co, capacita- 
tcs dulioru, 
clTc in tripla 
proportionc 
longitudinif 
OK,AC. A* 
gantut cnim 
pciO,A,pla. 
naOV^AY. 
parallcla or* 
bibusligncis, 
il (inc duo 
trunci Coni- 
ci,SV&VQ. 

fcXY,&YGintcrrcfimilrs. Quxigiturdeptoportionedirftidioruiiido- 
liorum funt vera , illaetiam dc duplicatisctunt vcra. Smt igitur propoht» 
fipursB -'^'KO. AYCG, conici trunci, fintqjlatcrafigurarumOQ, \ K. &: 
AG , YC. DiaS^ctn Bafium mino um QK , ^C , diamctri bafium maiorum 
OV. AY; & OQkv, AGGY fcaioncs quadrilatcrac figurarum pctfuos 
axc8,fim»lcsinterfc, carumqjdiagonijOK> AC^ 

Ergocum figuraefimilcs/fintad lemviCcmin rrip»aproportiOTcana- 
logorum lateram, crt.ptopottionis AG latcrisad OQJatus, autGCdia- 
ixictri , ad QK diamerrum tripla, ptopottioGY cotpcris ad QV corpus. 
AtmfigurispIanistr.latcr»sAGC & 0 fiii*fl»bus, ut GCad analogum 
QK , vdl ut AGad analogum OQj ficctiam diagonios Av ad analrgoa 

diago*» 



• 



Early European Books, Copyright © 201 0 ProQuest LLC. 

Images reproduced by courtesy of the Royal Library, Copenhagen. 

2° KB. 9,191 



LIl AVSTRIACL 

diagonionOX. Q^uarecriam proportionis AC longitudinis adOK longl- 
tudincm triplaelt, proportioGY corporisad QVcorpus; & licctiam lo- 
tius GZ doiij ad totum QT dolmm. 

Corollariuni i.&ftrucluravirgx. 

Manifcftum hinc^ft, fi virgamenforia dividatur inpartcs a:qualcs 
cantas , ut piima &: infima illarum fit longitudo OKdolioli , quod capit A m- 
phoram unam : ad fingulas vcro partium asqualium ad^jciantur numeri,qui 
Iqntinrcrfeintnphcataproportionenumcrorum diviiioni^artjuabihs, ni- 
mirumadfinem prima:partis Vmtas ad finem partium:: , numcrusS , ad 
,Numerus -T.ad Numcrus54 >ad ^ Numcrus )2n-. & ficconfequenrer, 
' &numcrireliqui,quicaduntmterhoscubicos,ordinenturinfpaciamtcr- 
mcdias ficur parsiccunda (iibdividatur mparticulas-alias^non xqualcs, 
fed proportior.ales , quibus apponi poflint numeri 2. 7;. 4. <^* C-7 , mcdij in- 
ter .fi^f^&fic decateris . quod Virgain dolium riteimmiffa, numeriad 
qiiosulqjpcrtingit interior tabulx fuperficics OA, prmcipiovirg^ inK,G 
vcl T,Z ftantc , lint indrccs Amphorarum , quas capit dohum , proportio- 
nis nimirum cms^quam habet dohum,ycrbi caufa^GZ.^ddohumQT Am- 
phorar unius* 

Corollarium il 

Eodemrccidit rcs, quodquidamiti triangulo AGC,prolatcrcAC 
inctiuntur laterum AG , G C fumtnam . pro virga circumgeftantcslimbum 
cx pcrgaracna convolutum^ amphorarum numcros eademlcgc infcrip. 
lum cuiuscvolutiprincipiumapudcalccm C affiguntjongitudincm aC 
in G & porro ad A cxtcndunt, dc nota cms quxtctigcrit pundum A , pro- 
nunciantesnumcrumamphorarum. Nam marginisapudG, procurrcn- 
tem longf tudmem , 6c circulorum ligncorum , viminibus revindorumjta- 
bularumqi & orbii 1 gnei GC cralTitiem. quam ample<auntur circumduaa 
jimbi,praefupponuntpcromniadoliatimilcm. 

1 HEOREMA XXVIL 

Etiamri binje medictates dolij Auftriaci non plane 

fuerint fimiles , fed orbium ligneorum alter paulo mi- 

nor&anguftiorreliquo, dummodolongitudo in men- 

foria fit cadem. , infenfibilis erit capacitatum in v traquc 

medietate diff erentia. 

Diaum<:nim efl: in Gorollarioad Theor. V. (ccundx pards, do- 
lium Aullriacumvetlanrirca figurationem capaciflimam , a qua figu- 
rationes omncsad latus utrumquc , hoceft, doHa tam longiora quam 
brcviora AuiVriaco, omnsa fiat minus cspacia, quam Auftriacum. 

N 2 la 
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3ti ijs vcro articulis , in quibus a minori ad maximum iterunnq; ad minus fic 
mutauojlegcaliquacirculi ,fempereft aliquoufqj infcndbrlisilladiftcrcn- 
lia. Quodigicur vcrumcfldc dolijs intcgris, candemiiabcntibus diago- 
nion ; idctiam vcrum erit de bmis unius dolij truncis, ut de AYX, A VGi uc 
ccliorbiumaltcr,puiaGCjfucritminorreliquoXZ;dummod6AC, AZ 
«qualcs, capacicas tamcn iic utrinqjad omnem fenfibilitatcm a:qualis, 

Theorema XXVIIL 

At fi longitudo vrrgas per iitrumqi dolij truncum 

non fit a^qualis, quod ufu vcnit t mediuni propor- 

tionale inter utramqj virg^e longitiidinem , id eft mediu s 

numerusinter duos abuna & abaltera medietate nota- 

tos y fmc crrore pro indicc capacitatis ufurpatur. 

Namminorlongitudoinfcriptum habcccapacitati^^quaccftfiiitrun, 
d , duplum maior itidcm fui ttuoci duplum habet infcriptum. V iraqj cr- 
go longitudo, junclisnutncris,infcripium habcntduplumcapacitatisio^ 
iius doljj. Medium igicur arithmcticum intcr numcros utriusq; longitu* 
dinis, quod aequcvalct medio proparcionali inter lincas , arguitfimpluai 
tociusdolij, 

Theorema XXIX. 

Cutv atura Tabularumifeu buccofitas inter orificiiun 

medium &orbemvtrumqjligncum , in dolio Auftriacd 

nihil derogat indicio Virga^, in Oblongis doliis augct 

capacitltenla virga indicatam (perfequidem , ca^teris 

paribus) inCurtisminuit. 

Namctfi,pcrX ^rXpartisprimtBjdolium figuraGitrij,Prum,01i- 
vx jFufi Parabolici aut Hyperbolici , truncatorum , fupcrat capacitatt do- 
liumCylindraccum, vcl meri trunci duplicati figuramhabcns, bisgradi- 
bu5,quo hic ordinc figurq funrrcccnfit?;illud tamcn 6c pcr fc cft pcr parum 
uti apparctcx Th. XXII p. primas; & quicquid cms fcnfibilc cft , jam in vir- 
gae numcrbs ingcfturri cft.Nam primum dolium,cuius capaciiai pro vnius 
A mphorai indicio, virgie: fuit infcripta , fimiliter ut cxtera omnia, fuaro ha* 
buitbuccofitacem:arguitigiturVirgadoljaomniabuccofitatis fimilisjqux 
ctfi non omnibus Auftriacis cft fimilis , omnibus tamen eft aliqua, coq; mr- 
norcrrorcircaillam, Atcum doliafucrint longiora Auftriacis, longior 
ctiam in ijs flexu? cft tabularum ab orificio ad orbcs , itaq; maioris capacita- 
tis, «tiamfi fimihs vtrinq; ponatur flcxurai qucmadmodum etiam, 
ii breviora fucrint Auftriacis, flcxus iftccft brcvior. Atqui virga fle- 
xum longitudi nis mcdiocris arguit , qualis cft in dolio Auftriaco : non affe- 
quitur igiturvirga (c^tcrisparibus) longitudincm flcxus indolio oblon- 
goi fupcrat in doho brevi. 

Par» 
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III. Pars. 

VSVS TOTI VS LlBRI CIRCaDoLIA 

I. Comparatio doliorum per vir-^ 

gam tranfuerfalem cxploratorunx., 

Si dolium fit proportionis Auftriacar, fidito uir- 
g«finc rcfpcda uclvcntris intcrorbcmutrumqs, vclbuccofitatisfivccur- 
vaturxintcrOnficiura infulbrium & orbcm ucrumlibcilig icum j &ta!c 
doliumalijsomnibuspraefcr, cxccpto iHoRhcncnfi, quouhabct protun- 
ditatcmvcntns maigrcmfcfquitcrtiadiamccriorbishgncijfitamcnullutii 
habct. Exc^tcrisigiturcligeOblongacum rouItovcnirc,qualia untali- 
qua Rhcncnfia: compcnfat cnini nonnihil gracihtatcm & prcLxitatcm 
corports,amphtudovcntnsrocdij,&longitudobuccarum. Incontcmptis 
habctodoliaobloogaaf cylinviraccafinevcntrc ; pofthasc Curtatibi ccn- 
fcnror, cuiufmodi aliqua ver.iunt cx Vngaria, parum autnihila cylmdro 
puroputo diffcrcntia, Atcurta vcniricolafugito modis on nibusi trcf 
cnminota? paupcrtatis habcnt, unamcx Th. V. magn tudmcm prop ir- 
liv.misOrbiumaddimidiamlongitudmcm Tabularum; fccundamcx Ih, 
XXM, vcntris magnitudincm, tcruaoi cxTh. XXIX, buccarum brc 
viiatcm» ^ 

II. Confideratio methodi menlu- 

randi per virgam tranfvcrfalem cubicam. 
Colligitur igitur ex his omnibus, fimul cdnfide- 

,_.;f,nullaminterrationcsmcnfurandi dolia, compcndioCorcm fimtl 
atq; circumfpcdiorcm clTe, ufu virgae tran(vcrfali* cum divihonibu* cu- 
bicis , in dolijs Auftnacis. Omncs cnim cautclas rocnrorumin (c con* 
imct Primum virga mtrorlum immifla chminat crafi!iticm tabubrum, cir- 
culorum qui vincula lunt, viminumqjquibus circuli 1 gnei ftringuntiir, 
Eliminat &cxce(Ium Marginum , quorum in crcnis hxrentorbcs lcu Ba- 
fcsligncsc Hocautcmratioaliamcniurandi,un4&^«adcmopcraprafta- 
rcnullapotcftiquasnonrationcsnncnfuraraputiorificium Acxigit,ubnn- 
limaluperficics tabularum m apcrtocft Iraqj Menforcs aliqui rcgu^as hic 
ft^nnullaimcmoriajmandanta^fcquuntur , aeftimandi cxcam hanc tabu- 
larumOrbiumqj crafruicm: quarum inccrtvtudinecirca 'ncoaftanf^acx. 
empla, ommsreliqua in mcnlurando fcrupulcfitas cluditur. SccunJi 
mcdusiftccavct dcmaequalitate bafiumlignearum icuorbium, idqjcitra 
txdiofammultiplicationemjcitiaqj rcpet noncmcxplprationis,vna&ca- 
dcm opcra ui Th.X X V I huius di^um. At reliqui mcntorcsin hoc mul- 
ti funt , ut doliorum orbcs inter (c a^qucnt, mcdiumqj corum proportiona- 
lc, dcni^mtcr capacitatcs mcdiumconicum invcmant j ufum virgas pla- 

N j nimc- 



rat 
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tiimctr:cconjungentes cumcalculo molcftiiTimo. Videreccncifrimum, 
loannis Hartmanni Bayeri Medici Francofurtenfis librum de ftcrcomc- 
trialnanium. 

T6rti6,neqjd»nimiIitudoCadorum(quantuIaquidemin Auftriaca 
doliacadit? dum doliorum Opifices Regula Tua craflTc uiuntur, autdolia 
verera prarciris marginibusfatciunt multum dcrogat fidcihuius mcnfu- 
rationis,utdiaumCorollarioI. ^clTb, V, &Th,XXIl hnius. 'Quarto, 
nonnegligiturhic, fcd ipfo methodo adfcifcitur amphtudo vcnms, fca 
circuIusmaxitrfusAY.-abilliuscnimfummo A ,inftituiturmen(uratio ad 
altenu'» imum C. Eius rei fundamentum pendec & Th XXI I huius parcis. 

Quinto nccbuccofitas Trunci Conoidishic quicquam nocct , pcr 
Theot.XXVIlL Eftcnim &pcr feexigua,&pcromnes omnmmdoho- 
rummcdictates, fcrcfimilis connivcntia Tabularum, ad ftrudurx tatio- 
nespcrtinens^quxncc mcramConicamrcaitudinem , nec mfigncmali- 
quam ventricoficatem , magis tamcn illam , quam hanc rcquirit. A tdc 
hac buccofitatcplcriqj mcnlorcs valdc (untloIHciti; adeo ut Clavius uc 
fupradiaum^adEllipies&Conoidcaconfugiat; ncqi tamcn quilquair i^- 
lorumadhucgcniiinas doliorum figurascalculando lccutuscft , quascga 
nunc primum &r cognofcendas dcdi demonftrationibus fpinofiflimis la 
numcrosconieeiopcrofjffimo calculo: fcdquod Auftriaca noftradohaal- 
tinct,iDgcniofamagisquam uiilivclncccflaria machinationc ^ tantumut 
cx comparatione calculi cum u(u virg^E Auftriacx , & commoditas huius di- 
mcnfionis tantomagiscluccfceret, &: c^ecenfcrupulofi computatorcsfefe 
rcfpicercnr, perpendentes,quam baacnusf uftra cercbru m frcgcrint com • 
pucationibus laborioiilTimis , culicem cxcolantes fraaionum ramutiffima- 
rum, fed camelumerrorumdcgluticntes: fola hac altcrarc, paritcr ipfis 
ionorataf jLlices,quod nullius feremomcnti funtplxrsqi cam icrupulofi- 
tateSj quam.errores circaillas. 

Plurimum igkur ad privatorum fecuritatemfrau- 
defqjeliminandasrefcrt; utlexilladolijconftruendi.quaftcrtiapartclon^ 
gitudinis tabulammjubct defcribcrc circulum orbium I'gncorum , Magi- 
ftratuum authoritacc diligennaq; confervetur , pocnifq^ & profcriprionc 
vaforum,quaEhanc figuramnon habcnt,vindicccur: autccrte, ut \rirgic 
mcnloria:lnenormibus illisdolijsdimctiendis, fidcs publicodccrcto ab- 
j:ogccur. 

II L Quodufusvirg^etranfvem 

infcriptas habentis diviliones Cubicas , fit 

Auftrixpropriu?. 

Patethincetiam, curvirgas tranfverfalis ufus mul- 

tofit Auftriie famsharior, quam nationibus castcris : NimiruiTi quia hanc 
dolij figuram reccperunt, ad quara collimanccs Vietorcs, nr immum no- 
ccnt capacitati, manuumabcrrationc, Atpenc» nationescaeteras aliar 
ctiamdohorum figura: in ufufunt^jinquibusvcntriumamplitudotabuU- 
rumqi iongitudo mucaca, ftatim^ lcnfibilc quid noccf, Quarc eth vc- 
rum cft^ ulum \ivgx traafvcrfahs vnivcrfalcm cflc, in omnihus doliis 
^ - intcr 
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intcr fe fimilibu?; , fccundum Th X X V I huius partis ; at nulla Icx nuilaiAi 
llUutiofufficitOpiricibu?, utrcmperteneantcandem prxctle proportio- 
ncm tabularum , multoq; rrimus profunditatis vcn tris , ad Orbcs ; ut in qu;i 
conformandacafu5plurimumvaiet>confilium opificis minimum. Cuoi 
itaq[i figurse inftituta^ ptoptietas non fubvetiiat aberrationi minuum , ut itl 
Auilriaific uthgura:diflimiles a-quipollelntfimilibus : diffimilibus iguur 
figuris quotidie provcnicntibus doliorum , nec capacitatis fimilis ^ non po- 
iclt Virg^ tranlverfalis cubicas folitari<E pcncis natjones cxrcras tam lacus 
cffe u(us i finc crroris alca, 

IV. Ratiometiendiquodvisdoliunl 

cirGularium Orbium , fine Virga divifiohis 

Cubica^ 

Scd cum generalcm hoc librb fpeculationem pro^^ 
pofucrim, praxisetiamadomnesalias dohorum figurasextcndenda vide- 
tur^cumutfrudumaliquem Stercomcttiae huius percipiant etiam natio- 
tiones ca?tcrx : tumetiam ut Auftriaci noftri circa dolia pcregrma(quae 
idcntidcmVelfccundo veladverfoPanUbio invchunturin Auftriam, aut 
vinocxoticd plcna, autexportatura vinum Auftriacurrt)tan'to magisju^ 
vcntur: neve ufu virgac {xlx^ damnumvei inferantalijs, vclipfi accipjant; 
Efcnimluftiti^fimulachrum pingitur cum bilance,menfiirarum omnium 
cxadtarum jfymbolo-,pcrtinctq5Curah^Ecdrcamenfurarumfidetii,adhuius 
VirtutiSjfuumcuiqj tribucntis,cuhum ; ut,quae& ralVaspraeftatRcfpubH- 
cas , & ornar , ipfa quovis folepulchribr i abeius amico & (ercno vuhu,om- 
licsnubeculserrorumquamlong'flimedimoVcantur,difcutiahturq5. 

Virgaigiturinpararofit,divifain partcs acqualcsminutifrimas; cum 
illain orihcium dohj imifia metire primo profunditatem ventris mcdij , dc- 
indctranfvcrfaslongitudines, ab infuforijmedio^ad imos calccs utriulq; 
orbis lignci> tertio virgam cxtradamiiftc forisad calcesorbium hgneo- 
fum ,acic ctiamin crcnas imprcffa, fipotcft, roeticns utriufque orbis H- 
enci diametrum in altitudilicm ptorre6tamfeorfim; cuia^qualcs pohun- 
lur cfle omncs aliaEdiametri unius orbis hignci , proptcr ftrudura^ rationcs, 
&quiahic nondebgcnisagimufi Sitamenahqua hotabilis divcrfitascf- 
fctindiacDCtrisanius&eiuldcm orbisligncii ortavelex abcrrationearti- 
ficis, vclexnatura ligni, quas cum vcnarutp longitudincm prajftet inva- 
tiabilcm , latitudmem tamen tabularum hafcct aurxmutationibus obno- 
Xiam; tuncctiamtranfvcrfasorbiumligncorum diamctroismctire. 

Etquiafitinterdum, utipfaetiam vcntrismcdij amphtudonon or 
dinctuf inperfeftum circulum ; tentet igitur accuratus mcnfor, (cuiad 
omnemcurioficatem inftrumcntamodosq; poflibilesfuppcditare ariimus 
cft)viamahamdifcciida:arcar, quadohumih mcdiofcaum cfle ihtclligi- 
tur. Eapoffitefl^ctalis. 

Limbo cx pergamehOj aut alia roatcria flcxili, non tamen, utfila^ 
dhdlih ,circumdato medium ventrem dolij , metiarisq; , quot partes virga^ 
«ontincathmbastahi* Pofitoigitur, quod dolinmin mcdioforis cxade 
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fit circulare ,ex nutnero partium harum facile pcr Th. I,di(ces,quantadia- 
mcter dcbeac eiTe huius circuli ; Vt ii partes in ambicu inveniffcs ^zSy cum 
unaquincajdiameterdebercchaberepartes^ooo. Acquijam exploracam 
habesdiamccrum mtcriorem icu profundicacemvencris : auferigicuri 
computaca craflkiem hgni , quam poces mecrri ininfuforio , &* proalccrata- 
bula m dolij imoaufer tancundcm : quod fi diamecer profundicacis inveni- 
turiEqualis huic compucacx, cx ambicu exteriorc, & diminutx ; dolij vcn- 
tcrexadecirculariscredipoceft-, quiafi deflcdita circulo, caufanulla cft, 
curpocius obhquxdiamecri (quodtamcn cciam>ficri poccft) quamercda 
& cranfvcrfa fint ina;qualcs. Scd omnem cercicudinem huius rci /iforcefic 
matcria mecicnda precifior auro , quanticatis eiufdem ) difccs hgnis paralle- 
lis , mcervallo ^quantum requirit dohum , firmitcr inter fc coairatis > quibus 
omncs circumcirca diamecros , fi crabcs bina: dohum fuftineanc , cxplora* 
repoceris, Quod fiigicur dcprehcndancurinaequalesdiamccri,ereaa&: 
t.ranfvcrfa, velalia qua;cunqr> tunc figura cftElhpfis; quarc pcrEpil. ad 
Th. I. p. prima:i diamctcr compucaca, mcdium ent arichraccicum inccc 
crciStamiS^tranfverfam. Icaqj quanco cempucaca & diminutalongior cft 
.diametro profunditacis, tantb viciflim hxccric longior diametro tranf- 

Excognitaigicurdiametroveldiamctri'; cuiusqscircuh velElhpfis,uc 
cliciesaream, cam orbis lignei,quam fe£tionis iroaginariiEper mcdium 
vencrcm ,per Th. 1 1, & Epiiagma III, parcis primas. Multiplica diainctruni 
creaamintranfYcrfam.fivefucrintiEquales, fivc ina^qualcs : cricq5fa<aus 
adIummamparvulorumquadracorum,qux func unam virga: divifionum 
xquahum longa & lata, conccntorum m arca talis orbis hgnci, ficut 
I4ad))fcre Accuratius, (quod dido Theoremacc omifluro hinc fupplc) 
ucnurocrus poftqnaccrnarium ordinatashabens Cyphrasfcdccim , addi- 
iTJidiumnumcri,quocfrcrcurcircuhcircumfcrentiaThJ.^ Namutobi- 
terhocdicam ancmincadhuc dcmonftracum, ncfcioan a quoquamob- 
fervatum: In omnibus figuris rcgularibus, circulo circumicripcis, & fic 
cciaminipfocirculo, quafiinfigura infinicangula, ufu vcnit, ut ipfarurtl 
penmccri , quando diajncrer habcre ponicur parces 2 , numcro contmean- 
tur,quidupluseftnumcri,quocontinccurarcafigurx. 

.Proximatibi cognitioncecfraria,eftlongicudinisdolij, quam nonita 
facilefori$, vclincus metiridacurvirgula, quia curvanturcabula:, procur- 
runtqjulcracrcnas^orbesqjligneoSjquorum cciamcrafliticsignoracur. Vc- 
xam igicurlongicudinem ficdifccs ; quadralongicudinem tranfvcrfalcro,al> 
liocquadraco aufcr fad:um cx diamctro orbis hgnci ^ diamctro vcncrts 
( (umpto medio arithmetico ,fi non fucrinc omnes vnius figura: diametn a?- 
/quales) rcfiduumfcrva, deinde orbis lignci diamccrura autcra diamecro 
vencris,refiduumquadra,quadraci partcm quarcamaufcr a refiduo priui 
aflcrvaco: radix cius quod rertrancc,eft longicudo mcdictacis ilhus,cuius or- 
bcm hgneum adhibuifti; cechnice dicicuralticudo crunci. Quod fi dohu cft 
rcgulare,duplum crichujui, longicudocociu^dolij; fcd tutiusages, repc- 
tendoproccffum eundcm cum alteralongirudine tranfverfah,altcroq;or- 
bcligneoiquopatcfictalteriusmcdiccatiSAongitudojhoccftalteriusTrun-; 
4:ialcicudo. 

Exein^' 



t 



Lll AVSTRIACL 

Exemplum, Sit inventa inSch. XXII , tranfverfalls AZ longkudopar. 
tium *qualium vivgx 24 femis & pauio plus : ut fi t eius quadratum 6oz f. Sint ctiarn 
inventjtdiamerriAY22,XZi5?,partiumearunriem. Hxinfemutuomultipiicat*, 
facinnt4i8,cjuemaufer a 6ozl reftatiS^f Difftrunt diametri pcr j , cuiusqua- 
drjtumeftp>6c hmc pars quarta, 2 cum quarta • quam aufer ab ig^f' rellar igi cum 
quarta , cuius radix i ^ f. dimidi j doiij longitudo intcrna , ut tota GX fit 27 ionga. 
Etcumquadratumdez2fit484,dei9,fK?f^i : Vt igitur^ooooad^ 141^,^^484 
& jdiad^8o-+&28? f.areascirculorum AY, &XZ. 

Invcntis arcis circulorum, & longitudinc mcdictatis utriufq; , tri- 
vium occurrit ; aut enim pro Truncis Conicis habcntur, binx dolij cuiuiq; 
mcdictatcs, autproTruncisCitrij, autpro figurisintcrmcdijs,proPruno, 
OlivajFufoParabolicOjVclHyperbolicOjtruncatis: hoccft, curvatura^ 
tabularum tribuitur vcl mcra rcdlimdo ab infuforio ad margincm , vcl 
merus circulus intcr utrumq^j marginem & intulbrium, vel tigura cx u- 

troqjmixta. . , , 

Illa via fcmpcrpaulo minus iufto conigcs, ifta promilcue vcl plu» 
iufto,veliuftum attingitur; hacfempcr luftuiu attingerctur , fi tam facilc: 
pcr hanc inccdcrctur , quam pcr illas. 

1. Priraa via dividitur Truncus quilibct in cylindrum rcgularcm, 
quafiftantemfuperbafi, orbc hgnco, & m circumieikumillircgmcntuni 
limbiCyhndraceiGonicum, quodTunicam apcllavimus. ErgoGylindrr 
corpus, pcrTh. I II partis primas, computatur,,du<aaa!tituaine dimidii 
dohi, in bafm orbis Hgnci (upra inventam : narti numcrus indc fadus, fum- 
mamcontmebit parvulprum Cubifcorum , qui funt in propofito cylindro, 
quorum quihbct unam virgas particulam divifionis a:quahs, longuslatus 
«Cprofundus fit. Trunci vcro, fcu dimidii doliiproportio ad Cyhndrunx 
fupcrbafi , orbchgnco, habcturpcr CoroUarmm ad Th.X V Ilpanispri- 
, dufta diametro orbis hgnei , & in fe , & in diamctrum fcu profundiia^ 
tcm ventris; dufta ctiam difFcrentiaharum diamcirorum in fui partcm ter- 
tiam : &numcro Cubifcorumin cyUndro prius invcnco , multiphcato m 
fummam fad^orum poftcriorum, fadtoqj divifo pcr quadratum diamctri 
orbis hgnci : prodit cnim iummaCubifcorum in doho. Eodcm vcro modo^ 
agendum ctiam cu m altcra doHi mcdietateXi fuerit diflimilisaut inajquahf. 

Quotautem huiufmodiCubifcorum faciantunam mcnfuram, noa 
alitcr dilccs , quam fi cx lamina ferrca vafculum oblonguDa,CyhndraceumL 
cxadc, ^^^^quahtcrrotundumftruxeris, cum fundooptime complanato, 
dcindc infufo hquorc unius mcnfuras in vas ficcum , virga tua mcnfus fuerix 
altitudincmquamfignavcrathquorafttcimmiflioncm virgae in vafculuraj 
menfus ctiamfucris amphtudmcracircuhinfummo,dcbetenim aequahs 
cfleimo. Namcxamphtudinedifccsarcamcircuh, modofupradido, qk 
hacaraltitudinc, corpusfeunumcrumCubifcorumin vna mcnfura: quo 
numcro fi diviteris numcrum Cubifcorum cuiuscunqj fohdi , habebi*in 
quoticntc numcrum talium menfurarum , quas capit locus fohdus, fcu do- 
lij fcuCupx, Atq) hxc cft prima mcthodus , qua dixi colJigi minus jufto» 
Ixcmplum habcs poft Th. XX II partis primac. 

Scdcontinuabimushicetiampriusinceptum. Ducigitur femisinzSj C 
bafinminorem , orbis fciUcet Hnti XZ, fict Cyiinder 3(^8^ f In hac v^ro propor«io- 
nediimetrori3»eftcyiinderadT uncum,ut56i 2idj^ii,Etg6Ci^6i fit}68;f. suid^zi? 
fequiiur 4Z98 » tot cubifcos valet dimidiumdoiium : totum c-go 9^96- Quod fi jo 
huiufaiodi cubifcorum implcrcnt unam mcnfur«m,<|iYifo per ^o,prodiret jzo 
fere,cgtra«nfura8G»pcrctdoUumtoiumi Q ILkl- 
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II. Altera methoiius quadolium ccnfidcratur, utCitr'um utrincj 
truncatum, quseqj frcqucntur juftum pronunciat, fed ^eque frequcnttr 
plusjufto; jamluprain Execrpload Tli.XXI I 6c XX Vp. prim^ prolixe 
& fcrupulolilfimcfuit tradiiatnecaliarepetitione eftopus, nifi ut moneam, 
dolium illic apcllari Citrium Truncatura , dolij ventrem illic etle circulum 
maximura pcr mcdium corpus Citrij; Orbcs vero ligncos illic appellan cir- 
culos Truncantcs. Deinde & hoc eft addendum > (i orbcslignci non tue- 
rint cTqualc^, opcrandum cffebis, femclper minorcmorbem , acfiuiciq; 
t^ntuScllct , itcrum pcr maiorem , ^cfi utcrqj maior; quodq; poftcriotcal* 
Culuidifferensprodetapriori,cius partedimidiabincdetra(tta vclmdcad-» 
jeflajuftum (utinpGrfcdaCitrij hguri CQnftitutumin ' - 

III. Quodiitibi fcrupulo(itates ift^ nondum (ufficiunt, eoquod 
curvaturii rabubrum nonferopcr habcat figuram C.Tcularcm exade,8L fi, 
utcftCcpmctricorumingenivirum natura, iioncx aliena contida, kd 
cx gcnuma'& propna cuiufq;dol'j ftguraluber argumentan & calcularc;' 
agc, ptiUs inquirito, qualisomninO hgura fu huiuscurviiansTabularumf 

Quasdam jgitur vifu fimphci d'gnofces, quibufdarn inclagandis 
Opus tibicritinftirumerito8«?dexrcritateraanuum,circi^q3hoc excri jtium, 
fubtihtatecutictifliirta ; quafdam deniq; & plerafqj quidcm, nulloingc- 
nipdifceirnesaperfedo^circulo, propter rudemtabularum coalfationenif^ 
impediraenta Circdlorutn hgneorum & viminum , inasqualcm tabularuai . 
crairitiem,6t ipfarumfigurarumaffinitateminterfe. - 

Quod li in oculos incurrat curvaturse tabularum in medio venrre 
diffimihtudoacurvaruraVcriusextremosmargines, doliura eritl runc us 
FufiHyperbohci ,& quo^ahguftiushspccurvaturaventrcmGircumftctcrir, 
hocmaior Hyperbok«;parsc:tt , hoc pTopriusetiam capacitasdohj adca-i 
gacitatem Tr un c i Con ici accedct; 

Rchquahcrcinftrumcntoexpedics, Capc regulamex ferrovelcrU 
clialco, quadraram, benc pohtam, longitudme dohj, non flexi^em fuo 
pondere ,uiillafint ft:hfcrrci gracdes & acuti utclavi, rrufatilcs perlongi- 
tudincm regul^e, ficut inquacunqi cius partc hjErcantfirni non vacillan- 
tcSjpolfiriCauiemCocblcisa rcgulacxtrudi rcduciqsadillam : fintnumc- 
ro j Qum n\iniu)um , quinq) i n: chu5 fi feptem ; quorum mcdium fufficit fi- 
xumadhxrcre Rcgulx mcdias, longirudinc, qusefupcrct cralfiricm om- 
piscircuhhgneiin doh;s, Statutoigitur ftilofixo in vna commiilurarum, 
quaduxtabulxcocuntinmedio dohj ventrc, rehquosftilostrufatiles, bi- 
nos & binos, vel fi adfunt , tcrnos , ordina vcrfus dol j margints , latcrvallo 
iUis induho modico & utrinq; scquali; cochlcisqvcxtrudc,ur omncs tanganc 
coromilTuram candcm, extimi sequalitcr a mcdio remoti, in mar- 
ginibu^» extremis; ca^tcri in pundii vicinis, infinuantes fc intcr binos 
circulos ligncos . qua datur eorum tantulum intervallum. Ita compre^ 
iicnfaftilorum extremiratibus qumavcl fcprcna figura? pun^la, cumRc- 
gula transfer inplanicicmtabulsebcnccomplanatXjfadisin eapun^listo- 
tidem' utfifiniinSchemate X VHI. punda cxrremaF, G, mcdiumC, 
inrweaa Q, S, &: refpondenria in parte altera. Et ne quis fcrupulu* 
fupcrfic^ muuta ctiam craffiticm tabularum, tam ia orificio infu- 
fiorio^quamin marginibus; ea quanta fuerit, tanto intcrvailo vcrfus 
iatcriDra,&centrumvcluii curvatur», facito punfta aha,dclctis prio- 

nbu«. 
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ribus, ucintciioiem curviwteiu dolij,quini5vel feptcnispunais inplano 
habeas propofitam. 

Primum igitur connc(ftcpundaF, G, pcrrcdam FGi dcindecum 
CG, CF ex proccllus dclcriptione fint acqualcs j ex C pcrpcndicularem duc 
in FG , tjux fit CO , continucturqj extrorlum aliquoulq;» Tcrcio pcr bina 
pun6tacxtima, ut F, S, & relpondeotiacx altero latcre, duc reaas,&: cDnti- 
nuaillas,u(qiinperpendicularcmCO contmuatam. Quod fireliquapua- 
da non fuermc incra complcxum harum linearuro invcnta omnia , vci lal- 
tem cxtcriora in hac ipfa lincaj aut fi dux hx hncx concurrerint alibi,quam 
inipfaperpendiculari CO continuata, utinYj tunc opcramlufifti, ccr- 
tumqihabes,vcldolij figuram, vclinftrumentum,vcl manus tuas,adhanc 
lubtilitatemeflcineptas. PolTamus autcmhisduabushncis, ctfi, accurate 
loqucndo, (ccant Hypcrbolcn, in pundis fingula: binis, utdoco cont ngen- 
tiura jutiqjindolijs, quxmihi vidcre contigic. QuarcpcrTh XXVII 
partiiprimae, diligenter mctirc,qu;sEfitproportioCO (dimidia^ dilFcrcn- 
ti« diamccrorum , ventris orbis lignei ) ad C Y, Sedo cnim angulo OGY 
inxqualia,fifecanstranfiveriC pcrpundumC\figura excirculocric, per- 
tincbitq; ad methodum (ccundam proprie. Sed quod maxiroefacit ad 
comparationemcumcxtcris,quasciturtuncfegmcntuGlobiFGC,dcindc 
pcr Th. X X Vp prim^ , fit ut GO ad OG , fic numcrus (cgmcnci globi,ai 
numerum, qai cxpri met dimidiu m corpus Citnj parvi : cuius proporcio ad 
Zonamcircacylindrum HFGEdocccurinExcmploadTh XXII, 

Siverofucrinc^qualesNC, CY, figuracftcxParabcla ; quarcpcr 
Th, XIII. Epif II. quxricur Parabolicum Conoidcsex cono arqucalcoi 
Nam areacirculi cuius diameccr FGjduda in partcm tcrtiam OC creat 
n<imccumcorporisConi,acConoidcseft {cfquialcerumConi:crgo€orpu& 
Conoidis habccur , duda area FG in fcmillcm CO. Tunc ex Conoidc qua;- 
ricurFufum parvum in Conoidcpcr Analogiam Th XXVlIparcisprima^s 
fcilicccucGOad YOjduplumipfiusCO; ficConoidcs invcncum adFufi 
cius corpusdimidium.Invencocorporc Fufi parvi,proGcffus rcliquus idcni 
cft,quicumTrunco Citrij : Zonacnimcircatufuro,habct partcsdua^ ake» 
racftFufum parvum ,jam invcntum, rchqua & maiorquidcm pars crra- 
tur , du(fta circumferentia circuli orbis lignci m figuram planam FGC , quas 
paraboladicitur; cuiusarcahabcturex hpiCIIadTh.l I du£lacnimpar- 
tcdimidia, id cfttribus fextis de CO, inrcdamFG,crcaturarea trianguli 
FCG > cuiusfefquitertia cum fitarcaParabolcs, crcatur igiturjdui^tisqua- 
luor fcxtis,hrceft bcircipfiusCO mrcdamFG. 

Quod fi fuerii CO maior quam C Y , figuracric cx Hypcrbola , pro- 
ximcqj acccdec dohum,ad conumduplicacum ;idq5tanto magis, quanto 
maior tueric CO quam CY. Ericq; Conoidis Hypcrbohci proporcio ad 
corpusdimidij Fufi infcripti, paulo minor, quaro GO ad OY> maior tamcn 
Guam GO ad OV, fi V centrum fit figurae» Hoc folum lucramur cx bac 
icrupuloficace circa Hypcrbolam ; de ca^ccro , Cum nondum dcterminata 
fitrcdaintCTOY&OV, quadransad proportioncmconvcnicntem j non 
ctiamanimum adiccihad:enu$ adquadraturam Hyperbolcs, cuiuscogni- 
lionc infupcr opus cflctjad Zona n Fuli HypctboUci cx artc compucan- 
daui. OpitulaminiApollonij, 
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RurruTnii CO minoT quidcro fueric, quam CY, n^aior tamcnad 
CY quamOGadGY (quod quis quadiligcntia dilccrnet f ) figura cncex 
EDipfi rcda;<:uius fcgmcncaad circuli fcgmcnta faftapcr redam axi pai aU 
klam,{cmpcr habentproportioncm cam,quambrcvioreiu$ diamcrcrad 
longiorem,pcr caqua? Archimcdcsadhibcraddcmonftrandum Epifagma 
IIIadTh. II, perqj dida a mc in commcntarijs de motu Marcis, quod 
addiiSumTh.IIprimaeparciscratctiamfupcnnduccndum* At cuml»nca 
proportionis fegmcnti Iphaproidis rcfti ad Prunum Elhpticum, mtcrC, 
Y.nondumficdctcrminata, ut & priusinhyp.rboIa, nullumhicingcnio- 
fis,&omnin6 Apollonrjs,cxitummonfl:rarc poffum ,quamqucm ipfi fibi 
follcrciflimi ingcnij acic, fupcrius Tb. XX VI provocaci, cxcidcrinc & 
paccfcccrinc : mcdiocribus ingcnijs nullu» hic t hcfaurus utilitatis aut com- 
pcndijlaict abfconditus. Idcmdcniq; tcncio , cum CO minorad CY fuc- 
rit,quamOGadGY; figura cnimcnt cxElhpfi tranfvcria, &Sph;Eroidi« 
IcgmcntiproporcioadOhvaramaiorcrit, quam GOad OC, fcdgenuina 
hncanondumcftnotarquodtanco minorismomcnciimpcdsmcniuiTj ccn- 
fcri dcbet.quancominusvcrifimjlccftjdoliaSphaeroidiftyquamJHyperbo- 
Icsauccirculi figuramimicari. 

V. Qua ratione quis artificiofe metiri 

pofsir^proportioncm partis vaeuata: ad refiduuna 
liquoris, ftracodolio, crcftisq^ ad pcrpcndiculumdia- 
mccris Vcncri$^& Orbmm ligncorum. 

Defideratahadenus, quantum ego fcio, dodrinas 

huius pars,'utiliscamen patribus familiasad argucDda& cavvndafurca : d 
tamcn Bacbus a Thccidis dicionc fuas opcs procul collocavcric, eiq^ uis ft- 
mbus incctdixcric:folcc cnim haec deafic tcgcrc fui vern^ malcficia,uc cuin 
partemiUefubduxcrit, ifta rcfundcndocorrumpat rcliquum. Coigncti 
ahorumcp.modus , qaaccrtus cft ,angufti cft ufus : ut vcro ad omnis gcncns 
doha extcnditur, fine crrorc & abfurdis, quod facilc faccbunturautho- 
rcSjCxerccrtnonpoteft. Incipiamus camcn ab illo ; Nimirum fi dohum 
fitfiguracyhndri,autinfcnfibilitcrab cadcflcftat, fupcrficiesplanahquo- 
ris, fccac orbcs hgncos, vcmrifq)amphtndinem,in bmafegrrcnta circuli; 
quare , per Th. XVII y p. primaj , fcgmcnta duo totius Cylindracci dohj,va« 
cuum & plcnum , funt in proportionc fegmcntorum planoruro in bafibus, 
Sed quiadolium cft compoffitum cx duobus veluti Truncis Conicis, 
qoorum reputatur altitudo tcchnica, quantum eft longitudinis intcr circu- 
Iumvcntris& oTbcmligncum: Truncusvcroquihbct conftat excylindra 
incdio,fupcrbafiTrunciminori,&circumjcd:a Tunica Cficcnimappello 
indoiiodimidiamventrisprotuberantiamfupramolemintimicyHndri : G 
coium dohum ciufq; genuinam figuram confidcres, tota vcntris protu-, 
bcrnantia,conftanscx<iuabus tahbusvcluti tunicis advcrfis, infupcriori- 
bus mihi dida fuit Zona animadvcrtc igitur, quod Tunic* vcl Zon^ 
huius margoprimumfubfidit^priufquamabintimo cylindro,qui cftinccr 
«orbcs ligncos , quid dctiac ; poftcaquam cyUndcr mcipic minui,lcmper upfi 

roi- 
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fninuitur ctiaiti Tunica: ad extremum cofo cylindro exhaufto, reftai m 
fxcibusadhucmargoTunicsevclZon^. Quisin hac irrcgujantare fpcrct 
abarte fubhdiumt . ; ; ' : 

Atquinon plusunico Theorcmatc nobisopus fucrit, utdc vacua- 
tione Dolij,cum hguraTrunci conici duphcati,dcmon(l:rati vam plane pr«- 
fcribamusMethodum. Didum cftlupraTh^XV I partis primse, non- 
dum cfle fadam a Geomctris dilquiruionem de (ohditate (egmentorum 
quorundam Coni: qua:inicr, funtctiam iftafcgmenta TruncorumConi- 
corum,{cu dolij , quxdeterminanturper planam fuperficicm hquoris de- 
flucntis^parallelam axi Truncorum conicorum, rettamad communcm 
bafem Truncorum , (eu circulum medium Vcntris. 

Dchisitaq; fegmentis Coni, lubet aliquadiffcrerc etiamhoc loco^ 
adprovocandosucometras-, utquihadenusnon (atagendumputatuntdc 
his fcgmcntis, ufu, quod fupra dicebam^ non cxigcntc^ ijjam tandem^ 
poftquammanifcftum vident ufumcorum,e bmno evigilencdcmonftra- 
tioncmq-,foliditatiscorumquaTant. Priojum itaqj confideravi, fif.-ricia. 
leconi lcgmcntum,quod titplanoadaxcm parallclo , eoqj Hyperbohco, 
proporrioncm ad Conum totum habcat, compolitam ex proportionc feg. 
mcnti iux bafis ad bafim Coni, & cx proportione fu« aftjtudinis ad Coni al- 
titudinem. Hiccopinio vero quidem e(l proxima, fed tamcn falfa. Nanx 
portio hx cft fco-menti Coni fcalcni humilions , fcilicet per vcrncem fedi, 
ad conum propofitum altiorcm; atqui tale fegmcntum Conifcalcni per 
vcrtrccm fcdi,cftminus fegmentoConi altioris, rupereadembafi ftanti» 
cxiteniminmucronem-,cum hoccxcatfurfumin <jdaivdam acicra latam 
Hyperbolicam : illud continctur fuperficie Coni minoris & plano triangu- 
krtibocportione fupcrficiciGonimaioris,&:plano Hypcrbolico. 

Secundb confidcravi , num fegmcntum Coni propoiitura,fit «qualc 
fcgmcntoconfimiUcylindricifcgracntijhabcnticandcm bafin&: altitudi- 
nem : dc quibus fegmcntis fccundis cgimus Th XV lU p. prioris ; quor- 
fum fpcclat ctiam t h. X X 1 1 cx partc : & an non tam Cyimdraccum quam 
Conicumfcgmentum,ftantiafupcrcodemfcgincntocircuh,&: tcrminata 
fcgmcntis planis,illudElliptico,hocHyperboiico,q.uodhbctarquc tpartem 
tcrtiam fcgmenti cyUndrici re£l:i,pcr planura axi patallclum fa(5ti,fuper baU 
cadcm. Scdncchocipfiflima vcritate »ititvic> utcunq; prope acccdat» 
Nam fi vcrum hoc cflct dc uno, non poflct cfte talfum de fcmicylindro, 
qucmdeterminatplanumpcraxcm, tranfiens ctiam per infcripti Coni a. 
xcm & vcrticcm. Nam divifo hoc femicylindro in partcs , fcroiconus 
codcmplanopcraxcmdctcrminatus,cft talium partium I, perTh.IV, 
pa.l2C:-it (cgmcatum cylindrici fegmcnti eft talium partiu j^opcr Th,XVll. 
Quodigitur imcreft corpukulum geroinatum , terminatum intus C oni* 
ca(upcrficic,foris plana& portiunculis Cylindraccx, cft partium tantum 
$. Etfi vcr6hicconuidimidiuseftprxcifctricnsfcmicylindri,tamcn hocin 
alijsfcgmentisnonobtmet,eoipfo,quodtuncConusnonampliusperVcr- 
Ciccm fccatur; fegmentum igitur Conipropofitum maiuscft tncntcfeg- 
racnticyhndrici redi ffqucalti; Sc videntur ifta fucceflive magis magisq^ 
fiena?qualia,viciflimq;corpufculaintcrpofita magismagisqjattcnuari,quo 
mmus titiegmcntum ipfum rcdum Cylindncum, cuius ifta funt partes. 
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Tcrtio igitur vidctur mqirirenda quadratura Hypcrbolcs , qua? feg» 
raGntumconidctcrrDinat, quainvcncafacilecft , cujlibcc Hypcrbolx' tri- 
ixngulun^fupcreaderabafialfignare, cuiusareafit a^qualisarca: HypctbO' 
ks. Nana proportio fcgmentorum Coni, ad Conumtoiuro^ vidccurcfie 
compofita cxproportione bafeonplanarum, proportione alcitudinum 
tnangulorum iftoruna , hypcrbolas a^quantium» Interim dum hanc pr^c- 
dam venatu referant Apollonij; nos fidem rcJiqui Theorcmacis ctiam non 
demonftrati, fecuti, id cltgemus quodad vcritatcm afpiratj &fegmcnca 
circulorumquae funtbafcs Conicoruro propofitorum, duccmus nonm 
^ilcitudineseorum, qua ratio minora jufto conftitucremus; fedm lincas 
longioref,icilicetnicontinuatashasalcicudines, ufqjadarcumcircuh,per 
Tcrtices conorum continuatorum,pcrq5 otificium doli j tradudi , ut fi in 
Schem.i Sch.XXI. circuIusmaximustraducereturperBC,&oppoficum verciccm 
^ clrra D,gc fit CL lag» tca, & LB finus arcus,dcterminantis noftras 1 ineas ; cui 
circulocxpeditpccuharcnomeneflcj dicacur Mctator. Manifcftum 
cnimeft ,calem arcum nontangere dolium in &,orbeligneo, acproindc 
ilticudinemOGtechnicamiegmcnti coniciCOG, continuaram mhunc 
arcum , forclongiorem , veluti fi OZ effet, Segmentum igitur CA ventris, 
cuius alcicudoCO, ducemusincriencemlinearumOZ,profoliditacc fcg* 
jncnciConici. Si quismctuir,oe OZnimis fitlonga, is cogitet fegmcnca 
nobis hic propofica non effc niere conica , fed bis maioracx Cicrio & Fufo^ 
Nafceturigitur proccftus iftc. Antcomnianotamcffeoportct ex 
faperioribus pra?ccptis , amphtudincm ventris CA , & diametrum orbis li- 
gnei G E,cum ditnidia diflfcrcncia CO,& pcr cranlvcrfalcm C£, ipfam eciani 
alcicudinemtechnicamTrunc4 0G- EftautcmCOad OG, utCL ad LB 
alticudincmConicontinuati. Jgicurfcientur arcaf circulorum CA&GE^ 
cx fuperioribus. m menfura una , quae arca: duccnd^ lunt rn fuarum alticu- 
dinum LB'&'KB parces tercias , &auferendus,conus GEB^ deficicns aCo 
noGABcontinuatOjUt rcftettruncusCA iXJ^innumerisaptisprxfentine- 
gocio.IamproinvcniendisliiieisQZ opuseftdiamcrroMctatoris; quadra- 
tumigituripfiml B,dividcperCL,&prodibitinquoticntc,rcfiduumdia- 
nietri. AddeigicurCJ-adhocrefiduum , compoficus crir diamccerMc- 
tatoris. Igiturfi propofita fit altitudo vacui CO,per cam inquircnda lunt, 
fegraentum cirouli vcntris,pcr ptxccptafuperiora, &linca ex O pcrpcnui- 
culariterperfuperficicmliquorisdcfiucnciscxicnsin mctatorem. Aufer 
jgiturGOadiamctro Mctatoris,ablatam multiplicain refiduum,fadiradix 
cftlineaqusefitai incuiuspirtem tertiam^ multiplicanda cftarea fegmenti 
circuli Ventris, pro folid.tate fegmcnti Conici. Quod fi altitudo vacui CO 
non fuperatdimidiam differentiamdiamecrorum CA , GE, fufliicithocla- 
borif, At fifupcrar, laborgeminacur. Scgmentuenim Coni tunccxcur- 
ric ulcra Truncum CGE,in Conum GB E dcficicncem: quarc pars eius defi- 
cieni inquirenda, & a (egmenco toto autercnda crit Aufer igitur di^midiam 
difterentiamdiamctrorijabalcitudineliquoriscumrcfiduo tanquamfinu 
vcrfo, quxratur areafegmenti orbislignei, quod extatfupra fuperficiem 
liquorisi nancifcaturauccm eandcm dimcnfioncm cum arei fcgmcnti pla- 
ri vcntris. Tuncquar eft proportio altitudinis liquorisad exccfium iuum 
lupradimidiamdiametrorumdjfFcrcntiam s ineadcro proporcioncadmcr 

lire 

I 
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LII A VSTRIACI. 

lire hnic minori fcgmento orbis lignei , portioncm de linea 07, cuiu? ler- 
iiam partemducin legmcntumlignci orbis, pro loliditifte partis dcConi- 
co fcgmcnto dcficientjs: quaablataa toto fegmcnto Conico , rclinquitur 
fegtiicntum Trunci inanitum. 

Deniq; fi tibi cognituj efl: numcrus mcnfurarum , quas capit doliu ni 
totum,eum roultiplica infegmcntum Trunci>vcl unavcJduabus opcra- 
iionibusinvcntum:faaumdividc pcrfohditaccmTrunci totius, prodibit 
in qucticntc numerus mcnfurarum,quae dcfluxcrunt. 

Cum autem & hic &: fuprafaepius ufuvcniat, uc quxrcnda finc 
fcgmenta c: rculorum, pcr finus vcrfos dimidiorum arcuum, qux rcs molc- 
fl:ias magnas creat ui hac te molcfl:ia cx parte h berarcm , tabeiiam hic con- 
feci quxfinguhs ccntefimis partibusfinus vcrfifeu fagittx,a iummo ver- 
fus centrum , aflignat quantitatem arca? fegmenti in ca proportionc , ut ar^ 
cuh ilhus totiu«arca valct partes i5TjO : ncc cnim aptior numerus mihi cxi - 
'vit, utenti facih dc cxpcdita viacomputationisi nec nunc vacat,huucnumc - 



o. 

2. 

4- 

6. 


o 


lO' 


20 


50 ■ 


4QJ 




o 


2.94 


818 


1478 


2257 


^072 


lO 

^7 
49 


4?4 


879 
941 
1004 


Jffo 
1^2^ 
1^97 


2^18 

2j99 
2 4.^1 


5M9 
524^ 

llil 


7^ 


4-8 4 

^89 


I1J4 

rio I 


177^ 
184; 
192> 


2f6^ 
2^45 

27 JO 


K12 

^(5oi 


7.1 175 
8-' 211 

9.\ ir- 


^44 
701 

7 )9 


iz6^ 
IA07 


2001 

2079, 
2If8 


28lf 

2900 

298f 


^^^91 
5782 

?^7.? 



^o 



^964 



4056 
4148 
4241 



4^4 
4428 
4^21 



^6i6 
4710 

^So^ 



70 



490C 



499<5 
f092 
f 188 



f2S4 

^478 



T'7^ 
^^75 
<770' 



<;c;6 6 
6o6<; 
616^ 



61,62. 
6^60 
64^9 



90 



6SS<^ 78^r 



Vfustabellasrfegmentifagittamfeu finum vcrfumjfcu quod cfliloco 
ci us ( vt in Vem re , alticudmem vacui , in orbe hgneo , ahitudinem cxtantis 
parti:;fuprahqaorem;duabus Cyphnsauduni,diYideperfemidiamctrun^ 
circuU , cuius cft fcgmcntum ; quod prodit > cuis dcnarios qua:rp in fronte, 
digitos mmarginc, &:areacomaiuHiscxhibcbitareamfegmcnti,qualiuni 
area totius ilhus circuh valcc K7)C > quae fi valcrecminus auc plus, redu(ftio- 
nc aliqua opus eirct ad communcm dimcnfioncm. 

txeiiipiurn ^ ui> s proccffus. Sit vciiter dolij GA altus 22, diameter orl>is li • 
gnci GE lo^dimidiicrgodJlfcrentiaCOfefv^isi: EcOG i ^ C Vc autemXTO fefqui 
adOG i/r.vel'jr j 3^27 j 1 adfp.ficCLii adLB^^, erg(SKBeft8jC Ponemusau- 
tem,are?m circuH C A va ! cre numcrum Tabel lae , fc. i J7 1 o. Erit crgo ut quadra tum 
4S4dcCA 22, adcjuadrirum ^61 dcGE ip^ficarcacircuUCA if7io,adareamcir- 
culiGE 11718. D ic I ^710 intrieatem de 99, prodic ^184^0, pro coiporc CBA: 
ducii7i8mtrie itPmdcS^ Cprodit j^^9^j^,procorporcGBE,quodaufera CBA, 
reftat 1844^7» proTrun:o CGEA. Tam pro diamerro metatoris: ipfius LB 99, (]ua- 
dratum 9801 , divide per CL 1 1, quocieas erit 891 } cuiadde 11, erit Metatoris dia,- 
meccr902. 

Sit primo altirudo vacuiminor quam CO, fc. i, Vt igitur pfifTis excerperc 
«iusfegmentumextabella, dic, CL ii fit ioo,quid i,p!odit9Cumundecimat hxc 
immiffa in taheilam,referc tegm«ntum Ventris z^6 ferc. Aufcr dcinde i a 902 dia- 
*nccrometacoris,i^ftat90i,ijuodducia fitpoi.cuiusradix 10-4-* Ducigiturcius 

tcr- 
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tmiatn ioinif^-prodirroliditasrcgnieiiti 2j(>o. Quia ergoaltitudo vacuinymor 
eft,quam CO: valct tota h«c folidiias.Et ut 1 844^7 ad numerum mcufurarum dol i j» 
fic i^f 5o adnumcrum menfurarum quac dcfluxer unr, Scd MOia , fi optrarcris pcr iim- 
pliccmfcgmcntialtitudinem,qua:c(ret II, tuncnonmuitopius tcrtia partchuius 
coliigeres , quod eft certo minus jufto. 

^ Sitfecund6aldtudovacui,maiorquamG05fc.^, Vtautem ii.ad ioo,fc^ 
idf4,cum(J undccimis, Ergoin tabeliaquafiti, ^oin frontcfic^ cnmappcndicc 
inmajginc,^xhibcntfegmcntum5468. Auferdeinde<^ a poz reftatgp^, qucdduc 
in 6t fit Si76 , cuius radix 74,minus fexta parte: duc huius tertiam partem in fegmcn- 
tum , prodit foliditas fcgmcnti Conici^ ^ed ultra truncum conicum excurren- 
tis , quia 6 fuperat CO. Ergo aufcr CO fefqui i rcftant 4^^^ cum hoc quxrcndum 
fegmentutnorbisiignci. Sifcmidiamctcrcius pf fit loo, tunc^f. fitif/ cum irien- 
teferc : cum quo ex tabcliaeruitur fcgmcntum 284^ qualium arca orbis lignei, quae 
ininor cftareaventris,habef 1^710. Ducigitur284J in 561 , qtiadratumdciPi fa- 
aum divide pcr 484,quadratum de zz, prodit 2 120 f E t quia fegmento toti,cuius 
Cf at numerus 6 , tribucbatur 74» eius parti, cuius eft numerus 4 f. tnbuendu eritpro 
altitudinc f f f. cuius ter tiam duc in 2 1 20 C fT?t jsrz 2 f. foliditas apicis , dc fegmento 
cxcurrcntisin conumdeficientcm. Aufcrhancafcgmento toto, rcftatfcgmentuin 
Trunciconici8i429f. vacuum. Rurfumigitur.ut 1844(^7 adnumcrummenfura.. 
rum totius dolij Jicgi^^P.ad numerum exhauftarum menfurarum.Si per fimplicem 
altitudincm fegmenti opcrareris , ea fuiftet non 74 Tcd 66 , (egment i foliditas 76^ 1 
deficicnris vero apicis ^40 , foliditas ergo fcgmenti'de Trunco 72672 , certo minor 
jufto. Nosigiturquod hic maiusinvcnimus,proveroimplc6ttmiir. 

Atcnimcxcipicnt Apollonij ,nc fictiuidcm.hacfoliditatcfcgmcn- 
torum conicerumconccfla, fatisfaaumdivcrfitatiindohjs; quippcfazc 
foliditas , 'cum cx unius forma: mccatore computctur, non plus quam uni 
figurxdoliorumquadrabit? Sciocquidcnr, quarcut&illislatisfaciam, 
^iX Th,X X X, partis primar, illos ablcgo; illie invcnicnt ( Apollonij inquam, 
^uxrcntc$,invcnicnt' undcfupplcant, quod fcicntifica: demonftrationi 
liuiusartificij adhuc dceft. 

Conclufiolibri. 

Conftitueram crrores aliorum, cum circa doliorum 

Intcgroruin , tum etiam circa partis vacuac dimcnfioncs , dc tcgcrc, /un- 
^lamcntaq^Elcnchorummonftrarcin Thcorcmatibushuiuslibri, Atcum 
iuna vcritas fufficiat vcl taccns , contra omncf crrorum ftrcpitus ; & jam an- 
tealihcr, vixdcccminitio Thcorcmatum, praetcropinioncm cxcrev^- 
rit: habcant igitur fibi (uos crrorci, ^uicunq; ijs dclc6tantur ; 
fruamurnosnoftris commodis; &utfrucndimatcria, 
falvis corporis animiq; bonis , afFatim 
fuppctat, prccabi- 
mur; 

Et ciim pocula millc menfl erimusV 
ConturbabimusiUa, iicfciamus. 
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